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Preface

Digital signal processing techniques have become the method of choice in signal process¬
ing as digital computers have increased in speed, convenience, and availability. As
microprocessors have become less expensive and more powerful, the number of DSP ap¬
plications which have become commonly available has exploded. Thus, some DSP
microprocessors can now be considered commodity products. Perhaps the most visible
high volume DSP applications are the so called “multimedia” applications in digital
audio, speech processing, digital video, and digital communications. In many cases, these
applications contain embedded digital signal processors where a host CPU works in a
loosely coupled way with one or more DSPs to control the signal flow or DSP algorithm
behavior at a real-time rate. Unfortunately, the development of signal processing algo¬
rithms for these specialized embedded DSPs is still difficult and often requires special¬
ized training in a particular assembly language for the target DSP.

The tools for developing new DSP algorithms are slowly improving as the need to
design new DSP applications more quickly becomes important. The C language is prov¬
ing itself to be a valuable programming tool for real-time computationally intensive soft¬
ware tasks. C has high-level language capabilities (such as structures, arrays, and func¬
tions) as well as low-level assembly language capabilities (such as bit manipulation,
direct hardware input/output, and macros) which makes C an ideal language for em¬
bedded DSP. Most of the manufacturers of digital signal processing devices (such as
Texas Instruments, AT&T, Motorola, and Analog Devices) provide C compilers, simula¬
tors, and emulators for their parts. These C compilers offer standard C language with ex¬
tensions for DSP to allow for very efficient code to be generated. For example, an inline
assembly language capability is usually provided in order to optimize the performance of
time critical parts of an application. Because the majority of the code is C, an application
can be transferred to another processor much more easily than an all assembly language
program.

This book is constructed in such a way that it will be most useful to the engineer
who is familiar with DSP and the C language, but who is not necessarily an expert in
both. All of the example programs in this book have been tested using standard C compil-
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viii Preface

ers in the UNIX and MS-DOS programming environments. In addition, the examples
have been compiled utilizing the real-time programing tools of specific real-time embed¬
ded DSP microprocessors (Analog Devices’ ADSP-21020 and ADSP-21062; Texas
Instrument’s TMS320C30 and TMS320C40; and AT&T’s DSP32C) and then tested with
real-time hardware using real world signals. All of the example programs presented in the
text are provided in source code form on the IBM PC floppy disk included with the book.

The text is divided into several sections. Chapters 1 and 2 cover the basic principles
of digital signal processing and C programming. Readers familiar with these topics may
wish to skip one or both chapters. Chapter 3 introduces the basic real-time DSP program¬
ming techniques and typical programming environments which are used with DSP micro¬
processors. Chapter 4 covers the basic real-time filtering techniques which are the corner¬
stone of one-dimensional real-time digital signal processing. Finally, several real-time
DSP applications are presented in Chapter 5, including speech compression, music signal
processing, radar signal processing, and adaptive signal processing techniques.

The floppy disk included with this text contains C language source code for all of
the DSP programs discussed in this book. The floppy disk has a high density format and
was written by MS-DOS. The appendix and the READ.ME files on the floppy disk pro¬
vide more information about how to compile and run the C programs. These programs
have been tested using Borland’s TURBO C (version 3 and greater) as well as Microsoft C
(versions 6 and greater) for the IBM PC. Real-time DSP platforms using the Analog
Devices ADSP-21020 and the ADSP-21062, the Texas Instruments TMS320C30, and the
AT&T DSP32C have been used extensively to test the real-time performance of the
algorithms.
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CHAPTER I

Digital Signal Processing
Fundamentals

Digital signal processing begins with a digital signal which appears to the computer as asequence of digital values. Figure 1.1 shows an example of a digital signal processing op¬eration or simple DSP system. There is an input sequence x{n), the operator Of } and an
A complete digital signal processing system may consisl of many

operations on the same sequence as well as operations on the result of operationsBecause digital sequences are processed, all operators in DSP are discrete time operators(as opposed to continuous time operators employed by analog systems). Discrete time op¬erators may be classified ^tjme-jmryingorjimg-invariant and linear or nonlinear. Mostof the operators described in this text will be time-invariant with the exception of adap¬tive filters which are discussed in Section 1.7. Linearity will be discussed in Section 1.2and several nonlinear operators will be introduced in Section 1.5.
OperatorsareappliedJo sequences in order to effect the following results:

(1) Extract-paramelersjar featuresfrom the sequence.
(2) Produce a similar sequence with particular features enhanced or eliminated.
(3) Restore the sequence to some earlier state.
(4) Encode or compress the sequence.

This chapter is divided into several sections. Section 1.1 deals with sequences ofnumbers: where and how they originate, their spectra, and their relation to continuoussignals. Section 1.2 describes the common characteristics of linear time-invariant opera¬tors which are the most often used in DSP. Section 1.3 discusses the class of operatorscalled digital filters. Section 1.4 introduces the discrete Fourier transform (DFTs and

1



2 Digital Signal Processing Fundamentals Chap. 1

Xn)
. . x(2), x(1), XO)

DPS Operation

V(n)
/1), XO)

FIGURE 1.1 DSP operation.

£
FFTs). Section 1.5 describes the properties of commonly used nonlinear operators. &
Section 1.6 covers basic probability theory and random processes and discusses their ap- I
plication to signal processing. Finally, Section 1.7 discusses the subject of adaptive digi¬
tal filters.

1.1 SEQUENCES

In order for the digital computer to manipulate a signal, the signal must have been sam¬
pled at some interval. Figure 1.2 shows an example of a continuous function of time
which has been sampled at intervals of T seconds. The resulting set of numbers is called a
sequence. If the continuous time function was x(t), then the samples would be x(nT) for n,
an integer extending over some finite range of values. It is common practice to normalize
the sample interval to 1 and drop it from the equations. The sequence then becomes x(n).
Care must be taken, however, when calculating power or energy from the sequences. The
sample interval, including units of time, must be reinserted at the appropriate points in the
power or energy calculations.

A sequence as a representation of a continuous time signal has the following impor¬
tant characteristics:

Sec. 1.1 Sequences 3

(1) The signal is sampled. It has finite value at only discrete points in time.
(2) The signal is truncated outside some finite length representing a finite time interval.
(3) The signal is quantized. It is limited to discrete steps in amplitude, where the step

size and, therefore, the accuracy (or signal fidelity) depends on how many steps are
available in the A/D converter and on the arithmetic precision (number of bits) of
the digital signal processor or computer.

In order to understand the nature of the results that DSP operators produce, these
characteristics must be taken into account. The effect of sampling will be considered in
Section 1.1.1. Truncation will be considered in the section on the discrete Fourier trans¬
form (Section 1.4) and quantization will be discussed in Section 1.7.4.

1.1.1 The Sampling Function

The sampling function is the key to traveling between the continuous time and discrete
time worlds. It is called by various names: the Dirac delta function, the sifting function,
the singularity function, and the sampling function among them. It has the following
properties:

Property 1. J /(t)6(t — T)dt = /(t). d-D

Property 2. J5(r- x)dt = 1. (1-2)

In the equations above, T can be any real number.
To see how this function can be thought of as the ideal sampling function, first con¬

sider the realizable sampling function, A(t), illustrated in Figure 1.3. Its pulse width is one
unit of time and its amplitude is one unit of amplitude. It clearly exhibits Property 2 of
the sampling function. When A(t) is multiplied by the function to be sampled, however,
the A(t) sampling function chooses not a single instant in time but a range from -'4 to
+’4- As a result, Property 1 of the sampling function is not met. Instead the following in¬
tegral would result:

J2/WA(r-t)df = £7/(O*. (1.3)

This can be thought of as a kind of smearing of the sampling process across a band which
is related to the pulse width of A(t). A better approximation to the sampling function
would be a function A(r) with a narrower pulse width. As the pulse width is narrowed,
however, the amplitude must be increased. In the limit, the ideal sampling function must
have infinitely narrow pulse width so that it samples at a single instant in time, and infi¬
nitely large amplitude so that the sampled signal still contains the same finite energy.

Figure 1.2 illustrates the sampling process at sample intervals of T. The resulting
time waveform can be written
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1.0

FIGURE 1.3 Realizable sampling function.

x5(t) = x(t)5(t-nT). (1.4)

The waveform that results from this process is impossible to visualize due to the infinite
amplitude and zero width of the ideal sampling function. It may be easier to picture a
somewhat less than ideal sampling function (one with very small width and very large
amplitude) multiplying the continuous time waveform.

It should be emphasized that xs(t) is a continuous time waveform made from the su¬
perposition of an infinite set of continuous time signals x(t)8(t - nT). It can also be writ¬
ten

^(0 = ^x(nTWt-nT) (1.5)
n=-oo

since the sampling function gives a nonzero multiplier only at the values t = nT. In this
last equation, the sequence x(nT) makes its appearance. This is the set of numbers or sam¬
ples on which almost all DSP is based.

1.1.2 Sampled Signal Spectra

Using Fourier transform theory, the frequency spectrum of the continuous time wave¬
form x(r) can be written

X(f)= ^x{t)e~j21lftdt (1.6) '

I£
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and the time waveform can be expressed in terms of its spectrum as

(1.7)

Since this is true for any continuous function of time, x(t), it is also true for xft).

X^D^Jt^^dt.
Replacing xs(t) by the sampling representation

(1.8)

£x(08(r-nr) e-^dt. (1-9)

The order of the summation and integration can be interchanged and Property 1 of the
sampling function applied to give

^(/)= £x(nT)e-». (1.10)
n——^>

This equation is the exact form of a Fourier series representation of X (f), a periodic
function of frequency having period 1/T. The coefficients of the Fourier series are x(nT)
and they can be calculated from the following integral:

x(nT)=T^X2{f)e^Tdf. (1.11)
-2T

The last two equations are a Fourier series pair which allow calculation of either the time
signal or frequency spectrum in terms of the opposite member of the pair. Notice that the
use of the problematic signal xff) is eliminated and the sequence x{nT) can be used instead.

1.1.3 Spectra of Continuous Time
and Discrete Time Signals

By evaluating Equation (1.7) at t = nT and setting the result equal to the right-hand side
of Equation (1.11) the following relationship between the two spectra is obtained:

Xljye^df = 7J2 Xs(f)e]2nfnTdf. (1.12)
-2T

The right-hand side of Equation (1.7) can be expressed as the infinite sum of a set of inte¬
grals with finite limits

©o 2m+l

x(nT)= ^T^XWe^df. (1.13)
00 2T
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By changing variables to A =/- mlT (substituting f = A + m/T and df= dA)

A^) = X + (1.14)
m=^ 2T 1

Moving the summation inside the integral, recognizing that (for all integers m and
n) is equal to 1, and equating everything inside the integral to the similar part of Equation
(1.11) give the following relation:

eo

X x(f+^- (1.15)

Equation (1.15) shows that the sampled time frequency spectrum is equal to an infinite
sum of shifted replicas of the continuous time frequency spectrum overlaid on each
other. The shift of the replicas is equal to the sample frequency, */r. It is interesting to ex¬
amine the conditions under which the two spectra are equal to each other, at least for
a limited range of frequencies. In the case where there are no spectral components of
frequency greater than <n the original continuous time waveform, the two spectra

IG(f)l

f
(a) Input spectrum

IG(f)l

i

d L__
fs fs
2

(b) Sampled spectrum

IGR(f)l

—Lj I ,
fs fs
2

(c) Reconstructured spectrum

FIGURE 1.4 Aliasing in the fre¬
quency domain. (a| Input spectrum,
(b) Sampled spectrum.
(c) Reconstructed spectrum.
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are equal over the frequency range f= iof- +^2T- Of course, the sampled time spec¬
trum will repeat this same set of amplitudes periodically for all frequencies, while the
continuous time spectrum is identically zero for all frequencies outside the specified
range.

The Nyquist sampling criterion is based on the derivation just presented and asserts
that a continuous time waveform, when sampled at a frequency greater than twice the
maximum frequency component in its spectrum, can be reconstructed completely from
the sampled waveform. Conversely, if a continuous time waveform is sampled at a
frequency lower than twice its maximum frequency component a phenomenon called
aliasing occurs. If a continuous time signal is reconstructed from an aliased representa¬
tion, distortions will be introduced into the result and the degree of distortion is depen¬
dent on the degree of aliasing. Figure 1.4 shows the spectra of sampled signals without
aliasing and with aliasing. Figure 1.5 shows the reconstructed waveforms of an aliased
signal.

{#)

(a) Input continuous time signal

g(t)

(b) Sampled signal

g&

FIGURE 1.5 Aliasing in the time
domain, (a) Input continuous time
signal, (b) Sampled signal.
(c) Reconstructed signal.(c) Reconstructed signal
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1.2 LINEAR TIME-INVARIANT OPERATORS

The most commonly used DSP operators are linear and time-invariant (or LTI). The lin¬
earity property is stated as follows:

Given x(n), a finite sequence, and C{ }, an operator in n-space, let

y(n) = C{x(n)}. (1.16)

If

x(n)= ax^n)+bx2(n) (117)

where a and b are constant with respect to n, then, if 0{ } is a linear operator

y(n) = aC{Xj(n)}+ iO{x2(n)}. (118)

The time-invariant property means that if

y(n) = C{x(n)}

then the shifted version gives the same response or

y(n-m)= G{x(n~m)}. (1.19)

Another way to state this property is that if x(n) is periodic with period N such that

x(n+ N)= x(n)

then if ©{ ) is a time-invariant operator in n space

0{x(n + TV)} = Ojc(«)}-

Next, the LTI properties of the operator 0{ } will be used to derive an expression and
method of calculation for 0{x(n)}. First, the impulse sequence can be used to represent
x(n) in a different manner,

This is because

(1.20)

«0(n-m) =
1,
0,

n= m
otherwise. (1.21)

The impulse sequence acts as a sampling or sifting function on the function x(m), using
the dummy variable m to sift through and find the single desired value x(n). Now this
somewhat devious representation ofx(n) is substituted into the operator Equation (1.16):

Sec. 1.2 Linear Time-Invariant Operators 9

y(n) = Oj ^x(m)u0(n-m) (1.22)

Recalling that 0{ } operates only on functions of n and using the linearity property

y(«)= y'ix(m)O{uo(n-m)].
m=-oo

(1.23)

Every operator has a set of outputs that are its response when an impulse sequence is ap¬plied to its input. The impulse response is represented by h(n) so that

h(n)=C{u0(n)}. (1.24)

This impulse response is a sequence that has special significance for 0{ }, since it is thesequence that occurs at the output of the block labeled C{ } in Figure 1.1 when an im¬pulse sequence is applied at the input. By time invariance it must be true that

h(n-m)= C{u0(n-m)} (1.25)

so that

y(n)= ^x(m)h(n-m). (1.26)

Equation (1.26) states that y(n) is equal to the convolution of x(n) with the impulse re¬sponse h(n). By substituting m = n -p into Equation (1.26) an equivalent form is derived

X”) = ^h(p)x(n- p). (1.27)

It must be remembered that m and p are dummy variables and are used for purposes ofthe summation only. From the equations just derived it is clear that the impulse response
completely characterizes the operator 0{ } and can be used to label the block representingthe operator as in Figure 1.6.

h(n)
FIGURE 1.6 Impulse response repre¬
sentation of an operator.
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1.2.1 Causality

In the mathematical descriptions of sequences and operators thus far, it was assumed that
the impulse responses of operators may include values that occur before any applied
input stimulus. This is the most general form of the equations and has been suitable for
the development of the theory to this point. However, it is clear that no physical system
can produce an output in response to an input that has not yet been applied. Since DSP
operators and sequences have their basis in physical systems, it is more useful to consider
that subset of operators and sequences that can exist in the real world.

The first step in representing realizable sequences is to acknowledge that any se¬
quence must have started at some time. Thus, it is assumed that any element of a se¬
quence in a realizable system whose time index is less than zero has a value of zero.
Sequences which start at times later than this can still be represented, since an arbitrary
number of their beginning values can also be zero. However, the earliest true value of any
sequence must be at a value of n that is greater than or equal to zero. This attribute of se¬
quences and operators is called causality, since it allows all attributes of the sequence to
be caused by some physical phenomenon. Clearly, a sequence that has already existed for
infinite time lacks a cause, as the term is generally defined.

Thus, the convolution relation for causal operators becomes:

y(n) = y,him) x(n -m). (1.28)
m—0

This form follows naturally since the impulse response is a sequence and can have no
values for m less than zero.

1.2.2 Difference Equations

All discrete time, linear, causal, time-invariant operators can be described in theory by
the Mh order difference equation

N-l N-l

'^lamyin-m)='^lbpx(n-p) (1.29)
m-Q p=0

where x(n) is the stimulus for the operator and y(n) is the results or output of the operator.
The equation remains completely general if all coefficients are normalized by the value
of a0 giving

N-l N-l

y(n)+ ^amy(n-m)='^bpx(n- p) (1.30)
m=l p=0

and the equivalent form

AT—1 N-l
y(n) = ^^x(n-p)-^amy(n-»i) (1.31)

p=0 m=l

Sec. 1.2 Linear Time-Invariant Operators 11

or

y(n) = box(n)+ btx(n-1) + b2x(n — 2)...

+ bN_{ x(n- N +1)-a^n-1)-a2y(n-2) (1.32)

-...-a^ytn-N + l).

To represent an operator properly may require a very high value of N, and for some com¬
plex operators N may have to be infinite. In practice, the value of N is kept within limits
manageable by a computer; there are often approximations made of a particular operator
to make N an acceptable size.

In Equations (1.30) and (1.31) the terms y(n - m) and x(n - p) are shifted or de¬
layed versions of the functions y{n) and x(n), respectively. For instance, Figure 1.7 shows
a sequence x(n) and x(n - 3), which is the same sequence delayed by three sample peri¬
ods. Using this delaying property and Equation (1.32), a structure or flow graph can be
constructed for the general form of a discrete time LTI operator. This structure is shown
in Figure 1.8. Each of the boxes is a delay element with unity gain. The coefficients are
shown next to the legs of the flow graph to which they apply. The circles enclosing the
summation symbol (X) are adder elements.

1.2.3 The z-Transform Description of Linear Operators

There is a linear transform—called the z-transform—which is as useful to discrete time
analysis as the Laplace transform is to continuous time analysis. Its definition is

£{*(«) } = ^x(n)z~" (133)
n=0

where the symbol £{ } stands for “z-transform of,” and the z in the equation is a complex
number. One of the most important properties of the z-transform is its relationship to time

x(n)
< >

< >

1 1 n
0 1 2 3 4 5

x(n-3) °
< >

1 1 1 1 1
012345678

FIGURE 1.7 Shifting of a sequence.



FIGURE 1.8 Flow graph structure of linear operators.

delay in sequences. To show this property take a sequence, x(n), with a z-transform asfollows:

^{x(n)}= X(z) = ^x(n)z-".
n=0

A shifted version of this sequence has a z-transform:

£W"~ p)} = X x(n-p)z“".
n=0

By letting m = n- p substitution gives:

m=0

(1-34)

(1-35)

(1.36)
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= z-^x(m)z-m.
m=0

(1-37)

But comparing the summation in this last equation to Equation (1.33) for the z-transform
of x(n), it can be seen that

^{x(n-p)}= z pZMn)}= z~pX(z). (1.38)

This property of the z-transform can be applied to the general equation for LTI operators
as follows:

X«) + ^apy(n-p)
p=i

= z~p Z ^b^n-q)
q=0

(1.39)

Since the z-transform is a linear transform, it possesses the distributive and associative
properties. Equation (1.39) can be simplified as follows:

SM")}+ X apZ{y(n- p) ) = ybgZ{x(n- p) ). (1.40)
p=i ?=o

Using the shift property of the z-transform (Equation (1.38))

Y(z)+ ^apz~pY{z)= ^bqz~qX(z) (1.41)
p=i ?=o

Y(z) 1+Xafz p

p=i
= X(z) ^b^9 .

?=0
(1.42)

Finally, Equation (1.42) can be rearranged to give the transfer function in the z-transform
domain:

H(z)= YQ
i +^aPz P

p=t

(1.43)

Using Equation (1.41), Figure 1.8 can be redrawn in the z-transform domain and this
structure is shown in Figure 1.9. The flow graphs are identical if it is understood that a
multiplication by z-1 in the transform domain is equivalent to a delay of one sampling
time interval in the time domain.
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FIGURE 1.9 Flow graph structure for the z-transform of an operator.

1.2.4 Frequency Domain Transfer Function of an Operator

Taking the Fourier transform of both sides of Equation (1.28) (which describes any LTI
causal operator) results in the following:

m=0

Using one of the properties of the Fourier transform

?{x(n-m)}= e-i2^F{x(n)}.
From Equation (1.45) it follows that

(1-44)

(1.45)

(1.46)
m=0
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or dividing both sides by X(f)

(1.47)

which is easily recognized as the Fourier transform of the series h(m). Rewriting this equation

(1.48)

Recall the Fourier transform pair

(1.49)

and

(1.50)

Linear Time Invariant

x(n)

Linear Time Invariant

W)W) ^Y(f)

FIGURE 1.10 Time domain block dia¬
gram of LTI system.

1.2.5 Frequency Response
from the z-Transform Description

Figure 1.10 shows the time domain block diagram of Equation (1.48) and Figure 1.11
shows the Fourier transform (or frequency domain) block diagram and equation. The fre¬
quency domain description of a linear operator is often used to describe the operator.
Most often it is shown as an amplitude and a phase angle plot as a function of the variable
f (sometimes normalized with respect to the sampling rate, 1/7).

y(n) = X h(m) xfn- m)
m = Q

X(f)
m—U

Xs(f)= ^x(nT)e~j2nfi,T
n=:—oo

Y(f) = H(f) X(f)
FIGURE 1.11 Frequency block dia¬
gram of LTI system.
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In order to simplify the notation, the value of T, the period of the sampling waveform, is
normalized to be equal to one.

Now compare Equation (1.49) to the equation for the z-transform of x(n) as fol¬
lows:

X(z) = ^x(n)z“". (1.51)
n=0

Equations (1.49) and (1.51) are equal for sequences x(n) which are causal (i.e., x(n) = 0
for all n < 0) if z is set as follows:

z =ei2^. (1.52)
A plot of the locus of values for z in the complex plane described by Equation (1.52) is
shown in Figure 1.12. The plot is a circle of unit radius. Thus, the z-transform of a causal
sequence, x(n), when evaluated on the unit circle in the complex plane, is equivalent to
the frequency domain representation of the sequence. This is one of the properties of the
z-transform which make it very useful for discrete signal analysis.

Sec. 1.3 Digital Filters 17

Summarizing the last few paragraphs, the impulse response of an operator is simplya sequence, h(m), and the Fourier transform of this sequence is the frequency response ofthe operator. The z-transform of the sequence h(m), called H(z), can be evaluated on theumt circle to yield the frequency domain representation of the sequence. This can be writ¬ten as follows:

(1.53)

1.3 DIGITAL FILTERS

The linear operators that have been presented and analyzed in the previous sections canbe thought of as digital filters. The concept of filtering is an analogy between the actionof a physical strainer or sifter and the action of a linear operator on sequences when the
operator is viewed in the frequency domain. Such a filter might allow certain frequency
components of the input to pass unchanged to the output while blocking other compo¬
nents. Naturally, any such action will have its corresponding result in the time domain.This view of linear operators opens a wide area of theoretical analysis and provides in-creased understanding of the action of digital systems.

There are two broad classes of digital filters. Recall the difference equation for ageneral operator:

2-1 P-i
y('l)='£b,lx(n-q)-'£apy(n-p). (1.54)

«=0 p=l

Notice that the infinite sums have been replaced with finite sums. This is necessary inorder that the filters can be physically realizable.
The first class of digital filters have ap equal to 0 for all p. The common name forfilters of this type is finite impulse response (FIR) filters, since their response to an im¬pulse dies away in a finite number of samples. These filters are also called moving aver¬age (or MA) filters, since the output is simply a weighted average of the input values.

2-1
yW =^bqx(n-q). (1.55)

q=t>

There is a window of these weights (b^ that takes exactly the Q most recent values ofx(n) and combines them to produce the output.
The second class of digital filters are infinite impulse response (HR) filters. Thisclass includes both autoregressive (AR) filters and the most general form, autoregressive

moving average (ARMA) filters. In the AR case all bq for q= 1 to Q-1 are set to 0.
p-i

y(n)= x(n)-^apy(n-p) (1.56)
p=1
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For ARMA filters, the more general Equation (1.54) applies. In either type of HR filter, a
single-impulse response at the input can continue to provide output of infinite duration
with a given set of coefficients. Stability can be a problem for IIR filters, since with
poorly chosen coefficients, the output can grow without bound for some inputs.

1.3.1 Finite Impulse Response (FIR) Filters

Restating the general equation for FIR filters

e-i
y(n) = ^^x(n-^). (1-57)

«=o
Comparing this equation with the convolution relation for linear operators

X«)='£h(m)x(n-m),
m~0

one can see that the coefficients in an FIR filter are identical to the elements in the im¬
pulse response sequence if this impulse response is finite in length.

bq=h(q) for9 = 0,1,2,3,...,2-1.

This means that if one is given the impulse response sequence for a linear operator with a
finite impulse response one can immediately write down the FIR filter coefficients.
However, as was mentioned at the start of this section, filter theory looks at linear opera¬
tors primarily from the frequency domain point of view. Therefore, one is most often
given the desired frequency domain response and asked to determine the FIR filter coeffi¬
cients.

There are a number of methods for determining the coefficients for FIR filters
given the frequency domain response. The two most popular FIR filter design methods
are listed and described briefly below.

1. Use of the DFT on the sampled frequency response. In this method the required
frequency response of the filter is sampled at a frequency interval of 1/T where T is the
time between samples in the DSP system. The inverse discrete Fourier transform (see
section 1.4) is then applied to this sampled response to produce the impulse response of
the filter. Best results are usually achieved if a smoothing window is applied to the fre¬
quency response before the inverse DFT is performed. A simple method to obtain FIR fil¬
ter coefficients based on the Kaiser window is described in section 4.1.2 in chapter 4.

2. Optimal mini-max approximation using linear programming techniques. There is
a well-known program written by Parks and McClellan (1973) that uses the REMEZ ex¬
change algorithm to produce an optimal set of FIR filter coefficients, given the required
frequency response of the filter. The Parks-McClellan program is available on the IEEE
digital signal processing tape or as part of many of the filter design packages available for
personal computers. The program is also printed in several DSP texts (see Elliot 1987 or
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Rabiner and Gold 1975). The program REMEZ.C is a C language implementation of the
Parks-McClellan program and is included on the enclosed disk. An example of a filter de¬
signed using the REMEZ program is shown at the end of section 4.1.2 in chapter 4.

The design of digital filters will not be considered in detail here. Interested readers
may wish to consult references listed at the end of this chapter giving complete descrip¬
tions of all the popular techniques.

The frequency response of FIR filters can be investigated by using the transfer
function developed for a general linear operator:

e-i

i+ Z^pZ
P=1

Notice that the sums have been made finite to make the filter realizable. Since for FIR fil¬
ters the apare all equal to 0, the equation becomes:

(k59)

The Fourier transform or frequency response of the transfer function is obtained by let¬
ting z =e^,which gives

e-i
H(f)= H(z) (1.60)

?=o

This is a polynomial in powers of z-1 or a sum of products of the form

H(z)= b0 + bxz~x +b2z~2 +b2z~3 +...+bB_lz~(e~I).
There is an important class of FIR filters for which this polynomial can be factored into a
product of sums from

M-l N-l

=fl(Z 2 + + P">11(Z’’ + Yn )' <1 6D

This expression for the transfer function makes explicit the values of the variable z-1 which
cause H(z) to become zero. These points are simply the roots of the quadratic equation

0 = z~2 +amz-1 +pm,

which in general provides complex conjugate zero pairs, and the values yn which provide
single zeros.
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In many communication and image processing applications it is essential to haveIilters whose transfer functions exhibit a phase characteristic that changes linearly with achange in frequency. This characteristic is important because it is the phase transfer rela¬tionship that gives minimum distortion to a signal passing through the filter. A very use¬ful feature of FIR filters is that for a simple relationship of the coefficients, b , the result¬
ing filter is guaranteed to have a linear phase response. The derivation of the relationshipwhich provides a linear phase filter follows.

A linear phase relationship to frequency means that

where a and p are constants. If the transfer function of a filter can be separated into a realfunction of f multiplied by a phase factor « then this transfer function will exhibitlinear phase.

Taking the FIR filter transfer function:

H(z)= b0+blz~l +b2z~2 +b3z~3 +...+ bQ_lz~(Q-')
and replacing z by to give the frequency response

H(J)= b0+ +b^-^2^ + ...+bg^e-^^f .
Factoring out the factor ^(2-11/72 and letting _

1)/2

W(/) = e~J2^lb0eJ'2^ +b^2”^ +b^^f
+...+ bQ_2e^~^ +bQle-J2^

Combining the coefficients with complex conjugate phases and placing them together inbrackets

= e-’2^{[bne^
+[V2"(IHV + bQ_2e-j2^-^]
+ [b2eJ'2^~2^ + be_3e-^-2^]
+...}

If each pair of coefficients inside the brackets is set equal as follows:

bo = ^g-i
b\ = bg_2
bi =bQ_3, etc.

Each term in brackets becomes a cosine function and the linear phase relationship isachieved. This is a common characteristic of FIR filter coefficients.
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1.3.2 Infinite Impulse Response (UR) Filters

Repeating the general equation for IIR filters

e-i p-i

y(n) = ybqx(n-q) apy(n- p).
7=0 p=l

The z-transform of the transfer function of an IIR filter is

H{z)= Y(z)
X(z)

e-i

Xv*
7=0
P-1

P=1
No simple relationship exists between the coefficients of the IIR filter and the im¬

pulse response sequence such as that which exists in the FIR case. Also, obtaining linearphase IIR filters is not a straightforward coefficient relationship as is the case for FIR fil¬ters. However, IIR filters have an important advantage over FIR structures: In general,IIR filters require fewer coefficients to approximate a given filter frequency response
than do FIR filters. This means that results can be computed faster on a general purpose
computer or with less hardware in a special purpose design. In other words, HR filters are
computationally efficient. The disadvantage of the recursive realization is that IIR filtersare much more difficult to design and implement. Stability, roundoff noise, and some¬times phase nonlinearity must be considered carefully in all but the most trivial IIR filterdesigns.

The direct form IIR filter realization shown in Figure 1.9, though simple in appear¬ance, can have severe response sensitivity problems because of coefficient quantization,
especially as the order of the filter increases. To reduce these effects, the transfer functionis usually decomposed into second order sections and then realized as cascade sections.The C language implementation given in section 4.1.3 uses single precision floating-point
numbers in order to avoid coefficient quantization effects associated with fixed-point im¬plementations that can cause instability and significant changes in the transfer function.

IIR digital filters can be designed in many ways, but by far the most common IIRdesign method is the bilinear transform. This method relies on the existence of a knowns-domain transfer function (or Laplace transform) of the filter to be designed. Thes-domain filter coefficients are transformed into equivalent z-domain coefficients for use
in an IIR digital filter. This might seem like a problem, since s-domain transfer functionsare just as hard to determine as z-domain transfer functions. Fortunately, Laplace trans¬form methods and s-domain transfer functions were developed many years ago for de¬signing analog filters as well as for modeling mechanical and even biological systems.
Thus, many tables of s-domain filter coefficients are available for almost any type of fil¬ter function (see the references for a few examples). Also, computer programs are avail¬able to generate coefficients for many of the common filter types (see the books by Jong,
Anoutino, Steams (1993), Embree (1991), or one of the many filter design packages
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available for personal computers). Because of the vast array of available filter tables, the
large number of filter types, and because the design and selection of a filter requires care¬
ful examination of all the requirements (passband ripple, stopband attenuation as well as
phase response in some cases), the subject of s-domain HR filter design will not be cov¬
ered in this book. However, several HR filter designs with exact z-domain coefficients
are given in the examples in section 4.1 and on the enclosed disk.

1.3.3 Examples of Filter Responses

As an example of the frequency response of an FIR filter with very simple coefficients,
take the following moving average difference equation:

y(n) = 0.11x(n) + 0.22 x(n-1) + 0.34 x(n-2)
+ 0.22 x(n-3) + 0.11 x(n-4).

One would suspect that this filter would be a lowpass type by inspection of the coefficients,
since a constant (DC) value at the input will produce that same value at the output. Also,
since all coefficients are positive, it will tend to average adjacent values of the signal.

FIGURE 1.13 FIR low pass response.
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The response of this FIR filter is shown in Figure 1.13. It is indeed lowpass and the
nulls in the stop band are characteristic of discrete time filters in general.

As an example of the simplest IIR filter, take the following difference equation:

y(n) = x(n) + y(n — 1).

Some contemplation of this filter’s response to some simple inputs (like constant values,
0, 1, and so on) will lead to the conclusion that it is an integrator. For zero input, the out¬
put holds at a constant value forever. For any constant positive input greater than zero,
the output grows linearly with time. For any constant negative input, the output decreases
linearly with time. The frequency response of this filter is shown in Figure 1.14.

1.3.4 Filter Specifications

As mentioned previously, filters are generally specified by their performance in the fre¬
quency domain, both amplitude and phase response as a function of frequency. Fig¬
ure 1.15 shows a lowpass filter magnitude response characteristic. The filter gain has

FIGURE 1.14 IIR integrator response.
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been normalized to be roughly 1.0 at low frequencies and the sampling rate is normalized
to unity. The figure illustrates the most important terms associated with filter specifica¬
tions.

The region where the filter allows the input signal to pass to the output with little or
no attenuation is called the passband. In a lowpass filter, the passband extends from fre¬
quency f = 0 to the start of the transition band, marked as frequency fpass in Figure 1.15.
The transition band is that region where the filter smoothly changes from passing the sig¬
nal to stopping the signal. The end of the transition band occurs at the stopband fre¬
quency, fstop. The stopband is the range of frequencies over which the filter is specified to
attenuate the signal by a given factor. Typically, a filter will be specified by the following
parameters:

(1) Passband ripple—28 in the figure.
(2) Stopband attenuation—1/X.
(3) Transition start and stop frequencies— fpass andfstop.
(4) Cutoff frequency— fpass. The frequency at which the filter gain is some given fac¬

tor lower than the nominal passband gain. This may be -1 dB, -3 dB or other gain
value close to the passband gain.

Computer programs that calculate filter coefficients from frequency domain magni¬
tude response parameters use the above list or some variation as the program input.

Frequency

FIGURE 1.15 Magnitude response of normalized lowpass filter.
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1.4 DISCRETE FOURIER TRANSFORMS
So far, the Fourier transform has been used several times to develop the characteristics ofsequences and linear operators. The Fourier transform of a causal sequence is:

T M«)} = X(f) = y (1.62)
n=0

where the sample time period has been normalized to 1 (T = 1). If the sequence is of lim-ited duration (as must be true to be of use in a computer) then
N-l

(1.63)
n=0

where the sampled time domain waveform is N samples long. The inverse Fourier trans-form is _
, fl/2T {X(f)] = x(n)= j ^X(f)e-j2^ndf (1.64)

smce X(f) is periodic with period 1/T= 1, the integral can be taken over any full periodTherefore,

x(n)=^X(f)e-^df. (1.65)

1.4.1 Form

These representations for the Fourier transform are accurate but they have a major drawbackfor digital applications—the frequency variable is continuous, not discrete. To overcome thisproblem, both the time and frequency representations of the signal must be approximated.To create a discrete Fourier transform (DFT) a sampled version of the frequencywaveform is used. This sampling in the frequency domain is equivalent to convolution inthe time domain with the following time waveform:

M') = ^8(t-rT).
This creates duplicates of the sampled time domain waveform that repeats with period T.This TTs equal to the T used above in the time domain sequence. Next, by using the samenumber of samples in one period of the repeating frequency domain waveform as in one pe¬riod of the time domain waveform, a DFT pair is obtained that is a good approximation tothe continuous variable Fourier transform pair. The forward discrete Fourier transform is

2V-1

X(k)^x{n)e-^IN (i.66)
n=0
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and the inverse discrete Fourier transform is

, . 1 -/2n*n/v (1-67)

” i=0

For a complete development of the DFT by both graphical and theoretical means, see the
text by Brigham (chapter 6).

1.4.2 Properties

This section describes some of the properties of the DFT. The corresponding paragraph
numbers in the book The Fast Fourier Transform by Brigham (1974) are indicated. Due to
the sampling theorem it is clear that no frequency higher than can be represented by
X(k). However, the values of k extend to N-\, which corresponds to a frequency nearly
equal to the sampling frequency Vr. This means that for a real sequence, the values of k
from NI2 to //-1 are aliased and, in fact, the amplitudes of these values of X(k) are

|X(k)|=|X(N -k) |, fork = N/2 to AT —1. (1-68)

This corresponds to Properties 8-11 and 8-14 in Brigham.
The DFT is a linear transform as is the z-transform so that the following relation¬

ships hold:

If

x(n)= a a(n)+ p b{n),

where a and P are constants, then

X(k) = aA(k) + PB(k),

where A(k) and B(k) are the DFTs of the time functions a(n) and bin), respectively. This
corresponds to Property 8-1 in Brigham.

The DFT also displays a similar attribute under time shifting as the z-transform. If
X(k) is the DFT of x(n) then

DFT{x(n- p)} =^ x(n- p)e~j2MN
n=Q

Now define a new variable m= r - p so that n = m+p. This gives

m=N-l-p

DFT{x(n- p)} = y,x(m)e~^N e~iMplN ,
m=-p

which is equivalent to the following:

DFT{x(n- p)}= e~j2*kplN X(k'). (1.69)
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This corresponds to Property 8-5 in Brigham. Remember that for the DFT it is assumed
that the sequence x(m) goes on forever repeating its values based on the period n = 0 to
N- 1. So the meaning of the negative time arguments is simply that

x(-p)= x(N - p), for p = 0 to N -1.

1.4.3 Power Spectrum

The DFT is often used as an analysis tool for determining the spectra of input sequences.
Most often the amplitude of a particular frequency component in the input signal is de¬
sired. The DFT can be broken into amplitude and phase components as follows:

x(B= xreal(/)+;xiraag(/)

X(f)=\X(f)\e^f)
where |X(/)l = ^+^2mag
andO(/)= tan 1

v

(1.70)

(1.71)

The power spectrum of the signal can be determined using the signal spectrum times its
conjugate as follows:

X(k)X*(k) =|X(k)|2= X2eal + X2^. (1.72)

There are some problems with using the DFT as a spectrum analysis tool, however. The
problem of interest here concerns the assumption made in deriving the DFT that the se¬
quence was a single period of a periodically repeating waveform. For almost all se¬
quences there will be a discontinuity in the time waveform at the boundaries between
these pseudo periods. This discontinuity will result in very high-frequency components in
the resulting waveform. Since these components can be much higher than the sampling
theorem limit of l/2r (°r half the sampling frequency) they may be aliased into the middle
of the spectrum developed by the DFT.

The technique used to overcome this difficulty is called windowing. The problem to
be overcome is the possible discontinuity at the edges of each period of the waveform.
Since for a general purpose DFT algorithm there is no way to know the degree of discon¬
tinuity at the boundaries, the windowing technique simply reduces the sequence ampli¬
tude at the boundaries. It does this in a gradual and smooth manner so that no new dis¬
continuities are produced, and the result is a substantial reduction in the aliased frequency
components. This improvement does not come without a cost. Because the window is
modifying the sequence before a DFT is performed, some reduction in the fidelity of the
spectral representation must be expected. The result is somewhat reduced resolution of
closely spaced frequency components. The best windows achieve the maximum reduc¬
tion of spurious (or aliased) signals with the minimum degradation of spectral resolution.

There are a variety of windows, but they all work essentially the same way:
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Attenuate the sequence elements near the boundaries (near n = 0 and n= N-1) and com¬
pensate by increasing the values that are far away from the boundaries. Each window has
its own individual transition from the center region to the outer elements. For a compari-
son of window performance see the references listed at the end of this chapter. (For ex¬
ample, see Harris (1983)).

1.4.4 Averaged Periodograms

Because signals are always associated with noise—either due to some physical attribute of
the signal generator or external noise picked up by the signal source—the DFT of a single
sequence from a continuous time process is often not a good indication of the true spec¬
trum of the signal. The solution to this dilemma is to take multiple DFTs from successive
sequences from the same signal source and take the time average of the power spectrum.
If a new DFT is taken each NT seconds and successive DFTs are labeled with superscripts:

M-l
Power Spectrum = ^[x^)2 + ( X^ )2 ]. (1.73)

i=0

Clearly, the spectrum of the signal cannot be allowed to change significantly during the
interval t = 0 to t = M (NT).

1.4.5 The Fast Fourier Transform (FFT)

The fast Fourier transform (or FFT ) is a very efficient algorithm for computing the DFT
of a sequence. It takes advantage of the fact that many computations are repeated in the
DFT due to the periodic nature of the discrete Fourier kernel: e~j2nh,,N. The form of the
DFT is

N-l

X(k)^x(n)e-i2MN . (1.74)
n=0

By letting Equation (1.74) becomes

iV-l

X(k) = J\(n)lT*. (1.75)

Now, V^N + 9NX.k + rN)
_

Wnk for au r jntegers due to the periodicity of the
Fourier kernel.

Next break the DFT into two parts as follows:

W/2-1 Ntl-l
X(k)= £*(2«)!^ + ^x(2n+ l)W^n+l’k, (1.76)

n=0 n=0

where the subscript N on the Fourier kernel represents the size of the sequence.
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By representing the even elements of the sequence x(n) by xev and the odd elementshy xod’ ^he equation can be rewritten

W2-1 M2-1
X(k)= ^x„(n)W^ + ^x^nyW^. (1.77)

n=o „=0

Now there are two expressions in the form of DFTs so Equation (1.77) can be simplifiedas follows:

X(k)= X„(n)+W^X^n). (1.78)
Notice that only DFTs of N/2 points need be calculated to find the value of X(k). Sincethe index k must go to TV- 1, however, the periodic property of the even and odd DFTs isused. In other words,

X„(k)= X„(k- for y≤^<AT-l. (1.79)
The process of dividing the resulting DFTs into even and odd halves can be repeated untilone is left with only two point DFTs to evaluate

A(fc) = X(0) + A.(l)e''-'2’rt/2 for all k
= X(0) + X(l) for £ even
= X(0)-1(1) for k odd

Therefore, for 2 point DFTs no multiplication is required, only additions and subtrac¬tions. To compute the complete DFT still requires multiplication of the individual 2-pointDFTs by appropriate factors of W ranging from W° to Figure 1.16 shows a flowgraph of a complete 32-point FFT. The savings in computation due to the FFT algorithm
is as follows.

For the original DFT, N complex multiplications are required for each of N valuesof k. Also, TV- 1 additions are required for each k.
In an FFT each function of the form

X(0) ± ^(1)
(called a butterfly due to its flow graph shape) requires one multiplication and two addi¬tions. From the flow graph in Figure 1.16 the number of butterflies is

Number of butterflies = ~log2(N).

pus is because there are N/2 rows of butterflies (since each butterfly has two inputs) andthere are log2(TV) columns of butterflies.
Table 1.1 gives a listing of additions and multiplications for various sizes of FFTsand DFTs. The dramatic savings in time for larger DFTs provided in the FFT has madethis method of spectral analysis practical in many cases where a straight DFT computa-
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FIGURE 1.16 32-Point, radix 2, in-place FFT. (From Rabiner and Gold, 1975, p. 380.)

tion would be much too time consuming. Also, the FFT can be used for performing oper¬
ations in the frequency domain that would require much more time consuming computa¬
tions in the time domain.

1.4.6 An Example of the FFT

In order to help the reader gain more understanding of spectrum analysis with the FFT, a
simple example is presented here. An input signal to a 16-point FFT processor is as fol¬
lows:

x(n) = cos[2it (4n/16)].
The argument of the cosine has been written in an unusual way to emphasize the fre¬
quency of the waveform when processed by a 16-point FFT. The amplitude of this signal
is 1.0 and it is clearly a real signal, the imaginary component having zero amplitude.
Figure 1.17 shows the 16 samples that comprise x(0) to x(15).
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TABLE 1.1 Comparison of Number of Butterfly Operations in the DFT and FFT,
(each operation is one complex multiply/accumulate calculation).

Transform Length
W

DFT Operations
(IV2)

Hl Operations
M>OG2(A9

8 64 24
16 256 64
32 1024 160
64 4096 384

128 16384 896
256 65536 1024
512 262144 4608

1024 1048576 10240
2048 4194304 22528

With this input a 16-point FFT will produce a very simple output. This output is
shown in Figure 1.18. It is a spike at k = 4 of amplitude 0.5 and a spike at k = 12 of am¬
plitude -0.5. The spike nature in the FFT output in this example occurs because for a co¬
sine waveform of arbitrary frequency the Fourier transform is

X(f)= cos(2nf0t)e~i2^dt.

Representing the cosine by exponentials

X(f) =|j^V2’^-^‘dt -- e'^Wdl.
2 J—

FIGURE 1.17 Input to 16 point FFT.



32 Digital Signal Processing Fundamentals Chap. 1

It can be shown that the integrand in the two integrals above integrates to 0 unless the ar¬
gument of the exponential is 0. If the argument of the exponential is zero, the result is
two infinite spikes, one at/=/0 and the other at/= -f0. These are delta functions in the
frequency domain.

Based on these results, and remembering that the impulse sequence is the digital
analog of the delta function, the results for the FFT seem more plausible. It is still left to
explain why k = 12 should be equivalent to/= -f0. Referring back to the development of
the DFT, it was necessary at one point for the frequency spectrum to become periodic
with period fs. Also, in the DFT only positive indices are used. Combining these two facts
one can obtain the results shown in Figure 1.18.

1.5 NONLINEAR OPERATORS

Most of this book is devoted to linear operators and linear-signal processing because
these are the most commonly used techniques in DSP. However, there are several nonlin¬
ear operators that are very useful in one-dimensional DSP. This section introduces the
simple class of nonlinear operators that compress or clip the input to derive the output se¬
quence.

There is often a need to reduce the number of significant bits in a quantized se¬
quence. This is sometimes done by truncation of the least significant bits. This process is
advantageous because it is linear: The quantization error is increased uniformly over the
entire range of values of the sequence. There are many applications, however, where the
need for accuracy in quantization is considerably less at high-signal values than at low-
signal values. This is true in telephone voice communications where the human ear’s
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ability to differentiate between amplitudes of sound waves decreases with the amplitudeof the sound. In these cases, a nonlinear function is applied to the signal and the resultingoutput range of values is quantized uniformly with the available bits.
1 w ^process is illustrated in Figure 1.19. First, the input signal is shown in Figure1.19(a). The accuracy is 12 bits and the range is 0 to 4.095 volts, so each quantizationlevel represents 1 mV. It is necessary because of some system consideration (such astransmission bandwidth) to reduce the number bits in each word to 8. Figure 1 19(b)shows that the resulting quantization levels are 16 times as coarse. Figure 1.19(c) showsthe result of applying a linear-logarithmic compression to the input signal. In this type of
compression the low-level signals (out to some specified value) are unchanged from themput values Beginning at a selected level, say fin = a, a logarithmic function is applied.The form of the function might be

Z)ut ~ a + + fm -a)
so that at4 = a the output also equals a and A is chosen to place the maximum value ofJout at the desired point.

A simpler version of the same process is shown in Figure 1.20. Instead of applyinga logarithmic function from the point/= a onward, the output values for/> a are all thesame. This is an example of clipping. A region of interest is defined and any values out¬side the region are given a constant output.

1.5.1 p-Law and A-Law Compression

^ere are two other compression laws worth listing because of their use in telephony—the n-law and A-law conversions. The p-law conversion is defined as follows:

<‘®>
ln(l+U)

where sgn() is a function that takes the sign of its argument, and p is the compression pa¬rameter (255 for North American telephone transmission). The input value / must benormalized to lie between -1 and +1. The A-law conversion equations are as follows:

/out = sgnf/i,)—
1+ ln(A)

for141 between 0 and 1/4 and

l + ln(4)
for (/J between 1/4 and 1.

In these equations, A is the compression parameter (87.6 for European telephone trans¬mission).
An extreme version of clipping is used in some applications of image processing toproduce binary pictures. In this technique a threshold is chosen (usually based on a his-
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FIGURE 1.19 (a) Linear 12-bit ADC.
(b) Linear 8-bit ADC. (c| Nonlinear
conversion.

togram of the picture elements) and any image element with a value higher than threshold
is set to 1 and any element with a value lower than threshold is set to zero. In this way the
significant bits are reduced to only one. Pictures properly thresholded can produce excel¬
lent outlines of the most interesting objects in the image, which simplifies further pro¬
cessing considerably.
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1.6 PROBABILITY AND RANDOM PROCESSES

The signals of interest in most signal-processing problems are embedded in an environ¬
ment of noise and interference. The noise may be due to spurious signals picked up dur¬
ing transmission (interference), or due to the noise characteristics of the electronics that
receives the signal or a number of other sources. To deal effectively with noise in a sig¬
nal, some model of the noise or of the signal plus noise must be used. Most often a proba¬
bilistic model is used, since the noise is, by nature, unpredictable. This section introduces
the concepts of probability and randomness that are basic to digital signal processing and
gives some examples of the way a composite signal of interest plus noise is modeled.

1.6.1 Basic Probability

Probability begins by defining the probability of an event labeled A as P(A). Event A can
be the result of a coin toss, the outcome of a horse race, or any other result of an activity
that is not completely predictable. There are three attributes of this probability P(A):

(1) P(A) > = 0. This simply means that any result will either have a positive chance of
occurrence or no chance of occurrence.

(2) P (All possible outcomes) = 1. This indicates that some result among those possible
is bound to occur, a probability of 1 being certainty.

(3) For {A,}, where (At n Ap = 0, P^A^ = P(A^. For a set of events, {A(}, where
the events are mutually disjoint (no two can occur as the result of a single trial of
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the activity), the probability of any one of the events occurring is equal to the sumof their individual probabilities.

With probability defined in this way, the discussion can be extended to joint andconditional probabilities. Joint probability is defined as the probability of occurrence of aspecific set of two or more events as the result of a single trial of an activity. For instancethe probability that horse A will finish third and horse B will finish first in a particular
horse race is a joint probability. This is written:

P(An B)= P(A and B)= P(AB). (1.82)
Conditional probability is defined as the probability of occurrence of an event A given
that B has occurred. The probability assigned to event A is conditioned by some knowl¬edge of event B. This is written

P(A given B) = P(A|B). (1.83)
If this conditional probability, P(A]B), and the probability of B are both known, the proba¬
bility of both of these events occurring (joint probability) is

P(AB)= P(A\B)P(B). (1.84)
So the conditional probability is multiplied by the probability of the condition (event B)
to get the joint probability. Another way to write this equation is

This is another way to define conditional probability once joint probability is understood.

1.6.2 Random Variables

In signal processing, the probability of a signal taking on a certain value or lying in a cer¬tain range of values is often desired. The signal in this case can be thought of as a random
variable (an element whose set of possible values is the set of outcomes of the activity).For instance, for the random variable X, the following set of events, which could occur,
may exist:

Event A X takes on the value of 5 (X = 5)
Event BX = 19
Event CX = 1.66
etc.

This is a useful set of events for discrete variables that can only take on certain specified
values. A more practical set of events for continuous variables associates each event with
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die variable lying within a range of values. A cumulative distribution function (or CDF)tor a random variable can be defined as follows:

F(x)= P(X<x). (1.86)

is cumulative distribution, function, then, is a monotonically increasing function of theindependent vanable x and is valid only for the particular random variable, X. Figure 1.21shows an example of a distribution function for a random variable. If Fix) is differenti¬ated with respect to x the probability density function (or PDF) for X is obtained, repre¬sented as follows:

, . dF(x)P(x)= —ax (1.87)

Integrating p(x) gives the distribution function back again as follows:

F{x)= (1.88)

Since F(x) is always monotonically increasing, p(x) must be always positive or zero,
igure 1.22 shows the density function for the distribution of Figure 1.21. The utility ofthese functions can be illustrated by determining the probability that the random variableX lies between a and b. By using probability Property 3 from above

P(X b)= P(a< X b)+ P(X ≤a). (1-89)

is is true because the two conditions on the right-hand side are independent (mutuallyX mUSt meet One or the other if il meets the condition on the left-handside. This equation can be expressed using the definition of the distribution-

P(a<X≤b)= F(b)-F(a)

= [ p(x)dx.
Ja

(190)

In this way, knowing the distribution or the density function allows the calculation of theprobability that X lies within any given range.

1.6.3 Mean, Variance, and Gaussian Random Variables
There is an operator in random variable theory called the expectation operator usuallywritten £[x]. This expression is pronounced “the expected value of x" The expectationoperator extracts from a random variable the value that the variable is most likely to take
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FIGURE 1.21 An example of cumulative distribution function (CDF).

FIGURE 1.22 Density function.
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on. The expected value is sometimes called the mean, average, or first moment of the
variable and is calculated from the density function as follows:

£[x]= Jxp(x)<iic. (1-91)

A typical density function for a random variable is shown in Figure 1.23. The most likely
value of variable x is also indicated in the figure. The expected value can be thought of as
a “center of gravity” or first moment of the random variable x.

The variance of a random variable is defined as

a2 = Var{x) = e[(x- E[x])2 ], (1.92)

where o is the root mean square value of the variable’s difference from the mean. The
variance is sometimes called the mean square value of x.

By extending the use of the expectation operator to joint probability densities, a
variable Y can be a function of two random variables, s and t such that

T = C{s,r}.

Then the expected value of Y will be

= j~ j0[s, t}p(s, t)dsdt (1.93)

where the joint probability density of s and t (p(s,t)), is required in the equation. The cor¬
relation of two random variables is defined to be the expected value of their product

E[sr} = J J st p(s, t)dsdt. (1-94)
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This definition will be used in the development of autocorrelation in section 1.6.5.There is a set of random variables called Gaussian random variables whose densitvfunctions have special characteristics that make them particularly easy to analyze. Alsomany physical processes give rise to approximately this sort of density function AGausstan density function has the following form:

P{x)= U~P)2
O^2

where p is the mean value of x and is the variance.

(1.95)

1.6.4 Quantization of Sequences

Quantization is to the amplitude domain of a continuous analog signal as sampling is todie time domain. It is the step that allows a continuous amplitude signal to be represented
in the discrete amplitude increments available in a digital computer. To analyze theprocess of quantization, it is useful to diagram a system as shown in Figure 1 24 The illustration shows a continuous amplitude input signal,/, which is sampled and quantized,then reconstructed in the continuous amplitude domain. The output signal is/. By com¬paring the input and output of this process the effect of quantization can be illustrated.The action of the box marked quantization in Figure 1.24 is illustrated in Figure. 5. A set of decision levels is applied to each input signal, and the two levels whichbracket the signal above and below are determined. A digital code is assigned to the re¬gion between each levels. In Figure 1.25, the digital code consists of 6 bits and runs frombinary 0 to binary 63. The application of these decision levels and the assignment of acode to the input signal sample is the complete process of quantization. Reconstruction ofthe signal is accomplished by assigning a reconstruction level to each digital code.The task that remains is to assign actual values to the decision levels and the recon-struction levels. Referring to Figure 1.25, the minimum value of the input signal is la-beled and the maximum value is labeled a^ If the signal / has a probability density ofp(j), then the mean squared error due to the quantization and reconstruction process is

FIGURE 1.24 Quantization and reconstruction of a signal.

1
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FIGURE 1.25 Quantization operation showing decision and reconstruction levels.
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e = E[(f - /)2 } = (/ - /)2 p{f)df,

and if the signal range is broken up into the segments between decision levels d- and d+l,
then 7 J

*= E[(f - /)2}= (/ -r^^df.
j=o

Numerical solutions can be determined that minimize e for several common probability
densities. The most common assumption is a uniform density (p(f) equals l/N for all val¬
ues of /, where N is the number of decision intervals). In this case, the decision levels are
uniformly spaced throughout the interval and the reconstruction levels are centered be¬
tween decision levels. This method of quantization is almost universal in commercial
analog-to-digital converters. For this case the error in the analog-to-digital converter out¬
put is uniformly distributed from -V2 of the least significant bit to +'/2 of the least signifi¬
cant bit. If it is assumed that the value of the least significant bit is unity, then the mean
squared error due to this uniform quantization is given by:

var{€}= ^(f-f)2p(f)df = Pfdf = -L
J-— *— 122 2 X~
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since p(f ) = 1 from to +'/2. This mean squared error gives the equivalent variance, or
noise power, added to the original continuous analog samples as a result of the uniform
quantization. If it is further assumed that the quantization error can be modeled as a sta¬
tionary, uncorrelated white noise process (which is a good approximation when the number
of quantization levels is greater than 16), then a maximum signal-to-noise ratio (SNR)
can be defined for a quantization process of B bits (2B quantization levels) as follows:

SNR = 101og10(V2 / varfe}) = 101og10(12V2),
where V2 is the total signal power. For example, if a sinusoid is sampled with a peak am¬
plitude of 2s-1, then V2 = 22B/8 giving the signal to noise ratio for a full scale sinusoid as

SNR = 101og10((1.5)(22S)) = 6.02B+1.76.

This value of SNR is often referred to as the theoretical signal-to-noise ratio for a B bit
analog-to-digital converter. Because the analog circuits in a practical analog-to-digital
converter always add some additional noise, the SNR of a real-world converter is always
less than this value.

1.6.5 Random Processes, Autocorrelation,
and Spectral Density

A random process is a function composed of random variables. An example is the ran¬
dom process fit). For each value of t, the process f (t) can be considered a random vari¬
able. For t = a there is a random variable f(a) that has a probability density, an expected
value (or mean), and a variance as defined in section 1.6.3. In a two-dimensional image,
the function would be f(x,y), where x and y are spatial variables. A two-dimensional ran¬
dom process is usually called a random field. Each f(a,b) is a random variable.

One of the important aspects of a random process is the way in which the random
variables at different points in the process are related to each other. The concept of joint
probability is extended to distribution and density functions. A. joint probability distribu¬
tion is defined as

F(s,t)= P(S <s,T<t) (where S and T are some constants),

and the corresponding density function is defined as

p(s, t)=
d2F(s,t)

dsdt
(1.96)

The integral relationship between distribution and density in this case is

F(s, t) = J J p(a, P)da dp. (1.97)

In section 1.6.3 it was shown that the correlation of two random variables is the expected
value of their product. The autocorrelation of a random process is the expected value of

Sec. 1.6 Probability and Random Processes 43

the products of the random variables which make up the process. The symbol for autocor¬
relation is Rff(t}, t2) for the function f(t) and the definition is

R#(t1,r2) = E[/(t1)/(r2)] (1-98)

= j jaPp^a,P;tt,t2)dadp, (1-99)

where p^(a, p; tp r2) is the joint probability density^) and./^). By including a and P
in the parentheses the dependence of /yon these variables is made explicit.

In the general case, the autocorrelation can have different values for each value of
and t2. However, there is an important special class of random processes called station¬

ary processes for which the form of the autocorrelation is somewhat simpler. In station¬
ary random processes, the autocorrelation is only a function of the difference between the
two time variables. For stationary processes

Rff(t2 -y) = Rff&= E[f(t-^f(t)]. (1-100)

In section 1.6.6 the continuous variable theory presented here is extended to discrete vari¬
ables and the concept of modeling real world signals is introduced.

1.6.6 Modeling Real-World Signals with AR Processes

By its nature, a noise process cannot be specified as a function of time in the way a deter¬
ministic signal can. Usually a noise process can be described with a probability function
and the first and second moments of the process. Although this is only a partial character¬
ization, a considerable amount of analysis can be performed using moment parameters
alone. The first moment of a process is simply its average or mean value. In this section,

all processes will have zero mean, simplifying the algebra and derivations but providing
results for the most common set of processes.

The second moment is the autocorrelation of the process

r(n,n-k)= E[u(n)w*(n-£)], for k = 0, ± 1, + 2,....

The processes considered here are stationary to second order. This means that the first
and second order statistics do not change with time. This allows the autocorrelation to be
represented by

r(n, n- k)= r(k), for k = 0, ±1, ± 2,...

since it is a function only of the time difference between samples and not the time vari¬
able itself. In any process, an important member of the set of autocorrelation values is
r(0), which is

r(0) = E{w(n)u*(n)} = E{|w(n)|2}, (1.101)
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which is the mean square value of the process. For a zero mean process this is equal tothe variance of the signal

r(O) = var{w}. (1.102)
The process can be represented by a vector u(n) where

u(n)

u(n) =
u(n-l)
u(n-2) (1.103)

u(n-M+l)
Then the autocorrelation can be represented in matrix form

R = E{u(n)u*(n)} (1.104)
r(0) r(l) *2)... r(m-l) '

r(-l) r(0) r(l)—

R = r(-2) r(-l) r(0)...

r(-l)
KO)

r(-M+l) r(—M + 2) KD
The second moment of a noise process is important because it is directly related tothe power spectrum of the process. The relationship is

(1.105)
M-l

S(f)= ^r(k)e~^,
k=-M+\

which is the discrete Fourier transform (DFT) of the autocorrelation of the process (r(k)).Thus, the autocorrelation is the time domain description of the second order statistics, andthe power spectral density, S(f), is the frequency domain representation. This powerspectral density can be modified by discrete time filters.
Discrete time filters may be classified as autoregressive (AR), moving average(MA), or a combination of the two (ARMA). Examples of these filter structures and thez-transforms of each of their impulse responses are shown in Figure 1.26. It is theoreti¬cally possible to create any arbitrary output stochastic process from an input white noiseGaussian process using a filter of sufficiently high (possibly infinite) order.
Referring again to the three filter structures in Figure 1.26, it is possible to createany arbitrary transfer function H(z) with any one of the three structures. However the or¬ders of the realizations will be very different for one structure as compared to another.For instance, an infinite order MA filter may be required to duplicate an AF* order ARfilter.
One of the most basic theorems of adaptive and optimal filter theory is the Wold
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ARMA Filter
FIGURE 1.26 AR, MA, and ARMA filter structures.
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decomposition. This theorem states that any real-world process can be decomposed into a
deterministic component (such as a sum of sine waves at specified amplitudes, phases,
and frequencies) and a noise process. In addition, the theorem states that the noise
process can be modeled as the output of a linear filter excited at its input by a white noise
signal.

ADAPTIVE FILTERS AND SYSTEMS

The problem of determining the optimum linear filter was solved by Norbert Wiener and
others. The solution is referred to as the Wiener filter and is discussed in section 1.7.1.
Adaptive filters and adaptive systems attempt to find an optimum set of filter parameters
(often by approximating the Wiener optimum filter) based on the time varying input and
output signals. In this section, adaptive filters and their application in closed loop adap¬
tive systems are discussed briefly. Closed-loop adaptive systems are distinguished from
open-loop systems by the fact that in a closed-loop system the adaptive processor is con¬
trolled based on information obtained from the input signal and the output signal of the
processor. Figure 1.27 illustrates a basic adaptive system consisting of a processor that is
controlled by an adaptive algorithm, which is in turn controlled by a performance calcula¬
tion algorithm that has direct knowledge of the input and output signals.

Closed-loop adaptive systems have the advantage that the performance calculation
algorithm can continuously monitor the input signal (d) and the output signal (y) and de¬
termine if the performance of the system is within acceptable limits. However, because
several feedback loops may exist in this adaptive structure, the automatic optimization al¬
gorithm may be difficult to design, the system may become unstable or may result in
nonunique and/or nonoptimum solutions. In other situations, the adaptation process may
not converge and lead to a system with grossly poor performance. In spite of these possi¬
ble drawbacks, closed-loop adaptive systems are widely used in communications, digital
storage systems, radar, sonar, and biomedical systems.

The general adaptive system shown in Figure 1.27(a) can be applied in several
ways. The most common application is prediction, where the desired signal (d) is the ap¬
plication provided input signal and a delayed version of the input signal is provided to the
input of the adaptive processor (x) as shown in Figure 1.27(b). The adaptive processor
must then try to predict the current input signal in order to reduce the error signal (e) to¬
ward a mean squared value of zero. Prediction is often used in signal encoding (for exam¬
ple, speech compression), because if the next values of a signal can be accurately pre¬
dicted, then these samples need not be transmitted or stored. Prediction can also be used
to reduce noise or interference and therefore enhance the signal quality if the adaptive
processor is designed to only predict the signal and ignore random noise elements or
known interference patterns.

As shown in Figure 1.27(c), another application of adaptive systems is system
modeling of an unknown or difficult to characterize system. The desired signal (d) is the
unknown system’s output and the input to the unknown system and the adaptive proces¬
sor (x) is a broadband test signal (perhaps white Gaussian noise). After adaptation, the
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FIGURE 1.27 (a) Closed-loop adaptive system; (b) prediction; (c) system
modeling.
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unknown system is modeled by the final transfer function of the adaptive processor. By
using an AR, MA, or ARMA adaptive processor, different system models can be ob¬tained. The magnitude of the error (e) can be used to judge the relative success of eachmodel.

1.7.1 Wiener Filter Theory

The problem of determining the optimum linear filter given the structure shown in Figure1.28 was solved by Norbert Wiener and others. The solution is referred to as the Wienerfilter. The statement of the problem is as follows:
Determine a set of coefficients, w^, that minimize the mean of the squared error ofthe filtered output as compared to some desired output. The error is written

M
e(n)= d(n)-^wku(n-k +l), (1.106)

*=1

or in vector form

e(n) = d(n)-wHu(n). (1.107)
The mean squared error is a function of the tap weight vector w chosen and is written

J(w) = E{e(n)e*(n)}. (1.108)

FIGURE 1.28 Wiener filter problem.
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Substituting in the expression for e(n) gives

49

Aw) = E^d(n)d*(n)-d(n)uH(n)w

-wwu(n)<f(n) +

7(w) = var(d}-pww- wtfp + whRw, (1.110)

where p = E{u(«)d*(n)}, the vector that is the product of the cross correlation betweenthe desired signal and each element of the input vector.
In order to minimize J(w) with respect to w, die tap weight vector, one must set the de¬rivative of 7(w) with respect to w equal to zero. This will give an equation which, whensolved for w, gives the optimum value of w. Setting the total derivative equal to zero gives

-2p + 2Rwo=O (1.111)
or

Rwo=P (1.112)
If the matrix R is invertible (nonsingular) then w0 can be solved as

w0=R'p. (1.113)
So the optimum tap weight vector depends on the autocorrelation of the inputprocess and the cross correlation between the input process and the desired output.Equation (1.113) is called the normal equation because a filter derived from this equationwill produce an error that is orthogonal (or normal) to each element of the input vector.This can be written

£{u(n)e0*(n)} = 0. (1.114)
It is helpful at this point to consider what must be known to solve the Wiener filterproblem:

(1) The M x M autocorrelation matrix of u(n), the input vector
(2) The cross correlation vector between u(n) and d(n) the desired response.

It is clear that knowledge of any individual u(n) will not be sufficient to calculatethese statistics. One must take the ensemble average, E{ }, to form both the autocorrela¬
tion and the cross correlation. In practice, a model is developed for the input process andfrom this model the second order statistics are derived.

A legitimate question at this point is: What is d(n)l It depends on the problem. One ex¬ample of the use of Wiener filter theory is in linear predictive filtering. In this case, the de¬sired signal is the next value of u(n), the input. The actual u(n) is always available one sam¬ple after the prediction is made and this gives the ideal check on the quality of the prediction.
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CHAPTER

C Programming
Fundamentals

The purpose of this chapter is to provide the programmer with a complete overview of
the fundamentals of the C programming language that are important in DSP applications.
In particular, text manipulation, bitfields, enumerated data types, and unions are not dis¬
cussed, because they have limited utility in the majority of DSP programs. Readers with
C programming experience may wish to skip the bulk of this chapter with the possible
exception of the more advanced concepts related to pointers and structures presented in
sections 2.7 and 2.8. The proper use of pointers and data structures in C can make a DSP
program easier to write and much easier for others to understand. Example DSP programs
in this chapter and those which follow will clarify the importance of pointers and data
structures in DSP programs.

2.1 THE ELEMENTS OF REAL-TIME DSP PROGRAMMING

The purpose of a programming language is to provide a tool so that a programmer can
easily solve a problem involving the manipulation of some type of information. Based on
this definition, the purpose of a DSP program is to manipulate a signal (a special kind of
information) in such a way that the program solves a signal-processing problem. To do
this, a DSP programming language must have five basic elements:

(1) A method of organizing different types of data (variables and date types)

(2) A method of describing the operations to be done (operators)
(3) A method of controlling the operations performed based on the results of operations

(program control)
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1.7.2 LMS Algorithms

(1.115)

(1.116)

(1117)

(1.118)

(1.119)
4=0 p=i

VeCtOT and is 1116 error signal as shown Figure1.27. Thus, the basic LMS algorithm can be written as 6

COef^cient C01umn vector’ I1 is a Parameter that controls the rate of con¬vergence and the gradient is approximated as

B^B^-pV*

The LMS algorithm is the simplest and most used adaptive algorithm in use today. In thishe LMS algOnthin as U 1S aPPIied t0 the adaptation of time-varying FIR fil
h T HR fdterS (adaPtive recursive filters or ARMA systems) is dethe^f^ derivation, justification and convergence properties can be found in

For the adaptive FIR system the transfer function is described by

The selection of the convergence parameter must be done carefully because if it isnpu7silnaieif°S “ S'°Wly and may n°‘ react*Ganges inZs Sand convergence Parameter is too large, the system will adapt to noise inthe signal and may never converge to the MMSE solution.For the adaptive IIR system the transfer function is described by

where b(k) indicates the time-varying coefficients of the filter. With an FIR filter themean squared error performance surface in the multidimensional space of the filter coeficients is a quadratic function and has a single minimum mean squared error (MMSE)
th

a‘ °Ptlmal solution is called the MMSE solution. The goal ofthe adaptive process is to adjust the filter coefficients in such a way that they move fromtheir current position toward the MMSE solution. If the input signal changes with timTthe adaptive system must continually adjust the coefficients to follow the MMSE solu¬tion. In practice, the MMSE solution is often never reached
The LMS algorithm updates the filter coefficients based on the method of steenestdescent. This can be described in vector notation as follows:

B*+1 = B*+2nEtXt

p-i

= (k)x(n-q) ap(k)y(n- p),
r.— n
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e-i
y(n)= ^bq(k)x(n-q),

9=0

dB* - 2e*X*
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where b(k) and a(k) indicate the time-varying coefficients of the filter. With an IIR filtere mean squared error performance surface in the multidimensional space of the filter1S,nOt a quadratlc functi°n can have multiple minimums that may causethe adaptive algorithm to never reach the MMSE solution. Because the DR system haspoles the system can become unstable if the poles ever move outside the unit circle dur¬ing the adaptive process. These two potential problems are serious disadvantages of adap-oZZ"8176 f1 ‘erS ,that limit aPPBcation and complexity. For this reason, most ap¬plications are limited to a small number of poles. The LMS algorithm can again be usedto update the filter coefficients based on the method of steepest descent. Thi§s can be described in vector notation as follows:

w*+i -Wt-MV*, (1.120)
where is the coefficient column vector containing the a and b coefficients, M is a di¬agonal matrix containing convergence parameters p for the a coefficients and vn throughthat controls the rate of convergence of the b coefficients. In this case, the gradientis approximated as

^k =-2et[“o -ae-iPi "Pp]T, (1.121)
where Ek is the error signal as shown in Figure 1.27, and

e-i
a-n(k)= x(k -n)+ bq(k)an(k-q) (1.122)

4=0

P-1

Pn W = y(k -n) + y bq(£)0„(k - p). (1.123)
p=0

The selection of the convergence parameters must be done carefully because if theyare too small the coefficient vector will adapt very slowly and may not react to changes ininput signal. If the convergence parameters are too large the system will adapt toZZi UnStable‘ 11,6 ProP°sed new‘"n the ^les
about to Z °re^Ch “Pdate t0 determine if an “"stable adaptive filter is°1 If an unstable pole location is found the update should not take placeand the next update value may lead to a better solution. P
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(4) A method of organizing the data and the operations so that a sequence of program
steps can be executed from anywhere in the program (functions and data structures)
and

(5) A method to move data back and forth between the outside world and the program
(input/output)

These five elements are required for efficient programming of DSP algorithms. Their im¬
plementation in C is described in the remainder of this chapter.

As a preview of the C programming language, a simple real-time DSP program is
shown in Listing 2.1. It illustrates each of the five elements of DSP programming. The
listing is divided into six sections as indicated by the comments in the program. This sim¬
ple DSP program gets a series of numbers from an input source such as an A/D converter
(the function getinput() is not shown, since it would be hardware specific) and deter¬
mines the average and variance of the numbers which were sampled. In signal-processing
terms, the output of the program is the DC level and total AC power of the signal.

The first line of Listing 2.1, main( ), declares that the program called main, which
has no arguments, will be defined after the next left brace ({ on the next line). The main
program (called main because it is executed first and is responsible for the main control
of the program) is declared in the same way as the functions. Between the left brace on
the second line and the right brace half way down the page (before the line that starts
float average...)are the statements that form the main program. As shown in this
example, all statements in C end in a semicolon (;) and may be placed anywhere on the
input line. In fact, all spaces and carriage control characters are ignored by most C com¬
pilers. Listing 2.1 is shown in a format intended to make it easier to follow and modify.

The third and fourth lines of Listing 2.1 are statements declaring the functions
(average, variance, sqrt) that will be used in the rest of the main program (the
function s<xrt() is defined in the standard C library as discussed in the Appendix. This
first section of Listing 2.1 relates to program organization (element four of the above
list). The beginning of each section of the program is indicated by comments in the pro¬
gram source code (i. e., /* section 1 */). Most C compilers allow any sequence of
characters (including multiple lines and, in some cases, nested comments) between the
/* and */ delimiters.

Section two of the program declares the variables to be used. Some variables are
declared as single floating-point numbers (such as ave and var); some variables are de¬
clared as single integers (such as i, count, and number); and some variables are ar¬
rays (such as signal[100]). This program section relates to element one, data organi¬
zation.

Section three reads 100 floating-point values into an array called signal using a for
loop (similar to a DO loop in FORTRAN). This loop is inside an infinite while loop
that is common in real-time programs. For every 100 samples, the program will display
the results and then get another 100 samples. Thus, the results are displayed in real-time.
This section relates to element five (input/output) and element three (program control).

Section four of the example program uses the functions average and variance
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main( )
{

float average ( ) ,variance ( ) ,sqrt ( ) ;

float signal [100],ave, var;
int count , i;

whiled) {

printf (” \n\nAverage = %f",ave);
printf (" Variance = %f",var);

)
}
float average ( float array[Lint size)
{

int i;
float sum = 0.0;
ford = 0 ; i < size ; i++)

sum = sum + array[i] ;
retum(sum/size) ;

1
float variance (float array[], int size)
{

int i;
float ave;
float sum = 0.0;
float sum2 = 0.0;
ford = 0 ; i < size ; i++) {

sum = sum + array[i] ;
sum2 = sum2 + array[i] *array[i] ;

1
ave = sum/size;
return) (sum2 - sum’ave) / (size-l) ) ;

/* section 1 */

/* declare functions */

/*section 2 */
/* declare variables ★/

{ /* section 3 */
read input signal */

/* section 4 */
/* calculate results */

/* section 5 */
/* print results */

/* section 6 */
/* function calculates average */

/* intialize and declare sum */

/* calculate sum */
/* return average */

/* function calculates variance */

/* declare local variables */

/* intialize sum of signal */
/* sum of signal squared */

/* calculate both sums */

/* calculate average */
/* return variance */

for (count = 0 ; count < 100 ; count++)
signal[count] = getinput (); /*

}

ave = average (signal , count ) ;
var = variance (signal,count ) ;

Listing 2.1 Example C program that calculates the average and variance of
a sequence of numbers.

to calculate the statistics to be printed. The variables ave and var are used to store the
results and the library function printf is used to display the results. This part of the
program relates to element four (functions and data structures) because the operations de¬
fined in functions average and variance are executed and stored.
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Section five uses the library function printf to display the results avo „

of theS° CallS thei fUnCti°n S’rt “ °rder t0 display *e standard deviation. Thisof the program relates to element four (functions) and element five (input/output) bT
phyed

OPeratl°nS defmed m fUnCti°n S<lrt executed “d the results ate also X
Listin^T^TT18’ and vari^ce,are defined in the remaining part ofListing 2.1. This last secUon relates primarily to element two (operators) since tEdefinedPTh‘7" °t each ,functlon is deflned in 1116 way that the main program w^defineti. The function and argument types are defined and the local variables to£usedSeach function are declared. The operations required by each function are then defined followed by a return statement that passes the result back to the main program.

2.2 VARIABLES AND DATA TYPES

All programs work by manipulating some kind of information. A variable in C is defineddeclaring that a sequence of characters (the variable identifier or name) are"tteated as a particular predefined type of data. An identifier may be any sequence of characters (usually with some length restrictions) that obeys the following three rules:

(1) All identifiers start with a letter or an underscore (_).
(2) The rest of the identifier can consist of letters, underscores, and/or digits.(3) The rest of the identifier does not match any of the C keywords. (Check comnilerimplementation for a list of these.) ' compiler

« . langUage suPP°rts several different data types that represent integers^ed^^^ (deClared f1Oat °r dOUble)’ 311(1 data fde-
elnrpd

°f each Vanable type 311(1 P°inters of each type may be de-
tion m

The tW° Of numbers win covered first followed by a brief introduc-
f

lcovered m more detail with pointers in section 2.7). The special treatmentof text using character arrays and strings will be discussed in Section 2.2.3.

2.2.1 Types of Numbers
A C program must declare the variable before it is used in the program. There are severaln^n °f " S USed depending on format in which the numbers are stored (float-mg-point format or integer format) and the accuracy of the numbers (single-precision ver-ZteX f°llowing eXample program illus-trates the use ot five different types of numbers:
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main()
{

int i;
short j;
long k;
float a;
double b;
k = 72000;
j = k;
i = k;
b = 0.1;
a = b;

/* size dependent on implementation */
/* 16 bit integer */
/*32 bit integer */
/* single precision floating-point */
/* double precision floating-point */

printf("\n%ld %d %d\n%20.15f\n%20.15f",k,j,i,b,a);

Three types of integer numbers(int, short int, and long int)and two types of
floating-point numbers(float and double)are illustrated in this example. The actual
sizes (in terms of the number of bytes used to store the variable) of these five types de¬
pends upon the implementation; all that is guaranteed is that a short int variable will
not be larger than a long int and a double will be twice as large as a float.The
size of a variable declared as just int depends on the compiler implementation. It is nor¬
mally the size most conveniently manipulated by the target computer, thereby making
programs using ints the most efficient on a particular machine. However, if the size of
the integer representation is important in a program (as it often is) then declaring vari¬
ables as int could make the program behave differently on different machines. For ex¬
ample, on a 16-bit machine, the above program would produce the following results:

72000 6464 6464
0.100000000000000
0.100000001490116

But on a 32-bit machine (using 32-bit ints), the output would be as follows:

72000 6464 72000
0.100000000000000
0.100000001490116

Note that in both cases the short and long variables, k and j, (the first two numbers dis¬
played) are the same, while the third number, indicating the int i, differs. In both cases,
the value 6464 is obtained by masking the lower 16 bits of the 32-bit k value. Also, in both
cases, the floating-point representation of 0.1 with 32 bits (float) is accurate to eight dec¬
imal places (seven places is typical). With 64 bits it is accurate to at least 15 places.

Thus, to make a program truly portable, the program should contain only short
int and long int declarations (these may be abbreviated short and long). In addi-
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tion to the five types illustrated above, the three ints can be declared as unsigned by
preceding the declaration with unsigned. Also, as will be discussed in more detail in the
next section concerning text data, a variable may be declared to be only one byte long by
declaring it a char (signed or unsigned). The following table gives the typical sizes
and ranges of the different variable types for a 32-bit machine (such as a VAX) and a 16-
bit machine (such as the IBM PC).

Variable
Declaration

16-bit
Machine

Size (bits)

16-bit
Machine

Range

32-bit
Machine

Size (bits)

32-bit
Machine

Range

char 8 -128 to 127 8 -128 to 127

unsigned char 8 0 to 255 8 0 to 255

int 16 -32768 to 32767 32 ±2.1e9

unsigned int 16 0 to 65535 32 0 to 4.3e9

short 16 -32768 to 32767 16 -32768 to 32767

unsigned short 16 Oto 65535 16 0 to 65535

long 32 ±2.1e9 32 ±2.1e9

unsigned long 32 0 to 4.3e9 32 0 to 4.3e9

float 32 ±l.Oe±38 32 ±le±38

double 64 ±1.0e±306 64 ±le±308

2.2.2 Arrays

Almost all high-level languages allow the definition of indexed lists of a given data type,
commonly referred to as arrays. In C, all data types can be declared as an array simply by
placing the number of elements to be assigned to the array in brackets after the array
name. Multidimensional arrays can be defined simply by appending more brackets con¬
taining the array size in each dimension. Any N-dimensional array is defined as follows:

type name[sizel][size2] ... [sizeN];

For example, each of the following statements are valid array definitions:

unsigned int list[10];
double input[5];
short int x[2000];
char input_buffer[20];
unsigned char image[256][256];
int matrix[4][3][2];
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Note that the array definition unsigned char image[256] [256] could define an
8-bit, 256 by 256 image plane where a grey scale image is represented by values from 0
to 255. The last definition defines a three-dimensional matrix in a similar fashion. One
difference between C and other languages is that arrays are referenced using brackets to
enclose each index. Thus, the image array, as defined above, would be referenced as
image[i] [ j] whereiand j are row and column indices, respectively. Also, the first
element in all array indices is zero and the last element is N-l, where N is the size of the
array in a particular dimension. Thus, an assignment of the first element of the five ele¬
ment, one-dimensional array input (as defined above) such as input [0]-1.3; is
legal while input[5]=1.3; is hot.

Arrays may be initialized when they are declared. The values to initialize the array are
enclosed in one or more sets of braces ((}) and the values are separated by commas. For
example, a one-dimensional array called vector can be declared and initialized as follows:

int vector[6] = { 1, 2, 3, 5, 8, 13 };

A two-dimensional array of six double-precision floating-point numbers can be declared
and initialized using the following statement:

double a[3][2] = {
{ 1.5, 2.5 },
{ l.le-5 , 1.7e5 },
{ 1.765 , 12.678 }

};

Note that commas separate the three sets of inner braces that designate each of the three rows
of the matrix a, and that each array initialization is a statement that must end in a semicolon.

2.3 OPERATORS

Once variables are defined to be a given size and type, some sort of manipulation must be
performed using the variables. This is done by using operators. The C language has more
operators than most languages; in addition to the usual assignment and arithmetic opera¬
tors, C also has bitwise operators and a full set of logical operators. Some of these opera¬
tors (such as bitwise operators) are especially important in order to write DSP programs
that utilize the target processor efficiently.

2.3.1 Assignment Operators

The most basic operator is the assignment operator which, in C, is the single equal sign
(=)• The value on the right of the equal sign is assigned to the variable on the left.
Assignment statements can also be stacked, as in the statement a=b=l;. In this case, the
statement is evaluated right to left so that 1 is assigned to b and b is assigned to a. In C,
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a=ave(x) is an expression, while a=ave(x); is a statement. The addition of thesemicolon tells the compiler that this is all that will be done with the result from the func¬tion ave(x). An expression always has a value that can be used in other expressionsThus, a=b+(c=ave(x)); is a legal statement. The result of this statement would bethat the result returned by ave(x) is assigned to c and b+c is assigned to a.C also al¬lows multiple expressions to be placed within one statement by separating them with thecommas. Each expression is evaluated left to right, and the entire expression (comprisedof more than one expression) assumes the value of the last expression which is evaluatedFor example, a=(olda=a,ave(x)); assigns the current value of a to olda, calls thefunction ave(x) and then assigns the value returned by ave(x) to a.

2.3.2 Arithmetic and Bitwise Operators

The usual set of binary arithmetic operators (operators which perform arithmetic on twooperands) are supported in C using the following symbols:

* multiplication
/ division
+ addition

subtraction
% modulus (integer remainder after division)

The first four operators listed are defined for all types of variables(char,int,floatand double).The modulus operator is only defined for integer operands. Also, there isno exponent operator in C; this floating-point operation is supported using a simple func¬tion call (see the Appendix for a description of the pow function).
In C, there are three unary arithmetic operators which require only one operand.First is the unary minus operator (for example, -i, where 1 is an int) that performs atwo’s-complement change of sign of the integer operand. The unary minus is often usefulwhen the exact hardware implementation of a digital-signal processing algorithm must besimulated. The other two unary arithmetic operators are increment and decrement, repre¬sented by the symbols ++ and —, respectively. These operators add or subtract one fromany integer variable or pointer. The operand is often used in the middle of an expression,

and the increment or decrement can be done before or after the variable is used in the ex¬
pression (depending on whether the operator is before or after the variable). Although theuse of ++ and — is often associated with pointers (see section 2.7), the following exam¬ple illustrates these two powerful operators with the ints i, j, and k:

/* i is incremented to 5, k = 11 */
/* j is decremented to 6, k = 17 */
/* i is incremented to 6, k = 22 */

Binary bitwise operations are performed on integer operands using the following symbols:

i = 4;
j = 7;
k = i++ + j;
k = k + j;
k = k + i++;
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& bitwise AND
| bitwise OR
A bitwise exclusive OR
< < arithmetic shift left (number of bits is operand)
> > arithmetic shift right (number of bits is operand)

The unary bitwise NOT operator, which inverts all the bits in the operand, is imple¬mented with the - symbol. For example, if 1 is declared as an unsigned int, theni“-0; sets i to the maximum integer value for an unsigned int.

2.3.3 Combined Operators

C allows operators to be combined with the assignment operator (=) so that almost anystatement of the form

<variable> - <variable> <operator> <expression>

can be replaced with

<variable> <operator> = <expression>

where <variable> represents the same variable name in all cases. For example, thefollowing pairs of expressions involving x and y perform the same function:

X = X + y;
x = x - y;
X = X * y;
x = X / y;
X = X%y;
X = x & y;
x = x : y;
X = X A y;
X = x « y;
X = X » y;

x += y;
X -= y;
x *= y;
x /= y;
x %= y;
X &= y;
x := y;
x A= y;
x «= y;
x »= y;

In many cases, the left-hand column of statements will result in a more readable and eas¬ier to understand program. For this reason, use of combined operators is often avoided.Unfortunately, some compiler implementations may generate more efficient code if thecombined operator is used.

2.3.4 Logical Operators

Like all C expressions, an expression involving a logical operator also has a value. A log¬ical operator is any operator that gives a result of true or false. This could be a compari¬son between two values, or the result of a series of ANDs and ORs. If the result of a logi¬cal operation is true, it has a nonzero value; if it is false, it has the value 0. Loops and if
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statements (covered in section 2.4) check the result of logical operations and change pro¬
gram flow accordingly. The nine logical operators are as follows:

< less than
<= less than or equal to
== equal to
>= greater than or equal to
> greater than
1« not equal to
&& logical AND
|| logical OR
! logical NOT (unary operator)

Note that == can easily be confused with the assignment operator (=) and will result in a
valid expression because the assignment also has a value, which is then interpreted as
true or false. Also, && and||should not be confused with their bitwise counterparts (s
and |) as this may result in hard to find logic problems, because the bitwise results may
not give true or false when expected.

2.3.5 Operator Precedence and Type Conversion

Like all computer languages, C has an operator precedence that defines which operators in
an expression are evaluated first. If this order is not desired, then parentheses can be used
to change the order. Thus, things in parentheses are evaluated first and items of equal
precedence are evaluated from left to right. The operators contained in the parentheses or
expression are evaluated in the following order (listed by decreasing precedence):

++ » — increment, decrement
- unary minus
*» /,% multiplication, division, modulus
*r - addition, subtraction
< <,» shift left, shift right
<.<=» >=, > relational with less than or greater than

1 1 equal, not equal
& bitwise AND
A bitwise exclusive OR
| bitwise OR
&& logical AND
|| logical OR

Statements and expressions using the operators just described should normally use vari¬
ables and constants of the same type. If, however, you mix types, C doesn’t stop dead
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(like Pascal) or produce a strange unexpected result (like FORTRAN). Instead, C uses a
set of rules to make type conversions automatically. The two basic rules are:

(1) If an operation involves two types, the value with a lower rank is converted to the
type of higher rank. This process is called promotion and the ranking from highest
to lowest type is double, float, long, int, short, and char. Unsigned of each of the
types outranks the individual signed type.

(2) In an assignment statement, the final result is converted to the type of the variable
that is being assigned. This may result in promotion or demotion where the value is
truncated to a lower ranking type.

Usually these rules work quite well, but sometimes the conversions must be stated
explicitly in order to demand that a conversion be done in a certain way. This is accom¬
plished by type casting the quantity by placing the name of the desired type in parenthe¬
ses before the variable or expression. Thus, if i is an int, then the statement
i=10*(1.55+1.67); would set i to 32 (the truncation of 32.2), while the statement
i=10*((int>1.55+1.67); would set i to 26 (the truncation of 26.7 since
( int )1.55 is truncated to 1).

2.4 PROGRAM CONTROL

The large set of operators in C allows a great deal of programming flexibility for DSP ap¬
plications. Programs that must perform fast binary or logical operations can do so without
using special functions to do the bitwise operations. C also has a complete set of program
control features that allow conditional execution or repetition of statements based on the
result of an expression. Proper use of these control structures is discussed in section
2.11.2, where structured programming techniques are considered.

2.4.1 Conditional Execution: If-else

In C, as in many languages, the if statement is used to conditionally execute a series of
statements based on the result of an expression. The if statement has the following
generic format:

if(value)
statementl;

else
statement2;

where value is any expression that results in (or can be converted to) an integer value.
If value is nonzero (indicating a true result), then statementl is executed; otherwise,
statements is executed. Note that the result of an expression used for value need
not be the result of a logical operation—all that is required is that the expression results in
a zero value when statement2 should be executed instead of statementl.Also, the
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else statements j portion of the above form is optional, allowing statementl tnbe skipped if value is false. °

When more than one statement needs to be executed if a particular value is true acompound statement is used. A compound statement consists of a left brace ({), somenumber of statements (each ending with a semicolon), and a right brace (}). Note that thebody of the main( ) program and functions in Listing 2.1 are compound statements. Infact, a single statement can be replaced by a compound statement in any of the controlstructures described in this section. By using compound statements, the if-else con¬trol structure can be nested as in the following example, which converts a floating-pointnumber (result) to a 2-bit twos complement number (out):

1

if(result > 0) { /* positive outputs */
if(result > sigma)

out = 1; /* biggest output */
else

out =
)

0; /* 0 < result <= sigma */

else { /* negative outputs */
if(result < sigma)

out = 2; /* smallest output */
else

out = 1; /* sigma <= result <= 0 */

Note that the inner if-else statements are compound statements (each consisting of twostatements), which make the braces necessary in the outer if-else control structure (with¬out the braces there would be too many else statements, resulting in a compilation error).

2.4.2 The switch Statement

switch(integer expression) {

(optional)
(optional)

When a program must choose between several alternatives, the if-else statement be¬comes inconvenient and sometimes inefficient. When more than four alternatives from asingle expression are chosen, the switch statement is very useful. The basic form of theswitch statement is as follows:

(optional)
(optional)
(more optional statements)
(optional)
(optional)

default:
statements;

case constanti:
statements;
break;

case constants:
statements;
break;
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Program control jumps to the statement after the case label with the constant (an integeror single character in quotes) that matches the result of the integer expression in the
switch statement. If no constant matches the expression value, control goes to the state¬
ment following the default label. If the default label is not present and no matching caselabels are found, then control proceeds with the next statement following the switchstatement. When a matching constant is found, the remaining statements after the corre¬
sponding case label are executed until the end of the switch statement is reached, or abreak statement is reached that redirects control to the next statement after the switchstatement. A simple example is as follows:

switch(i) {
case 0:

printf("\nError: I is zero'1);
break;

case 1:
j = k*k;
break;

default:
j = k*k/i;

)

The use of the break statement after the first two case statements is required in order to
prevent the next statements from being executed (a break is not required after the lastcase or default statement). Thus, the above code segment sets j equal to k*k/i,
unless i is zero, in which case it will indicate an error and leave j unchanged. Note thatsince the divide operation usually takes more time than the case statement branch, some
execution time will be saved whenever i equals 1.

2.4.3 Single-Line Conditional Expressions

C offers a way to express one if-else control structure in a single line. It is called a
conditional expression, because it uses the conditional operator, ?:, which is the only tri-nary operator in C. The general form of the conditional expression is:

expressionl ? expression? : expression!

If expressionl is true (nonzero), then the whole conditional expression has the valueof expression?. If expressionl is false (0), the whole expression has the value of
expressions. One simple example is finding the maximum of two expressions:

maxdif = (aO > a2) ? aO-al : a2-al;

Conditional expressions are not necessary, since if-else statements can provide thesame function. Conditional expressions are more compact and sometimes lead to more
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efficient machine code. On the other hand, they are often more confusing than the famil¬
iar if-else control structure.

2.4.4 Loops: while, do-while, and for

C has three control structures that allow a statement or group of statements to be repeated a
fixed or variable number of times. The while loop repeats the statements until a test ex¬
pression becomes false, or zero. The decision to go through the loop is made before the
loop is ever started. Thus, it is possible that the loop is never traversed. The general form is:

while(expression)
statement

where s-fcatement can be a single statement or a compound statement enclosed in
braces. An example of the latter that counts the number of spaces in a null-terminated
string (an array of characters) follows:

space_count =0; /* space_count is an int */

i = 0; /* array index, i = 0 */
while(string[i]) {

if(string[i] == ' ') space_count++;.
i++; /* next char */

1

Note that if the string is zero length, then the value of string[i] will initially point to
the null terminator (which has a zero or false value) and the while loop will not be exe¬
cuted. Normally, the while loop will continue counting the spaces in the string until the
null terminator is reached.

The do-while loop is used when a group of statements need to be repeated and
the exit condition should be tested at the end of the loop. The decision to go through the
loop one more time is made after the loop is traversed so that the loop is always executed
at least once. The format of do-while is similar to the while loop, except that the do
keyword starts the statement and while (expression) ends the statement. A single
or compound statement may appear between the do and the while keywords. A common
use for this loop is in testing the bounds on an input variable as the following example il¬
lustrates:

do {
printf("XnEnter FFT length (less than 1025) :”);
scanf(*%d",&fft_length);

} while(fft_length > 1024);

In this code segment, if the integer f f t_length entered by the user is larger than 1024,
the user is prompted again until the f f t_length entered is 1024 or less.
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The for loop combines an initialization statement, an end condition statement, and
an action statement (executed at the end of the loop) into one very powerful control struc¬
ture. The standard form is:

for(initialize ; test condition ; end update)
statement;

The three expressions are all optional (for (;; ); is an infinite loop) and the statement may
be a single statement, a compound statement or just a semicolon (a null statement). The most
frequent use of the for loop is indexing an array through its elements. For example,

for(i = 0 ; i < length ; i++) a[i] = 0;

sets the elements of the array a to zero from a[0] up to and including a[length-1].
This for statement sets i to zero, checks to see if i is less than length, if so it exe¬
cutes the statement a[i]=0;, increments i, and then repeats the loop until i is equal to
length. The integer i is incremented or updated at the end of the loop and then the test
condition statement is executed. Thus, the statement after a for loop is only executed if
the test condition in the for loop is true. For loops can be much more complicated, be¬
cause each statement can be multiple expressions as the following example illustrates:

for(i = 0 , i3 = 1 ; i < 25 ; i++ , i3 = 3*i3)
printf("\n%d %d“,i,i3);

This statement uses two ints in the for loop (1, 13) to print the first 25 powers of 3.
Note that the end condition is still a single expression (i < 25), but that the initialization
and end expressions are two assignments for the two integers separated by a comma.

2.4.5 Program Jumps: break, continue, and goto

The loop control structures just discussed and the conditional statements (if, if-else,
and switch) are the most important control structures in C. They should be used ex¬
clusively in the majority of programs. The last three control statements (break,
continue, and goto) allow for conditional program jumps. If used excessively, they
will make a program harder to follow, more difficult to debug, and harder to modify.

The break statement, which was already illustrated in conjunction with the switch
statement, causes the program flow to break free of the switch, for, while, or
do-while that encloses it and proceed to the next statement after the associated control
structure. Sometimes break is used to leave a loop when there are two or more reasons
to end the loop. Usually, however, it is much clearer to combine the end conditions in a
single logical expression in the loop test condition. The exception to this is when a large
number of executable statements are contained in the loop and the result of some state¬
ment should cause a premature end of the loop (for example, an end of file or other error
condition).
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The continue statement is almost the opposite of break; the continuecauses the rest of an iteration to be skipped and the next iteration to be started Thecontinue statement can be used with for,while,and do-while loops, but cannotbe used with switch.The flow of the loop in which the continue statement appears
is interrupted, but the loop is not terminated. Although the continue statement can re¬sult in very hard-to-follow code, it can shorten programs with nested if-else state-ments inside one of three loop structures.

The goto statement is available in C, even though it is never required in C pro-gramming. Most programmers with a background in FORTRAN or BASIC computer Ian-guages (both of which require the goto for program control) have developed bad pro¬gramming habits that make them depend on the goto.The goto statement in C uses alabel rather than a number making things a little better. For example, one possible legiti¬mate use of goto is for consolidated error detection and cleanup as the following simple
example illustrates: F

program statements

status = function_one(alpha,beta,constant);
if(status != 0) goto error_exit;

more program statements

status = function—two(delta,time);
if(status != 0) goto error_exit;

error-exit: Mend up here from all errors */
switch(status) {

case 1:
printf("\nDivide by zero error\n");
exit();

case 2:
printf("\nOut of memory error\n");
exit();

case 3:
printf("\nLog overflow error\n“);
exit();

default:
printf("\nUnknown error\n");
exit();

}
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In the above example, both of the fictitious functions, function_one and
function_two (see the next section concerning the definition and use of functions),
perform some set of operations that can result in one of several errors. If no errors are de¬
tected, the function returns zero and the program proceeds normally. If an error is de¬
tected, the integer status is set to an error code and the program jumps to the label
error_exit where a message indicating the type of error is printed before the program
is terminated.

2.5 FUNCTIONS

All C programs consist of one or more functions. Even the program executed first is a
function called main(), as illustrated in Listing 2.1. Thus, unlike other programming
languages, there is no distinction between the main program and programs that are called
by the main program (sometimes called subroutines). A C function may or may not re¬
turn a value thereby removing another distinction between subroutines and functions in
languages such as FORTRAN. Each C function is a program equal to every other func¬
tion. Any function can call any other function (a function can even call itself), or be
called by any other function. This makes C functions somewhat different than Pascal pro¬
cedures, where procedures nested inside one procedure are ignorant of procedures else¬
where in the program. It should also be pointed out that unlike FORTRAN and several
other languages, C always passes functions arguments by value not by reference. Because
arguments are passed by value, when a function must modify a variable in the calling
program, the C programmer must specify the function argument as a pointer to the begin¬
ning of the variable in the calling program’s memory (see section 2.7 for a discussion of
pointers).

2.5.1 Defining and Declaring Functions

A function is defined by the function type, a function name, a pair of parentheses contain¬
ing an optional formal argument list, and a pair of braces containing the optional exe¬
cutable statements. The general format for ANSI C is as follows:

type name(formal argument list with declarations)
{

function body
}

The type determines the type of value the function returns, not the type of arguments. Ifno type is given, the function is assumed to return an int (actually, a variable is also
assumed to be of type int if no type specifier is provided). If a function does not return a
value, it should be declared with the type void. For example, Listing 2.1 contains the
function average as follows:
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float average (float array[],int size)
{

int i;
float sum = 0.0; /* initialize and declare sum */
ford = 0 ; i < size ; i++)

sum = sum + array[i] ; /* calculate sum * I
retum(sum/size) ; /* return average */

}

The first line in the above code segment declares a function called average will return
a single-precision floating-point value and will accept two arguments. The two argument
names (array and size) are defined in the formal argument list (also called the formal
parameter list). The type of the two arguments specify that array is a one-dimensional
array (of unknown length) and size is an int. Most modem C compilers allow the ar¬
gument declarations for a function to be condensed into the argument list.

Note that the variable array is actually just a pointer to the beginning of the
float array that was allocated by the calling program. By passing the pointer, only one
value is passed to the function and not the large floating-point array. In fact, the function
could also be declared as follows:

float average ( float *array,int size)

This method, although more correct in the sense that it conveys what is passed to the
function, may be more confusing because the function body references the variable as
array[i].

The body of the function that defines the executable statements and local variables
to be used by the function are contained between the two braces. Before the ending brace j

(}), a return statement is used to return the float result back to the calling program. If
the function did not return a value (in which case it should be declared void), simply ;

omitting the return statement would return control to the calling program after the last )
statement before the ending brace. When a function with no return value must be termi- j
nated before the ending brace (if an error is detected, for example), a return; state- |
ment without a value should be used. The parentheses following the return statement are J
only required when the result of an expression is returned. Otherwise, a constant or vari- j
able may be returned without enclosing it in parentheses (for example, return 0; or 1
return n;). |

Arguments are used to convey values from the calling program to the function. |
Because the arguments are passed by value, a local copy of each argument is made for |
the function to use (usually the variables are stored on the stack by the calling program). 1
The local copy of the arguments may be freely modified by the function body, but will 1
not change the values in the calling program since only the copy is changed. The return 1
statement can communicate one value from the function to the calling program. Other |
than this returned value, the function may not directly communicate back to the calling j
program. This method of passing arguments by value, such that the calling program’s J
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variables are isolated from the function, avoids the common problem in FORTRAN
where modifications of arguments by a function get passed back to the calling program,
resulting in the occasional modification of constants within the calling program.

When a function must return more than one value, one or more pointer arguments
must be used. The calling program must allocate the storage for the result and pass the
function a pointer to the memory area to be modified. The function then gets a copy of
the pointer, which it uses (with the indirection operator, *, discussed in more detail in
Section 2.7.1) to modify the variable allocated by the calling program. For example, the
functions average and variance in Listing 2.1 can be combined into one function
that passes the arguments back to the calling program in two float pointers called ave
and var, as follows:

void stats(float *array,int size, float *ave, float ‘var)

{
int i;
float sum =0.0; /* initialize sum of signal */
float sum2 =0.0; /* sum of signal squared */
ford = 0 ; i < size ; i++) {

sum = sum + array[i]; /* calculate sums */
sum2 = sum2 + array[i]‘array[i] ;

J
*ave = sum/size; /* pass average and variance */
‘var = (sum2-sum* (‘ave) ) / (size-1) ;

In this function, no value is returned, so it is declared type void and no return statement
is used. This stats function is more efficient than the functions average and vari¬
ance together, because the sum of the array elements was calculated by both the average
function and the variance function. If the variance is not required by the calling program,
then the average function alone is much more efficient, because the sum of the squares of
the array elements is not required to determine the average alone.

2.5.2 Storage Class, Privacy, and Scope

In addition to type, variables and functions have a property called storage class. There
are four storage classes with four storage class designators: auto for automatic variables
stored on the stack, extern for external variables stored outside the current module,
static for variables known only in the current module, and register for temporary
variables to be stored in one of the registers of the target computer. Each of these four
storage classes defines the scope or degree of the privacy a particular variable or function
holds. The storage class designator keyword (auto, extern, static, or register)
must appear first in the variable declaration before any type specification. The privacy of
a variable or function is the degree to which other modules or functions cannot access a
variable or call a function. Scope is, in some ways, the complement of privacy because
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thescope of a variable describes how many modules or functions have access to the vari-

Auto variables can only be declared within a function, are created when the fnnotion is invoked, and are lost when the function is exited. Auto variables are known no the function in which they ate declared and do not retain theirTZ^tion of a function to another. Because auto variables are stored on a stack a fun«that uses only auto variables can call itself recursively. The auto keyword is rZ?used m C programs, since variables declared within functions default to the autos^
onlv

diStinCti°n °f the aUtO storage cla« «^t an auto variable isonly defined within the control structure that surrounds it. That is the scope of an an/vanable is limited to the expressions between the braces ({ and }) containing the variabledeclaration. For example, the following simple program would generate a comXXsince is unknown outside of the for loop:
p

’

main()
{

int i;
for(i = 0 ; i < 10 ; i++) {

int 3; /* declare j here */
j = i*i;
printf ;

1

}
Printf("%d",j); /* j here */_

VanableS haVe 11,6 Same as variables, but are stored interT orZn C°mpUter If 016 ^get computer does not have regis-* T* reglSterS aVailaWe iB thC target comPuter, a variable declared asegister will revert to auto.Because almost all microprocessors have a large numf Can be accessed much faster than outside memory, register vari’ “Sed t0 Speed Up Program execution significantly. Most compilers limit theuse of register variables to pointers, integers, and characters, because the tarZ machines rarely have the ability to use registers for floating-point or double-precision opera-

. variabl,es have broadest scope. They are known to all functions in amodule and are even known outside of the module in that they are declared ExternZ? T StOred ink °Wn Separate data area “d must be declared outsidTof any

° functions that access the same extern variables, since extern variablesretain their values as functions are entered and exited. Extern is the default storageclass for variables declared outside of functions and for the functions themselves ThusbXZ*“iisemay be invoked by any function in a module as as’
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Static variables differ from extern variables only in scope. A static vari¬
able declared outside of a function in one module is known only to the functions in that
module. A static variable declared inside a function is known only to the function in
which it is declared. Unlike an auto variable, a static variable retains its value fromone invocation of a function to the next. Thus, static refers to the memory area as¬signed to the variable and does not indicate that the value of the variable cannot be
changed. Functions may also be declared static, in which case the function is onlyknown to other functions in the same module. In this way, the programmer can prevent
other modules (and, thereby, other users of the object module) from invoking a particular
function.

2.5.3 Function Prototypes

Although not in the original definition of the C language, function prototypes, in oneform or another, have become a standard C compiler feature. A function prototype is astatement (which must end with a semicolon) describing a particular function. It tells the
compiler the type of the function (that is, the type of the variable it will return) and thetype of each argument in the formal argument list. The function named in the function
prototype may or may not be contained in the module where it is used. If the function is
not defined in the module containing the prototype, the prototype must be declared exter¬nal. All C compilers provide a series of header files that contain the function prototypesfor all of the standard C functions. For example, the prototype for the stats functiondefined in Section 2.5.1 is as follows:

extern void stats(float *,int,float *,float *);

This prototype indicates that stats (which is assumed to be in another module) returnsno value and takes four arguments. The first argument is a pointer to a float (in thiscase, the array to do statsistics on). The second argument is an integer (in this case, giv¬
ing the size of the array) and the last two arguments are pointers to floats which willreturn the average and variance results.

The result of using function prototypes for all functions used by a program is thatthe compiler now knows what type of arguments are expected by each function. This in¬formation can be used in different ways. Some compilers convert whatever type of actual
argument is used by the calling program to the type specified in the function prototype
and issue a warning that a data conversion has taken place. Other compilers simply issuea warning indicating that the argument types do not agree and assume that the program¬mer will fix it if such a mismatch is a problem. The ANSI C method of declaring func¬tions also allows the use of a dummy variable with each formal parameter. In fact, whenthis ANSI C approach is used with dummy arguments, the only difference between func¬
tion prototypes and function declarations is the semicolon at the end of the function pro¬totype and the possible use of extern to indicate that the function is defined in another
module.
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2.6 MACROS AND THE C PREPROCESSOR

The C preprocessor is one of the most useful features of the C programming language.
Although most languages allow compiler constants to be defined and used for conditional
compilation, few languages (except for assembly language) allow the user to define
macros. Perhaps this is why C is occasionally referred to as a portable macro assembly
language. The large set of preprocessor directives can be used to completely change the
look of a C program such that it is very difficult for anyone to decipher. On the other
hand, the C preprocessor can be used to make complicated programs easy to follow, very
efficient, and easy to code. The remainder of this chapter and the programs discussed in
this book hopefully will serve to illustrate the latter advantages of the C preprocessor.

The C preprocessor allows conditional compilation of program segments, user-
defined symbolic replacement of any text in the program (called aliases as discussed in
Section 2.6.2), and user-defined multiple parameter macros. All of the preprocessor di¬
rectives are evaluated before any C code is compiled and the directives themselves are re¬
moved from the program before compilation begins. Each preprocessor directive begins
with a pound sign (#) followed by the preprocessor keyword. The following list indicates
the basic use of each of the most commonly used preprocessor directives:

♦define NAME macro Associate symbol NAME with macro definition
(optional parameters)

♦include "file" Copy named file (with directory specified) into
current compilation

♦include <file>
♦if expression

Include file from standard C library
Conditionally compile the following code if result
of expression is true

♦ifdef symbol Conditionally compile the following code if the
symbol is defined

♦ifndef symbol Conditionally compile the following code if the
symbol is not defined

♦else Conditionally compile the following code if the
associated #if is not true

♦endif Indicates the end of previous #else,♦if,
♦ifdef, or ♦ifndef

♦undef macro Undefine previously defined macro

2.6.1 Conditional Preprocessor Directives

Most of the above preprocessor directives are used for conditional compilation of por¬
tions of a program. For example, in the following version of the stats function (de¬
scribed previously in section 2.5.1), the definition of DEBUG is used to indicate that the
print statements should be compiled:
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z void stats(float *array,int size,float *ave,float *var)
{

int i;
float sum =0.0; /* initialize sum of signal */
float sum2 =0.0; /* sum of signal squared */

ford = 0 ; i < size ; 1++) {
sum = sum + arrayli];
sum2 = sum2 + array[i]*array][i]; /* calculate sums */

£ ’
♦ifdef DEBUG

printf("\nln stats sum = %f sum2 = %f”,sum,sum2);
printf("\nNumber of array elements = %d”,size);

♦endif

‘ave = sum/size; /* pass average */
*var = (sum2 - sum* (*ave))/(size-1); /* pass variance */

}

If the preprocessor parameter DEBUG is defined anywhere before the ♦ifdef DEBUG
statement, then the printf statements will be compiled as part of the program to aid in
debugging stats (or perhaps even the calling program). Many compilers allow the defi¬
nition of preprocessor directives when the compiler is invoked. This allows the DEBUG
option to be used with no changes to the program text.

2.6.2 Aliases and Macros

Of all the preprocessor directives, the ♦define directive is the most powerful because it
allows aliases and multiple parameter macros to be defined in a relatively simple way.
The most common use of ♦define is a macro with no arguments that replaces one
string (the macro name) with another string (the macro definition). In this way, an alias
can be given to any string including all of the C keywords. For example:

#define DO for(

_ , replaces every occurrence of the string DO (all capital letters so that it is not confused
with the C keyword do)with the four-character string for(.Similarly, new aliases of all

S the C keywords could be created with several ♦define statements (although this seems
1 silly since the C keywords seem good enough). Even single characters can be aliased. For
' example, BEGIN could be aliased to { and END could be aliased to }, which makes a C. program look more like Pascal.. J. The #define directive is much more powerful when parameters are used to create

,| a true macro. The above DO macro can be expanded to define a simple FORTRAN style
i DO loop as follows:

♦define D0(var,beg,end) for(var=beg; var<=end; var++)
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?aCf° Var’ beS’ and end *e variable> *e beginning vainV D° ,OOP' In eaCh CaSe’ macro is invoked and theplaced in each argument is used to expand the macro. For example,

t g

DO(i,l,10)

expands to

for(i=l; i<=10; i++)

A 1.K Vu ^,nn,ng of a for that will start the variable i at 1 and stop it at10. Although this DO macro does shorten the amount of typing required to create such atmple for loop, it must be used with caution. When macros are used wi±XXth^nh^ ^1505, °.r other Unctions, unexpected program bugs can occur. For exampleAe ateve macro will not work at all with a pointer as thf var argument,^Z ion 2 7 n' WO“m lnT ValUe and nOt the value 11 Points to (seeS ’ Pr°bably reSU,t in a WTy Strange number of cycles through the^7terminated)- As mother example, consider the following CUBEmacro, which will determine the cube of a variable:
g

♦define CUBE(x) (x)*(x)*(x)

With since it would ex-P . /° ' V. (x+3? (1+3) However, CUBE(i++) expands to (i++)* (i++)
of

t?6 conditional operator (see section 2.4.3) can be used with macro defini-
mum 0/? of the absolute value of a variable (ABS), the mini¬um of two variables (MIN), the maximum of two variables (MAX), and the integerrounded value of a floating-point variable (ROUND) as follows: 8

♦define ABS(a)
♦define MAX(a,b)
♦define MIN(a,b)
♦define ROUND(a)

<(<a) < 0) ? (-a) ; (a)
(((a) > (b)) ? (a) : (b))
(((a) < (b)) ? (a): (b))
(((a)<0)?(int)((a)-0.5):(int)((a)+0.5))

Note that each of the above macros is enclosed in parentheses so that it can be used freelv..«p™ wi.hou, uneeruiniy atat order „1operator. Par»Z^rimX“nZ °f 1»™»^ .
All of the macros defined so far have names that contain only capital letters WhiletoJ not rtato. I. does make it easy B WMe„•iZ”^ rr0S defined in One modu,e 31,(1 included (using the#include directive) in another. This practice of capitalizing all macro names and using
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lower case for variable and function names will be used in all programs in this book andon the accompanying disk.

2.7 POINTERS AND ARRAYS

A pointer is a variable that holds an address of some data, rather than the data itself. Theuse of pointers is usually closely related to manipulating (assigning or changing) the ele¬ments of an array of data. Pointers are used primarily for three purposes:

H) To point to different data elements within an array
(2) To allow a program to create new variables while a program is executing (dynamicmemory allocation)
(3) To access different locations in a data structure

The first two uses of pointers will be discussed in this section; pointers to data structuresare considered in section 2.8.2.

2.7.1 Special Pointer Operators

Two special pointer operators are required to effectively manipulate pointers: the indi¬
rection operator (*) and the address of operator (&). The indirection operator (*) is usedwhenever the data stored at the address pointed to by a pointer is required, that is when¬ever indirect addressing is required. Consider the following simple program:

main()
{

int i,*ptr;
1 = 7<’ /* set the value of i */
ptr = &i; /* pOint to address of i */
printf("\n%d",i); /* print i two ways */
printf("\n%d",*ptr);
*ptr =11; /* change i with pointer */
printf("\n%d %d",*ptr,i); /* print change */

This program declares that i is an integer variable and that ptr is a pointer to an integervanable. The program first sets i to 7 and then sets the pointer to the address of i by thestatement ptr=&i;. The compiler assigns i and ptr storage locations somewhere inmemory. At run time, ptr is set to the starting address of the integer variable i. The aboveprogram uses the function printf (see section 2.9.1) to print the integer value of i in twodifferent ways by printing the contents of the variable i (printf ( " \n%d", i ) ;)and by using the indirection operator (printf ( "\n%d", *ptr) ,-). The presence ofthe * operator in front of ptr directs the compiler to pass the value stored at the address
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ptr to the printf function (in this case, 7). If only ptr were used, then the address as¬
signed to ptr would be displayed instead of the value 7. The last two lines of the exam¬
ple illustrate indirect storage; the data at the ptr address is changed to 11. This results in
changing the value of i only because ptr is pointing to the address of i.

An array is essentially a section of memory that is allocated by the compiler and
assigned the name given in the declaration statement. In fact, the name given is nothing
more than a fixed pointer to the beginning of the array. In C, the array name can be used
as a pointer or it can be used to reference an element of the array (i.e., a[2] ). If a is de¬
clared as some type of array then *a and a[0] are exactly equivalent. Furthermore,
* (a+i) and a[i] are also the same (as long as i is declared as an integer), although
the meaning of the second is often more clear. Arrays can be rapidly and sequentially ac¬
cessed by using pointers and the increment operator (++). For example, the following
three statements set the first 100 elements of the array a to 10:

int ‘pointer;
pointer = a;
ford = 0; i < 100 ; i++) *pointer++ = 10;

On many computers this code will execute faster than the single statement for(i=0;
i<100; i++) a[i]=10;,because the post increment of the pointer is faster than the
array index calculation.

2.7.2 Pointers and Dynamic Memory Allocation

C has a set of four standard functions that allow the programmer to dynamically change
the type and size of variables and arrays of variables stored in the computer’s memory. C
programs can use the same memory for different purposes and not waste large sections of
memory on arrays only used in one small section of a program. In addition, auto vari¬
ables are automatically allocated on the stack at the beginning of a function (or any sec¬
tion of code where the variable is declared within a pair of braces) and removed from the
stack when a function is exited (or at the right brace, }). By proper use of auto variables
(see section 2.5.2) and the dynamic memory allocation functions, the memory used by a
particular C program can be very little more than the memory required by the program at
every step of execution. This feature of C is especially attractive in multiuser environ¬
ments where the product of the memory size required by a user and the time that memory
is used ultimately determines the overall system performance. In many DSP applications,
the proper use of dynamic memory allocation can enable a complicated DSP function to
be performed with an inexpensive single chip signal processor with a small limited inter¬
nal memory size instead of a more costly processor with a larger external memory.

Four standard functions are used to manipulate the memory available to a particular
program (sometimes called the heap to differentiate it from the stack). Malloc allocates
bytes of storage, calloc allocates items which may be any number of bytes long, free
removes a previously allocated item from the heap, and realloc changes the size of a
previously allocated item.

When using each function, the size of the item to be allocated must be passed to the
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function. The function then returns a pointer to a block of memory at least the size of the
item or items requested. In order to make the use of the memory allocation functions
portable from one machine to another, the built-in compiler macro sizeof must be
used. For example:

int *ptr;
ptr = (int *) malloc(sizeof(int));

allocates storage for one integer and points the integer pointer, ptr, to the beginning of
the memory block. On 32-bit machines this will be a four-byte memory block (or one
word) and on 16-bit machines (such as the IBM PC) this will typically be only two bytes.
Because malloc (as well as calloc and realloc)returns a character pointer, it must
be cast to the integer type of pointer by the(int *) cast operator. Similarly, calloc
and a pointer, array,can be used to define a 25-element integer array as follows:

int ‘array;
array = (int *) calloc(25,sizeof(int));

This statement will allocate an array of 25 elements, each of which is the size of an int
on the target machine. The array can then be referenced by using another pointer (chang¬
ing the pointer array is unwise, because it holds the position of the beginning of the allo¬
cated memory) or by an array reference such as array[i] (where i may be from 0 to
24). The memory block allocated by calloc is also initialized to zeros.

Malloc,calloc,and free provide a simple general purpose memory allocation
package. The argument to free (cast as a character pointer) is a pointer to a block previ¬
ously allocated by malloc or calloc; this space is made available for further alloca¬
tion, but its contents are left undisturbed. Needless to say, grave disorder will result if the
space assigned by malloc is overrun, or if some random number is handed to free.
The function free has no return value, because memory is always assumed to be hap¬
pily given up by the operating system.

Realloc changes the size of the block previously allocated to a new size in bytes
and returns a pointer to the (possibly moved) block. The contents of the old memory
block will be unchanged up to the lesser of the new and old sizes. Realloc is used less
than calloc and malloc, because the size of an array is usually known ahead of time.
However, if the size of the integer array of 25 elements allocated in the last example must
be increased to 100 elements, the following statement can be used:

array = (int *) realloc( (char ‘(array, 100*sizeof(int));

Note that unlike calloc, which takes two arguments (one for the number of items and
one for the item size), realloc works similar to malloc and takes the total size of the
array in bytes. It is also important to recognize that the following two statements are not
equivalent to the previous realloc statement:

free((char *)array);
array = (int *) calloc(100,sizeof(int));
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These statements do change the size of the integer array from 25 to 100 elements but dnot preserve the contents of the first 25 elements. In fact, calloc will initialize Î innintegers to zero, while realloc will retain the first 25 and not set the remaining 7sarray elements to any particular value. 6 3

Unlike free,which returns no value, nalloc,realloc, and calloc returnnull pointer (0) if there is no available memoiy or if the area has been corrupted by stop3mg outside the bounds of the memory block. When realloc returns 0, the blockpointed to by the original pointer may be destroyed. K

2.7.3 Arrays of Pointers

Any of the C data types or pointers to each of the data types can be declared as an arravArrays of pointers are especially useful in accessing large matrices. An array of pointedto 10 rows each of 20 integer elements can be dynamically allocated as follows:

int *mat[10] ;
int i;
for(i = 0 ; i < 10 ; i++) {

mat[i] = (int *) calloc (20,sizeof (int) ) ;
if(!mat[i]) {

printf ( "\nError in matrix allocation\n") ;
exit(l);

1
1

In this code segment, the array of 10 integer pointers is declared and then each pointer isse to 10 different memoiy blocks allocated by 10 successive calls to calloc After eachcall to calloc. the pointer must be checked to insure that the memoiy was available(!matIi] will be true if mat[i] is null). Each element in the matrix mat can now beaccessed by using pointers and the indirection operator. For example, *(mat[i] + J)gives the value of the matrix element at the ith row (0-9) and the jth column (0-19) andis exactly equivalent to mat[i][j]. In fact, the above code segment is equivalent (inthe way mat may be referenced at least) to the array declaration int mat[10][20]•except that mat[10][20] is allocated as an auto variable on the stack and the abovecalls to calloc allocates the space for mat on the heap. Note, however, that when matis allocated on the stack as an auto variable, it cannot be used with free or reallocand may be accessed by the resulting code in a completely different way.Hie calculations required by the compiler to access a particular element in a two-dimensional matrix (by using matrix[i][j], for example) usually take more instruc-10ns and more execution time than accessing the same matrix using pointers. This is es¬pecially true if many references to the same matrix row or column are required. However,epending on the compiler and the speed of pointer operations on the target machine ac¬cess to a two-dimensional array with pointers and simple pointers operands (even incre¬ment and decrement) may take almost the same time as a reference to a matrix such as
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ati][j]. For example, the product of two 100 x 100 matrices could be coded usingtwo-dimensional array references as follows:

int a[100] [100],b[100] [100],c[100] [100]; /* 3 matrices */int i , j, k, / * indices */

/* code to set up mat and vec goes here */

/* do matrix multiply c = a * b */
for(i = 0 ; i < 100 ; j++) {

for(j = 0 ; 3 < 100 ; j++) {
c[i] [j] = 0;
for(k = 0 ; k < 100 ; k++)

c[i][j] += a[i] [k] * b[k] [j];
)

The same matrix product could also be performed using arrays of pointers as follows:

int a[100] [100] ,b[100] [100] ,c[100] [100]; /* 3 matrices */int *aptr,*bptr,*cptr; /* pointers to a,b,c */int 1,3,k, /* indicies */.

/* code to set up mat and vec goes here */

/*doc=a*b*/
for(i = 0 ; i < 100 ; i++) {

cptr = c[i];
bptr = b[0];
for(j = 0 ; 3 < 100 ; 3++) {

aptr = a[i];
*cptr = (*aptr++) * (*bptr++) ;
for(k = 1 ; k < 100; k++) {

*cptr += (*aptr++) * b[k] [3] ;
}
cptr++;

)

The latter form of the matrix multiply code using arrays of pointers runs 10 to 20 percenttaster, depending on the degree of optimization done by the compiler and the capabilitiesof the target machine. Note that c[i] and a[i] are references to arrays of pointers eachpointing to 100 integer values. Three factors help make the program with pointers faster:

(1) Pointer increments (such as *aptr++) are usually faster than pointer adds.
(2) No multiplies or shifts are required to access a particular element of each matrix.
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(3) The first add in the inner most loop (the one involving k)was taken outside the
loop (using pointers aptr and bptr) and the initialization ofc[i][j] to zero
was removed.

2.8 STRUCTURES

Pointers and arrays allow the same type of data to be arranged in a list and easily accessed
by a program. Pointers also allow arrays to be passed to functions efficiently and dynami¬
cally created in memory. When unlike logically related data types must be manipulated,
the use of several arrays becomes cumbersome. While it is always necessary to process
the individual data types separately, it is often desirable to move all of the related data
types as a single unit. The powerful C data construct called a structure allows new data
types to Ise defined as a combination of any number of the standard C data types. Once the
size and data types contained in a structure are defined (as described in the next section),
the named structure may be used as any of the other data types in C. Arrays of structures,
pointers to structures, and structures containing other structures may all be defined.

One drawback of the user-defined structure is that the standard operators in C do not
work with the new data structure. Although the enhancements to C available with the C++
programming language do allow the user to define structure operators (see The C++
Programming Language, Stroustrup, 1986), the widely used standard C language does not
support such concepts. Thus, functions or macros are usually created to manipulate the
structures defined by the user. As an example, some of the functions and macros required
to manipulate structures of complex floating-point data are discussed in section 2.8.3.

2.8.1 Declaring and Referencing Structures

A structure is defined by a structure template indicating the type and name to be used to
reference each element listed between a pair of braces. The general form of an N-element
structure is as follows:

struct tag_name {
typel element—namel;
type2 element_name2;

typeN element—nameN;
} variable—name;

In each case, typel, type2, ..., typeN refer to a valid C data type (char, int, ^»-1
float, or double without any storage class descriptor) and element—namel, .W1
element—name2, . . . , element—nameN refer to the name of one of the elements
of the data structure. The tag.name is an optional name used for referencing the struc- *■
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ture later. The optional variable_name,or list of variable names, defines the names
of the structures to be defined. The following structure template with a tag name of
record defines a structure containing an integer called length, a float called
sample_rate,a character pointer called name,and a pointer to an integer array called
data:

struct record {
int length;
float sample—rate;
char ‘name;
int *data;

};

This structure template can be used to declare a structure called voice as follows:

struct record voice;

The structure called voice of type record can then be initialized as follows:

voice.length = 1000;
voice.sample—rate = 10.e3;
voice.name = "voice signal";

The last element of the structure is a pointer to the data and must be set to the beginning
of a 1000-element integer array (because length is 1000 in the above initialization). Each
element of the structure is referenced with the form struct—name.element.Thus,
the 1000-element array associated with the voice structure can be allocated as follows:

voice.data = (int *) calloc(1000,sizeof(int));

Similarly, the other three elements of the structure can be displayed with the following
code segment:

printf("\nLength = %d”,voice.length);
printf("XnSampling rate = %f",voice.sample_rate);
printf(”\nRecord name = %s”,voice.name);

A typedef statement can be used with a structure to make a user-defined data type and
make declaring a structure even easier. The typedef defines an alternative name for the
structure data type, but is more powerful than #define, since it is a compiler directive
as opposed to a preprocessor directive. An alternative to the record structure is a
typedef called RECORD as follows:

typedef struct record RECORD;
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This statement essentially replaces all occurrences of RECORD in the program with thestruct record definition thereby defining a new type of variable called RECORDthat may be used to define the voice structure with the simple statement RECORD voice•The typedef statement and the structure definition can be combined so that thetag name record is avoided as follows:

typedef struct {
int length;
float sarnple_rate;
char *name;
int *data;
} RECORD;

In fact, the typedef statement can be used to define a shorthand form of any type ofdata type including pointers, arrays, arrays of pointers, or another typedef. For exam-

typedef char STRING[80];

allows 80-character arrays to be easily defined with the simple statement string
namel,name2;.This shorthand form using the typedef is an exact replacement forthe statement char name1[80],name2[80];.

2.8.2 Pointers to Structures

Pointers to structures can be used to dynamically allocate arrays of structures and effi¬ciently access structures within functions. Using the RECORD typedef defined in thelast section, the following code segment can be used to dynamically allocate a five-element array of RECORD structures:

RECORD *voices;
voices = (RECORD *) calloc(5,sizeof(RECORD));

These two statements are equivalent to the single-array definition RECORD
voices[5]; except that the memory block allocated by calloc can be deallocated bya call to the free function. With either definition, the length of each element of the arraycould be printed as follows:

int i;
for(i = 0 ; i < 5 ; i++)

printf("\nLength of voice %d = %d”,i,voices[i].length);

The voices array can also be accessed by using a pointer to the array of structures. If
voice_ptr is a RECORD pointer (by declaring it with RECORD *voice_ptr;), then
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(*voice_ptr).length could be used to give the length of the RECORD which waspointed to by voice_ptr.Because this form of pointer operation occurs with structuresoften in C, a special operator (->) was defined. Thus, voice_ptr->length is equiv¬alent to(*voice_ptr).length.This shorthand is very useful when used with func-ftons, since a local copy of a structure pointer is passed to the function. For example thefollowing function will print the length of each record in an array of RECORD of length

void print_record_length(RECORD *rec,int size)
{

int i;
ford = 0 ; i < size ; i++) {

printf("\nLength of record %d = %d”,i,rec_>length);
rec++;

I
I

Thus, a statement like print_record_length(voices,5); will print the lengthsstored in each of the five elements of the array of RECORD structures.
2.8.3 Complex Numbers

A complex number can be defined in C by using a structure of two floats and atypedef as follows:

typedef struct {
float real;
float imag;

} COMPLEX;

Three complex numbers, x,y,and z can be defined using the above structure as follows:

COMPLEX x,y,z;

In order to perform the complex addition z = x + y without functions or macros the fol-lowing two C statements are required:

z.real = x.real + y.real;
2.imag = x.imag + y.imag;

These two statements are required because the C operator + can only work with the indi¬vidual parts of the complex structure and not the structure itself. In fact, a statement in¬volving any operator and a structure should give a compiler error. Assignment of anystructure (like z = x;)works just fine, because only data movement is involved. A sim¬ple function to perform the complex addition can be defined as follows:
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COMPLEX cadd(COMPLEX a,COMPLEX b) /* pass by value */

{
COMPLEX sum; /* define return value */

sum.real = a.real + b.real;
sum.imag = a.imag + b.irnag;
return(sum);

)

This function passes the value of the a and b structures, forms the sum of a and b, and
then returns the complex summation (some compilers may not allow this method of pass¬
ing structures by value, thus requiring pointers to each of the structures). The cadd func¬
tion may be used to set z equal to the sum of x and y as follows:

z = cadd(x,y);

The same complex sum can also be performed with a rather complicated single line
macro defined as follows:

#define CADD(a,b)\
(c_t.real=a.real+b.real,C_t.imag=a.imag+b.imag,C_t)

This macro can be used to replace the cadd function used above as follows:

COMPLEX C_t;

z = CADD(z,y);

This CADDmacro works as desired because the macro expands to three operations separated
by commas. The one-line macro in this case is equivalent to the following three statements:

C_t.real = x.real + y.real;
C_t.imag = x.imag + y.real;
z = C_t;

The first two operations in the macro are the two sums for the real and imaginary parts.
The sums are followed by the variable C_t (which must be defined as COMPLEX before
using the macro). The expression formed is evaluated from left to right and the whole ex¬
pression in parentheses takes on the value of the last expression, the complex structure
C_t, which gets assigned to z as the last statement above shows.

The complex add macro CADD will execute faster than the cadd function because
the time required to pass the complex structures x and y to the function, and then pass the
sum back to the calling program, is a significant part of the time required for the function
call. Unfortunately, the complex add macro cannot be used in the same manner as the
function. For example:

COMPLEX a,b,c,d;
d = cadd(a,cadd(b,c));
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will form the sum d=a+b+c; as expected. However, the same format using the CADD
macro would cause a compiler error, because the macro expansion performed by the C
preprocessor results in an illegal expression. Thus, the CADD may only be used with sim¬
ple single-variable arguments. If speed is more important than ease of programming, then
the macro form should be used by breaking complicated expressions into simpler two-
operand expressions. Numerical C extensions to the C language support complex num¬
bers in an optimum way and are discussed in section 2.10.1.

2.9 COMMON C PROGRAMMING PITFALLS

The following sections describe some of the more common errors made by programmers
when they first start coding in C and give a few suggestions how to avoid them.

2.9.1 Array Indexing

In C, all array indices start with zero rather than one. This makes the last index of a N
long array AM. This is very useful in digital signal processing, because many of the ex-
pressions for filters, z-transforms, and FFTs are easier to understand and use with the
index starting at zero instead of one. For example, the FFT output for k = 0 gives the zero
frequency (DC) spectral component of a discrete time signal. A typical indexing problem
is illustrated in the following code segment, which is intended to determine the first 10
powers of 2 and store the results in an array called power2s

int power2[10];
int i,p;
P = 1;
for (i = 1 ; i<= 10 ; i++) {

power2[i] = p;
P = 2*p;

}

This code segment will compile well and may even run without any difficulty. The prob-
lem is that the for loop index i stops on i=10, and power2[10] is not a valid index

It, *0 the power2 array. Also, the for loop starts with the index 1 causing power2[0] to
EL' not be initialized. This results in the first power of two (2°, which should be stored in
K, power2[0])to be placed in power2[1].One way to correct this code is to change the
E for loop to read for(i = 0; i<10; i++), so that the index to power2 starts at 0
H and stops at 9.

E 2.9.2 Failure to Pass-by-Address

K- This problem is most often encountered when first using scanf to read in a set of vari-
K ables. If i is an integer (declared as int i;), then a statement like scanf("%dn,i);
V' is wrong because scanf expects the address of (or pointer to) the location to store the
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integer that is read by scanf. The correct statement to read in the integer i ;

where the address of operator (t) was used to point to the addre«of1and pass the address to scanf as required. On many compilers these types of errorscan be detected and avoided by using function prototypes (see section 2.5.3) for all userwritten functions and the appropriate include files for all C library functions. By usinofunction prototypes, the compiler is informed what type of variable the function expectsand will issue a warning if the specified type is not used in the calling program. On manyUNIX systems, a C program checker called LINT can be used to perform parameter-typechecking, as well as other syntax checking.

2.9.3 Misusing Pointers

Because pointers are new to many programmers, the misuse of pointers in C can be particularly difficult, because most C compilers will not indicate any pointer errors. Somecompilers issue a warning for some pointer errors. Some pointer errors will result in theprograms not working correctly or, worse yet, the program may seem to work, but willnot work with a certain type of data or when the program is in a certain mode of opera¬tion. On many small single-user systems (such as the IBM PC), misused pointers can eas¬ily result in writing to memory used by the operating system, often resulting in a systemcrash and requiring a subsequent reboot.
There are two types of pointer abuses: setting a pointer to the wrong value (or notinitializing it at all) and confusing arrays with pointers. The following code segmentshows both of these problems: 6

char ‘string;
char msg[10];
int i;
printf("\nEnter title");
scanf("%s",string);
i = 0;
while(‘string != ' ) {

i++;
string++;

)
msg="Title = ";
printf("%s %s %d before space", msg, string,!);

e first three statements declare that memory be allocated to a pointer variable calledstring, a 10-element char array called msg and an integer called i. Next, the user isasked to enter a title into the variable called string. The while loop is intended tosearch for the first space tn the string and the last printf statement is intended to dis¬play the string and the number of characters before the first space.
There are three pointer problems in this program, although the program will com¬pile with only one fatal error (and a possible warning). The fatal error message will refer¬ence the msg="Title ="; statement. This line tells the compiler to set the address ofthe msg array to the constant string "Title =». This is not allowed so the error
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“Lvalue required” (or something less useful) will be produced. The role of an arrav and ,pointer have been confused and the msg variable should have been declared as a pointer
age by compiled “ =" WaS

The next problem with the code segment is that scanf will read the string into the
«g™. Unfortunately, th. t.tueof^tX“exTcution time cou d be anything (some compilers will set it to zero), which will nrobablvnot point to a place where the title string could be stored. Some coXXfi^’ T8 CaUed strin» may have been usedPbefore it was defined. The problem can be solved by initializing the string pointer to a memZ Lea al£-

rail to ^Lloc^L/'''6 memory can be dynamically allocated by a simple1 to calloc as shown in the following corrected code segment:
P

char ‘string,*msg;
int i;
string=calloc(80,sizeof(char));
printf("\nEntertitle");
scanf("%s", string);
i = 0;
while(‘string != • {

i++;
string++;

I
msg="Title =■;
printf(”%s %s %d before space",msg,string,i);

ng is entered. In fact, the first characters of the title string before the first space will
the

016 P°inter 8trin’ WaS moved to Poin7b/the exlration Sthe while loop. This may be useful for finding the first space in the while loon but resuits in the address of the beginning of the swing beingLt.” is test t^LIiomter which points to a dynamically allocated section of memory This pointer proHeXcan be fixed by using another pointer (called cp) for thewhilXpL”?

char *string,*cp,*msg;
int i;
string=calloc(80,sizeof(char));
printf("\nEnter title");
scanf("%s",string);
i = 0;
cp = string;
while(*cp != ’ 1) {

i++;
cp++;

}
msg="Title =";
printf("%s %s %d before space", msg,string,i);
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Another problem with this program segment is that if the string entered contains nil

spaces, then the while loop will continue to search through memory until it finds“3
space. On a PC, the program will almost always find a space (in the operating system ped!
haps) and will set i to some large value. On larger multiuser systems, this may result in3
fatal run-time error because the operating system must protect memory not allocated tri
the program. Although this programming problem is not unique to C, it does illustrate a3
important characteristic of pointers—pointers can and will point to any memory locatioia
without regard to what may be stored there.

10 NUMERICAL C EXTENSIONS |
Some ANSI C compilers designed for DSP processors are now available with numeric CJ
extensions. These language extensions were developed by the ANSI NCEG (Numerica
Extensions Group), a working committee reporting to ANSI X3J11. This section gives anl
overview of the Numerical C language recommended by the ANSI standards committee j
Numerical C has several features of interest to DSP programmers: I

(1) Fewer lines of code are required to perform vector and matrix operations. |
(2) Data types and operators for complex numbers (with real and imaginary compo-J

nents) are defined and can be optimized by the compiler for the target processor.]
This avoids the use of structures and macros as discussed in section 2.8.3. |

(3) The compiler can perform better optimizations of programs containing iteration’
which allows the target processor to complete DSP tasks in fewer instruction cycles. 3

2.10.1 Complex Data Types 1

Complex numbers are supported using the keywords complex, creal, cimag, and!
coxij. These keywords are defined when the header file complex.h is included. There]
are six integer complex types and three floating-point complex types, defined as shown inj
the following example: j

short int complex i; 3
int complex j; 1
long int complex k; .a
unsigned short int complex ui; 1
unsigned int complex uj;
unsigned long int complex uk; a
float complex x; 'a
double complex y; j
long double complex z; i

The real and imaginary parts of the complex types each have the same representations aq
the type defined without the complex keyword. Complex constants are represented as a
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i. sum of a real constant and an imaginary constant, which is defined by using the suffix i
£ after the imaginary part of the number. For example, initialization of complex numbers is
' performed as follows:

short int complex i = 3 + 2i;
float conplex x[3] = {1.0+2.0i, 3.0i, 4.0};

The following operators are defined for complex types: & (address of), * (point to com-t- plex number), + (add),- (subtract), * (multiply), / (divide). Bitwise, relational, and logi¬
cal operators are not defined. If any one of the operands are complex, the other
operands will be converted to complex, and the result of the expression will be
complex. The creal and cimag operators can be used in expressions to access the
real or imaginary part of a complex variable or constant. The conj operator returns the
complex conjugate of its complex argument. The following code segment illustrates these
operators:

float conplex a,b,c;
creal(a)=1.0;
cimag(a)=2.0;
creal(b)=2.0*cimag(a);
cimag(b)=3.0;
c=conj(b); /* c will be 4 - 3i */

2.10.2 Iteration Operators

Numerical C offers iterators to make writing mathematical expressions that are computed
iteratively more simple and more efficient. The two new keywords are iter and g'™

Iterators are variables that expand the execution of an expression to iterate the expression
so that the iteration variable is automatically incremented from 0 to the value of the itera¬
tor. This effectively places the expression inside an efficient for loop. For example, the
following three lines can be used to set the 10 elements of array ix to the integers 0 to 9:

iter 1=10;
int ix[10];
ix[I]=I;

$ The sum operator can be used to represent the sum of values computed from values of an
iterator. The argument to sum must be an expression that has a value for each of the iter¬
ated variables, and the order of the iteration cannot change the result. The following code
segment illustrates the sum operator:

float a[10],b[10],c[10],d[10][10],e[10][10],f[10][10];
float s;
iter 1=10, J=10, K=10;
s=sum(a[I]); /* conputes the sum of a into s */
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b[J]=sum(a[I]);

c[J]=sum(d[I][J])

s=sum(d[I][j]);

COMMENTS ON PROGRAMMING STYLE

sums all the elements in d */
f[I][J)=sum(d[I][K]*e[K][J]); /* matrix multiply */
c[I]=sum(d[I][K]*a[K]); /* matrix * vector */

The four common measures of good DSP software are reliability, maintainabilitv 1sibility, and efficiency. y‘

non? reliable Pr°gram is One thal seIdom (if evcr) failS- ™s is especially importantJDSP because tremendous amounts of data are often processed using the same program rlthe program fails due to one sequence of data passing through the program, it mav be diflticult, or impossible, to ever determine what caused the problem. J
Since most programs of any size will occasionally fail, a maintainable program iJone that is easy to fix. A truly maintainable program is one that can be fixed by someonJother than the original programmer. It is also sometimes important to be able to maintain ।a program on more than one type of processor, which means that in order for a program ]

to be truly maintainable, it must be portable. j
An extensible program is one that can be easily modified when the requirements’]

change, new functions need to be added, or new hardware features need to be exploited 1An efficient program is often the key to a successful DSP implementation of a de- 3sired function. An efficient DSP program will use the processing capabilities of the targetcomputer (whether general purpose or dedicated) to minimize the execution time. In altypical DSP system this often means minimizing the number of operations per input sam- ’pie or maximizing the number of operations that can be performed in parallel. In eithercase, minimizing the number of operations per second usually means a lower overall sys- '^tern cost as fast computers typically cost more than slow computers. For example, it|could be said that the FFT algorithm reduced the cost of speech processing (both imple-J
mentation cost and development cost) such that inexpensive speech recognition and gen-Jeration processors are now available for use by the general public. 1

Unfortunately, DSP programs often forsake maintainability and extensibility for ef-Ihciency Such is the case for most currently available programmable signal processingj
integrated circuits. These devices are usually programmed in assembly language in suchalway that it is often impossible for changes to be made by anyone but the original pro-1grammer, and after a few months even the original programmer may have to rewrite the!program to add additional functions. Often a compiler is not available for the processor orJthe processor’s architecture is not well suited to efficient generation of code from a com-1pried language. The current trend in programmable signal processors appears to be to- 3
ward high-level languages. In fact, many of the DSP chip manufacturers are supplying C1
compilers for their more advanced products. 1
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sum of a calculated 10 times and storedin the elements of b */
/* computes the sum of the column
elements of d, the statement is
iterated over J */
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2.11.1 Software Quality

(1)
(2)
(3)
(4)
(5)

Functions that are too big or have several puiposes
A main program that does not use functions
Functions that are tightly bound to the main program
Programming “tricks” that are always poorly documented
Lack of meaningful variable names and comments

My Th® pour measures °f software quality (reliability, maintainability, extensibility and effi-K ciency) are rather difficult to quantify. One almost has to try to modify a program to findout if it is maintainable or extensible. A program is usually tested in a finite number of
K ways much smaller than the millions of input data conditions. This means that a program
K can be considered reliable only after years of bug-free use in many different environ-K ments.
K Programs do not acquire these qualities by accident. It is unlikely that good pro-|grams will be intuitively created just because the programmer is clever, experienced, or| uses lots of comments. Even the use of structured-programming techniques (described| briefly in the next section) will not assure that a program is easier to maintain or extend.
F It is the author’s experience that the following five coding situations will often lessen the£ software quality of DSP programs:

| An oversized function (item 1) might be defined as one that exceeds two pages of sourceI funCtlOn Wlth raore than one Purpose lacks strength. A function with one clearly। defined puipose can be used by other programs and other programmers. Functions with
£ many purposes will find limited utility and limited acceptance by others. All of the func-| tions described m this book and contained on the included disk were designed with this| important consideration in mind. Functions that have only one purpose should rarely ex-| ceed one page. This is not to say that all functions will be smaller than this. In time-. critical DSP applications, the use of in-line code can easily make a function quite long
i but can sometimes save precious execution time. It is generally true, however, that bigprograms are more difficult to understand and maintain than small ones.| A mam program that does not use functions (item 2) will often result in an ex-• tremely long and hard-to-understand program. Also, because complicated operationsoften can be independently tested when placed in short functions, the program may beI easier to debug. However, taking this rule to the extreme can result in functions that aretightly bound to the main program, violating item 3. A function that is tightly bound to
t the rest of the program (by using too many global variables, for example) weakens the; entire program. If there are lots of tightly coupled functions in a program, maintenancebecomes impossible. A change m one function can cause an undesired, unexpected< change m the rest of the functions.

Clever programming tricks (item 4) should be avoided at all costs as they will oftenno be reliable and will almost always be difficult for someone else to understand (evenwith lots of comments). Usually, if the program timing is so close that a trick must be
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used, then the wrong processor was chosen for the application. Even if the programmS
trick solves a particular timing problem, as soon as the system requirements chang3|
they almost always do), a new timing problem without a solution may soon develop, a

A program that does not use meaningful variables and comments (item 5) is gjl
anteed to be very difficult to maintain. Consider the following valid C program: 3

main(){int _o_oo_,_ooo;for(_o_oo =2;;_o_o_++) 3
{for( ooo_=2: o oo % ooo_!=0; ooo_++; 3
if( ooo_==_o_oo )printf("\n%dH ,_o_oo );}} 3

Even the most experienced C programmer would have difficulty determining what fl
three-line program does. Even after running such a poorly documented program, it nl
be hard to determine how the results were obtained. The following program does exact!
the same operations as the above three lines but is easy to follow and modify: |

main() J
{ I

int prime_test,divisor; a
/* The outer for loop trys all numbers >1 and the inner
for loop checks the number tested for any divisors j
less than itself. */

for(prime_test = 2 ; ; prime_test++) { |
for(divisor = 2 ; prime_test % divisor != 0 ; divisor++); J
if(divisor == prime_test) printf(“\n%d“,prime_test); J

1 j
1 *

It is easy for anyone to discover that the above well-documented program prints a list (
prime numbers, because the following three documentation rules were followed: J

(1) Variable names that are meaningful in the context of the program were used. Avoj
variable names such as x,y,z or i,j,k, unless they are simple indexes used in)
very obvious way, such as initializing an entire array to a constant.

(2) Comments preceded each major section of the program (the above program qd
has one section). Although the meaning of this short program is fairly clear withfl
the comments, it rarely hurts to have too many comments. Adding a blank lineS
tween different parts of a program also sometimes improves the readability q|
program because the different sections of code appear separated from each other!

(3) Statements at different levels of nesting were indented to show which control stra
ture controls the execution of the statements at a particular level. The author prefl
to place the right brace ({) with the control structure(for,while,if,etc.) andj
place the left brace (}) on a separate line starting in the same column as the beg
ning of the corresponding control structure. The exception to this practice
function declarations where the right brace is placed on a separate line after thea
gument declarations. 3
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BL 2.11.2 Structured Programming

structured programming has developed from the notion that any algorithm, no matter
K- how complex, can be expressed by using the programming-control structures if-else,
t while, and sequence. All programming languages must contain some representation of
K. these three fundamental control structures. The development of structured programming
K revealed that if a program uses these three control structures, then the logic of the pro-
K gram can be read and understood by beginning at the first statement and continuing
B downward to the last. Also, all programs could be written without goto statements.
K Generally, structured-programming practices lead to code that is easier to read, easier to
F maintain, and even easier to write.
R The C language has the three basic control structures as well as three additional
t. structured-programming constructs called do-while, for, and case. The additional three
K control structures have been added to C and most other modem languages because they
fe are convenient, they retain the original goals of structured programming, and their use
R often makes a program easier to comprehend.
B The sequence control structure is used for operations that will be executed once in a
p function or program in a fixed sequence. This structure is often used where speed is most
| important and is often referred to as in-line code when the sequence of operations are

f identical and could be coded using one of the other structures. Extensive use of in-line
code can obscure the purpose of the code segment.

f The if-else control structure in C is the most common way of providing conditional
f execution of a sequence of operations based on the result of a logical operation. Indenting
L of different levels of if and else statements (as shown in the example in section 2.4.1)

is not required; it is an expression of C programming style that helps the readability of the
E if-else control structure. Nested while and for loops should also be indented for im-

proved readability (as illustrated in section 2.7.3).
£ The case control structure is a convenient way to execute one of a series of opera-
g tions based upon the value of an expression (see the example in section 2.4.2). It is often

used instead of a series of if-else structures when a large number of conditions are tested
based upon a common expression. In C, the switch statement gives the expression to
test and a series of case statements give the conditions to match the expression. A
default statement can be optionally added to execute a sequence of operations if none

w, - of the listed conditions are met.
B The last three control structures (while, do-while, and for) all provide for repeating
»,4 sequence of operations a fixed or variable number of times. These loop statements can
K make a program easy to read and maintain. The while loop provides for the iterative ex-
K ecution of a series of statements as long as a tested condition is true; when the condition
K{, is false, execution continues to the next statement in the program. The do-while con-
fc, trot structure is similar to the while loop, except that the sequence of statements is exe-

cuted at least once. The for control structure provides for the iteration of statements
. with automatic modification of a variable and a condition that terminates the iterations.

K Tor loops are more powerful in C than most languages. C allows for any initializing
K: statement, any iterating statement and any terminating statement. The three statements do
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not need to be related and any of them can be a null statement or multiple state™ 1foltowing three examples of while, do-while, and for loops all ^IctS^flof two of an integer x (assumed to be greater than 0) and set the result to k ®loop is as follows: lhe wmM

k = 2; /* while loop k=2**i */
while(i > 0) { S

k = 2*k;
i ;

} W

The do-while loop is as follows: -fl
= it /* do-while loop k = 2**i */ jl

do { ®
k = 2*k; 9
i ;

} whiled > 0);

The for loop is as follows:

for(k = 2 ; i > 1 ; i ) S
k = 2*k; /* for loop k=2**i */ 3

Which form of loop to use is a personal matter. Of the three equivalent code segmenl
nrobablv’h?6’ / ^7 1O°P Seem to un^rstandand3probably be preferred over the do-while construction.

The C language also offers several extensions to the six structured proerammiiMB°rnetSSf^CtUretAmOng 316 break’ continue- and goto (see sectSn2®Break and continue statements allow the orderly interruption of events that arecuting inside of loops. They can often make a complicated loop very difficult to folk®because more than one condition may cause the iterations to stop. The infamous go3statement is also included in C. Nearly every language designer includes a goto sta®ZtUseful K Sh°Uld USed a'°ng With “ eXample of ^3
enclo

examples in the snowing chapters and the programs contained onflenclosed disk were developed by using structured-programming practices. The code®be read from top to bottom, there are no goto statements, and the six accepted confln^uircment °f structured programming that was not ado®throughout the software in this book is that each program and function have only ®entry and exit point. Although every function and program does have only one eJ|
point (as is required in C), many of the programs and functions have multiple exit po®Typically this is done in order to improve the readability of the program. For exam®error conditions in a main program often require terminating the program premature®
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CHAPTER

DSP Microprocessors
in Embedded Systems

The term embedded system is often used to refer to a processor and associated circuits
required to perform a particular function that is not the sole purpose of the overall sys¬
tem. For example, a keyboard controller on a computer system may be an embedded
system if it has a processor that handles the keyboard activity for the computer system.
In a similar fashion, digital signal processors are often embedded in larger systems to
perform specialized DSP operations to allow the overall system to handle general pur¬
pose tasks. A special purpose processor used for voice processing, including analog-to-
digital (A/D) and digital-to-analog (D/A) converters, is an embedded DSP system when
it is part of a personal computer system. Often this type of DSP runs only one appli¬
cation (perhaps speech synthesis or recognition) and is not programmed by the end user.
The fact that the processor is embedded in the computer system may be unknown to
the end user.

A DSP’s data format, either fixed-point or floating-point, determines its ability
to handle signals of differing precision, dynamic range, and signal-to-noise ratios.
Also, ease-of-use and software development time are often equally important when
deciding between fixed-point and floating-point processors. Floating-point processors
are often more expensive than similar fixed-point processors but can execute more
instructions per second. Each instruction in a floating-point processor may also be
more complicated, leading to fewer cycles per DSP function. DSP microprocessors can
be classified as fixed-point processors if they can only perform fixed-point multi¬
plies and adds, or as floating-point processors if they can perform floating-point oper¬
ations.
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The precision of a particular class of A/D and D/A converters (classified in terms
of cost or maximum sampling rate) has been slowly increasing at a rate of about one
bit every two years. At the same time the speed (or maximum sampling rate) has also
been increasing. The dynamic range of many algorithms is higher at the output than at
the input and intermediate results are often not constrained to any particular dynamic
range. This requires that intermediate results be scaled using a shift operator when a
fixed-point DSP is used. This will require more cycles for a particular algorithm in
fixed-point than on an equal floating-point processor. Thus, as the A/D and D/A re¬
quirements for a particular application require higher speeds and more bits, a
fixed-point DSP may need to be replaced with a faster processor with more bits. Also,
the fixed-point program may require extensive modification to accommodate the greater
precision.

In general, floating-point DSPs are easier to use and allow a quicker time-to-
market than processors that do not support floating-point formats. The extent to which
this is true depends on the architecture of the floating-point processor. High-level lan¬
guage programmability, large address spaces, and wide dynamic range associated with
floating-point processors allow system development time to be spent on algorithms and
signal processing problems rather than assembly coding, code partitioning, quantization
error, and scaling. In the remainder of this chapter, floating-point digital signal proces¬
sors and the software required to develop DSP algorithms are considered in more de¬
tail.

3.1 TYPICAL FLOATING-POINT DIGITAL SIGNAL PROCESSORS

This section describes the general properties of the following three floating-point DSP
processor families: AT&T DSP32C and DSP3210, Analog Devices ADSP-21020 and
ADSP-21060, and Texas Instruments TMS320C30 and TMS320C40. The information
was obtained from the manufacturers’ data books and manuals and is believed to be an
accurate summary of the features of each processor and the development tools available.
Detailed information should be obtained directly from manufacturers, as new features are
constantly being added to their DSP products. The features of the three processors are
summarized in sections 3.1.1, 3.1.2, and 3.1.3.

The execution speed of a DSP algorithm is also important when selecting a proces¬
sor. Various basic building block DSP algorithms are carefully optimized in assembly
language by the processor’s manufacturer. The time to complete a particular algorithm is
often called a benchmark. Benchmark code is always in assembly language (sometimes
without the ability to be called by a C function) and can be used to give a general mea¬
sure of the maximum signal processing performance that can be obtained for a particular
processor. Typical benchmarks for the three floating-point processor families are shown
in the following table. Times are in microseconds based the on highest speed processor
available at publication time.
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‘Cycle counts for DSP32C and DSP3210 are clock cycles including wait states (1 instruction = 4 clock cvcles). ''J'

DSP32C
DSP3210

ADSP21020
ADSP21060

TMS320C30 TMS320C40
Maximum Instruction
Cycle Speed (MIPs) 20 40 20 30
1024 Complex cycles 161311* 19245 40457 38629BFT with bitreverse time 2016.4 481.13 2022.85 •287 63FIR Filter cycles 187* 44 45 42 ~
(35 Taps) time 2.34 1.1 2.25 1.4IIR Filter cycles 85* 14 23 21 ~~
(2 Biquads) time 1.06 0.35 1.15 ~0/7
4x4 * 4x1 cycles 80* 24 58 37
Matrix Multiply time 1.0 0.6 2.9 1.23

3.1.1 AT&T DSP32C and DSP3210

Figure 3.1 shows a block diagram of the DSP32C microprocessor manufactured byAT&T (Allentown, PA). The following is a brief description of this processor providedby AT&T.
The DSP32C’s two execution units, the control arithmetic unit (CAU) and the dataarithmetic unit (DAU), are used to achieve the high throughput of 20 million instruc¬

tions per second (at the maximum clock speed of 80 MHz). The CAU performs 16- or24-bit integer arithmetic and logical operations, and provides data move and control ca¬pabilities. This unit includes 22 general purpose registers. The DAU performs 32-bitfloating-point arithmetic for signal processing functions. It includes a 32-bit floating¬point multiplier, a 40-bit floating-point adder, and four 40-bit accumulators. The multi¬plier and the adder work in parallel to perform 25 million floating-point computationsper second. The DAU also incorporates special-purpose hardware for data-type conver-sions.
On-chip memory includes 1536 words of RAM. Up to 16 Mbytes of external mem¬ory can be directly addressed by the external memory interface that supports wait states

and bus arbitration. All memory can be addressed as 8-, 16- or 32-bit data, with the 32-bit
data being accessed at the same speed as 8- or 16-bit data.

The DSP32C has three I/O ports: an external memory port, a serial port and a 16-bit
parallel port. In addition to providing access to commercially available memory, the ex¬
ternal memory interface can be used for memory mapped I/O. The serial port can inter¬
face to a time division multiplexed (TDM) stream, a codec, or another DSP32C. The par¬
allel port provides an interface to an external microprocessor. In summary, some of the
key features of the DSP32C follow.
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FIGURE 3.1 Block diagram of DSP32C processor (Courtesy AT&T).
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KEY FEATURES

• 63 instructions, 3-stage pipeline
• Full 32-bit floating-point architecture for increased precision and dynamic range
• Faster application evaluation and development yielding increased market leverage
• Single cycle instructions, eliminating multicycle branches
• Four memory accesses/instruction for exceptional memory bandwidth
• Easy-to-leam and read C-like assembly language
• Serial and parallel ports with DMA for clean external interfacing
• Single-instruction data conversion for IEEE P754 floating-point, 8-, 16-, and 24-bit

integers, p-law, A-Law and linear numbers
• Fully vectored interrupts with hardware context saving up to 2 million intermpts

per second
• Byte-addressable memory efficiently storing 8- and 16-bit data
• Wait-states of 1/4 instruction increments and two independent external memory

speed partitions for flexible, cost-efficient memory configurations

DSP Microprocessors in Embedded Systems Chap. 3

DESCRIPTION OF AT&T HARDWARE DEVELOPMENT HARDWARE

• Full-speed operation of DSP32C (80 MHz)

• Serial I/O through an AT&T T7520 High Precision Codec with mini-BNC connec¬
tors for analog input and output

• Provision for external serial I/O through a 34-pin connector
• Upper 8-bits of DSP32C parallel I/O port access via connector
• DSP32C Simulator providing an interactive interface to the development system.
• Simulator-controlled software breakpoints; examining and changing memory con¬

tents or device registers

Figure 3.2 shows a block diagram of the DSP3210 microprocessor manufactured by
AT&T. The following is a brief description of this processor provided by AT&T.

AT&T DSP3210 DIGITAL SIGNAL PROCESSOR FEATURES

• 16.6 million instructions per second (66 MHz clock)

• 63 instructions, 3-stage pipeline
• Two 4-kbyte RAM blocks, 1-kbyte boot ROM
• 32-bit barrel shifter and 32-bit timer
• Serial I/O port, 2 DMA channels, 2 external interrupts
• Full 32-bit floating-point arithmetic for fast, efficient software development
• C-like assembly language for ease of programming
• AH single-cycle instructions; four memory accesses/instruction cycle
• Hardware context save and single-cycle PC relative addressing
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FIGURE 3.2 Block diagram of DSP3210 processor (Courtesy AT&T).
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• Microprocessor bus compatibility (The DSP3210 is designed for efficient bus m™sx™: dsp32'° ,o

• 32-bit, byte-addressable address space allowing the DSP3210 and a microproce«„to share the same address space and to share pointer values. r
• Retry, relinquish/retry, and bus error support
• Page mode DRAM support
• Direct support for both Motorola and Intel signaling

AT&T DSP3210 FAMILY HARDWARE DEVELOPMENT SYSTEM DESCRIPTION
The MP3210 implements one or two AT&T DSP3210 32-bit floating-point DSPs with adi8ital 1/0 “d professional audio signal I/O.MP3210 holds up to 2 Mbytes of dynamic RAM (DRAM). The DT-Connect interface enables real-time video I/O. MP3210 systems include: the processor card; C Host driven
ffie AT&T fXamPleS UtihitieS’ With SOUfCe COde; User’S Manual;the AT&T DSP3210 Information Manual. DSP3210 is the low-cost MultimediaProcessor of Choice. New features added to the DSP3210 are briefly outlined below

USER BENEFITSDSP3210 FEATURES
• Speeds up to 33 MFLOPS

• 2k x 32 on-chip RAM

• Full, 32-bit, floating-point
• All instructions are single cycle
• Four memory accesses per

instruction cycle
• Microprocessor bus compatibility

• 32-bit byte-addressable designs.
• Retry, relinquish/retry
• error support

• Boot ROM
• Page mode DRAM support
• Directly supports 680X0

and 80X86 signaling

The high performance and large on-chip
memory space enable
fast, efficient processing of complex algo¬
rithms.
Ease of programming/higher performance.

Designed for efficient bus master.
This allows the DSP3210 address space to
easily be incorporated into pP
bus-based designs. The 32-bit, byte-
addressable space allows the
DSP3210 and a pP to share the same
address space and to share pointer
values as well.

Higher performance.

3.1.2 Analog Devices ADSP-210XX
Figure 33 shows a block diagram of the ADSP-21020 microprocessor manufactured by

MA)- ADSP-21060 core processor is similar to theADSP-21020 The ADSP-21060 (Figure 3.4) also includes a large on-chip memory, aDMA controller, serial ports, link ports, a host interface and multiprocessing features

105

FIGURE
3.3
Block
diagram
of
ADSP-21020

processor
(Courtesy
Analog
Devices.)
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FIGURE
3.4
Block
diagram
of
ADSP-21060

processor
(Courtesy
Analog
Devices.)
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with the core processor. The following is a brief description of these processors provided
by Analog Devices.

The ADSP-210XX processors provide fast, flexible arithmetic computation units,
unconstrained data flow to and from the computation units, extended precision and dy¬
namic range in the computation units, dual address generators, and efficient program se¬
quencing. All instructions execute in a single cycle. It provides one of the fastest cycle
times available and the most complete set of arithmetic operations, including seed 1/x,
min, max, clip, shift and rotate, in addition to the traditional multiplication, addition, sub¬
traction, and combined addition/subtraction. It is IEEE floating-point compatible and al¬
lows interrupts to be generated by arithmetic exceptions or latched status exception han¬
dling.

The ADSP-210XX has a modified Harvard architecture combined with a 10-port
data register file. In every cycle two operands can be read or written to or from the regis¬
ter file, two operands can be supplied to the ALU, two operands can be supplied to the
multiplier, and two results can be received from the ALU and multiplier. The processor’s
48-bit orthogonal instruction word supports fully parallel data transfer and arithmetic op¬
erations in the same instruction.

The processor handles 32-bit IEEE floating-point format as well as 32-bit integer
and fractional formats. It also handles extended precision 40-bit IEEE floating-point for¬
mats and carries extended precision throughout its computation units, limiting data trun¬
cation errors.

The processor has two data address generators (DAGs) that provide immediate or
indirect (pre- and post-modify) addressing. Modulus and bit-reverse addressing opera¬
tions are supported with no constraints on circular data buffer placement. In addition to
zero-overhead loops, the ADSP-210XX supports single-cycle setup and exit for loops.
Loops are both nestable (six levels in hardware) and interruptable. The processor sup¬
ports both delayed and nondelayed branches. In summary, some of the key features of the
ADSP-210XX core processor follow:

• 48-bit instruction, 32/40-bit data words

• 80-bit MAC accumulator
• 3-stage pipeline, 63 instruction types
• 32 x 48-bit instruction cache
• 10-port, 32 x 40-bit register file (16 registers per set, 2 sets)

• 6-level loop stack
• 24-bit program, 32-bit data address spaces, memory buses
• 1 instruction/cycle (pipelined)
• 1-cycle multiply (32-bit or 40-bit floating-point or 32-bit fixed-point)
• 6-cycle divide (32-bit or 40-bit floating-point)
• 2-cycle branch delay
• Zero overhead loops
• Barrel shifter
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3.1.3 Texas Instruments TMS320C3X and TMS320C40

• Algebraic syntax assembly language
• Multifunction instructions with 4 operations per cycle
• Dual address generators
• 4-cycle maximum interrupt latency

• 4 stage pipeline, 113 instructions
• One 4K x 32-bit single-cycle dual access on-chip ROM block
• Two IK x 32-bit single-cycle dual access on-chip RAM blocks
• 64 x 32-bit instruction cache
• 32-bit instruction and data words, 24-bit addresses *

• 40/32-bit floating-point/integer multiplier and ALU
• 32-bit barrel shifter

Multiport register file: Eight 40-bit extended precision registers (accumulators)
Two address generators with eight auxiliary registers and two arithmetic units

• On-chip direct memory access (DMA) controller for concurrent I/O
• Integer, floating-point, and logical operations
• Two- and three-operand instructions
• Parallel ALU and multiplier instructions in a single cycle
• Block repeat capability
• Zero-overhead loops with single-cycle branches
• Conditional calls and returns

DSP Microprocessors in Embedded Systems 1Chap. 3 ’

Figure 3.5 shows a block diagram of the TMS320C30 microprocessor and FiOT,„ , ishows the TMS320C40, both manufactured by Texas Instruments (Houston ITMS320C30 and TMS320C40, processors are similar in architecture except that^ 1TMS320C40 provides hardware support for multiprocessor configurations The foil •
6 Iis a brief description of the TMS32OC3O processor as provided by Texas Instalment 1The TMS320C30 can perform parallel multiply and ALU operations on inteee Ifloating-point data in a single cycle. The processor also possesses a general pu™ iregister file, program cache, dedicated auxiliary register arithmetic units (ARAU) Inal dual-access memories, one DMA channel supporting concurrent I/O, and a sh n Imachine-cycle time. High performance and ease of use are products of these features ° 1General-purpose applications are greatly enhanced by the large address space muL 1tiprocessor interface, internally and externally generated wait states, two external inter- 1face ports, two timers, two serial ports, and multiple interrupt structure. High-level lan- 1guage is more easily implemented through a register-based architecture, large address 1space, powerful addressing modes, flexible instruction set, and well-supported floatine 1point arithmetic. Some key features of the TMS320C30 are listed below I
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FIGURE 3.6 Block diagram of TMS320C40 processor (Courtesy Texas Instruments).
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• Interlocked instructions for multiprocessing support
• Two 32-bit data buses (24- and 13-bit address)
• Two serial ports
• DMA controller
• Two 32-bit timers

3.2 TYPICAL PROGRAMMING TOOLS FOR DSP

The manufacturers of DSP microprocessors typically provide a set of software tools de¬
signed to enable the user to develop efficient DSP algorithms for their particular proces¬
sors. The basic software tools provided include an assembler, linker, C compiler, and
simulator. The simulator can be used to determine the detailed timing of an algorithm and
then optimize the memory and register accesses. The C compilers for DSP processors
will usually generate assembly source code so that the user can see what instructions are
generated by the compiler for each line of C source code. The assembly code can then be
optimized by the user and then fed into the assembler and linker.

Most DSP C compilers provide a method to add in-line assembly language routines
to C programs (see section 3.3.2). This allows the programmer to write highly efficient
assembly code for time-critical sections of a program. For example, the autocorrelation
function of a sequence may be calculated using a function similar to a FIR filter where
the coefficients and the data are the input sequence. Each multiply-accumulate in this al¬
gorithm can often be calculated in one cycle on a DSP microprocessor. The same C algo¬
rithm may take 4 or more cycles per multiple-accumulate. If the autocorrelation calcula¬
tion requires 90 percent of the time in a C program, then the speed of the program can be
improved by a factor of about 3 if the autocorrelation portion is coded in assembly lan¬
guage and interfaced to the C program (this assumes that the assembly code is 4 times
faster than the C source code). The amount of effort required by the programmer to create
efficient assembly code for just the autocorrelation function is much less than the effort
required to write the entire program in assembly language.

Many DSP software tools come with a library of DSP functions that provide highly
optimized assembly code for typical DSP functions such as FFTs and DFTs, FIR and HR
filters, matrix operations, correlations, and adaptive filters. In addition, third parties may
provide additional functions not provided by the manufacturer. Much of the DSP library
code can be used directly or with small modifications in C programs.

3.2.1 Basic C Compiler Tools

AT&T DSP32C software development tools. The DSP32C’s C Compiler
provides a programmer with a readable, quick, and portable code generation tool com¬
bined with the efficiency provided by the assembly interface and extensive set of library
routines. The package provides for compilation of C source code into DSP32 and
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libap Application Software Library, complete C-callable set of DSP routines

A subset of the Standard C Library
Math Library

libc
libm

Analog devices ADSP-210XX C tools. The C tools for the ADSP-21000
family let system developers program ADSP-210XX digital signal processors in ANSI C.
Included are the following tools: the G21K C compiler, a runtime library of C functions,
and the CBUG C Source-Level Debugger. G21K is Analog Devices’ port of GCC, the s
GNU C compiler from the Free Software Foundation, for the ADSP-21000 family of dig- |
ital signal processors. G21K includes Numerical C, Analog Devices’ numerical process- |

DSP3210 support software library. The ST package provides assembly
level programming. The primary tools of the package are the assembler, linker/loader,
and a simulator for program development, testing, and debugging. A 32C to 3210 assem¬
bly code translator assists developers who are migrating from the DSP32C device.
Additional utilities are library archiver, mask ROM formatter, object code disassembler,
object file dumper, symbol table lister, and object code size reporter. The AT&T
Application Software Library includes over ninety subroutines of typical operations for
arithmetic, matrix, filter, adaptive filter, FFT, and graphics/imaging applications. All files
are assembly source and each subroutine has an example test program.

AT&T DSP3210 software development tools. This package includes a C
language compiler, libraries of standard C functions, math functions, and digital signal
processing application functions. A C code usage example is provided for each of the
math and application library routines. The C Compiler also includes all of the assem¬
bler, simulator, and utility programs found in the DSP3210 ST package. Since the C
libraries are only distributed as assembled and then archived “.a” files, a customer may
also find the DSP3210-AL package useful as a collection of commented assembly code
examples.

DSP32C assembly code, an assembler, a simulator, and a number of other useful utT •
for source and object code management. The three forms of provided libraries are-

DSP32C support software library. This package provides assembly-lev
programming. Primary tools are the assembler, linker/loader, a make utility that provide Ibetter control over the assembly and link/load task, and a simulator for program debu * Iging. Other utilities are: library archiver, mask ROM formatter, object file dumper sym 1bol table lister, object file code size reporter, and EPROM programmer formatter. The SL Ipackage is necessary for interface control of AT&T DSP32C Development Systems I

The Application Library has over seven dozen subroutines for arithmetic, matrix 1
filter, adaptive filter, FFT, and graphics/imaging applications. All files are assemblysource and each subroutine has an example test program. Version 2.2.1 adds four routines ?for sample rate conversion. i
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ing extensions to the C language based on the work of the ANSI Numerical C Extensions
Group (NCEG) subcommittee.

The C runtime library functions perform floating-point mathematics, digital signal
processing, and standard C operations. The functions are hand-coded in assembly lan¬
guage for optimum runtime efficiency. The C tools augment the ADSP-21000 family
assembler tools, which include the assembler, linker, librarian, simulator, and PROM
splitter.

Texas Instruments TMS320C30 C tools. The TMS320 floating-point C
compiler is a full-featured optimizing compiler that translates standard ANSI C programs
into TMS320C3x/C4x assembly language source. The compiler uses a sophisticated opti¬
mization pass that employs several advanced techniques for generating efficient, compact
code from C source. General optimizations can be applied to any C code, and target-
specific optimizations take advantage of the particular features of the TMS320C3x/C4x
architecture. The compiler package comes with two complete runtime libraries plus the
source library. The compiler supports two memory models. The small memory model en¬
ables the compiler to efficiently access memory by restricting the global data space to a
single 64K-word data page. The big memory model allows unlimited space.

The compiler has straightforward calling conventions, allowing the programmer to
easily write assembly and C functions that call each other. The C preprocessor is inte¬
grated with the parser, allowing for faster compilation. The Common Object File Format
(COFF) allows the programmer to define the system’s memory map at link time. This
maximizes performance by enabling the programmer to link C code and data objects into
specific memory areas. COFF also provides rich support for source-level debugging. The
compiler package includes a utility that interlists original C source statements into the as¬
sembly language output of the compiler. This utility provides an easy method for inspect¬
ing the assembly code generated for each C statement.

All data sizes (char, short, int, long, float, and double) are 32 bits. This
allows all types of data to take full advantage of the TMS320Cx/C4x’s 32-bit integer and
floating-point capabilities. For stand-alone embedded applications, the compiler enableslinking all code and initialization data into ROM, allowing C code to run from reset.

3.2.2 Memory Map and Memory Bandwidth Considerations
Most DSPs use a Harvard architecture with three memory buses (program and two datamemory paths) or a modified Harvard architecture with two memory buses (one bus isshared between program and data) in order to make filter and FFT algorithms execute
much faster than standard von Neumann microprocessors. Two separate data and addressbusses allow access to filter coefficients and input data in the same cycle. In addition,
most DSPs perform multiply and addition operations in the same cycle. Thus, DSPs exe¬cute FIR filter algorithms at least four times faster than a typical microprocessor with thesame MIPS rating.

The use of a Harvard architecture in DSPs causes some difficulties in writing Cprograms that utilize the full potential of the multiply-accumulate structure and the multi-
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pie memory busses. All three manufacturers of DSPs described here provide a method to
assign separate physical memory blocks to different C variable types. For example, auto
variables that are stored on the heap can be moved from internal memory to external
memory by assigning a different address range to the heap memory segment. In the as¬
sembly language generated by the compiler the segment name for a particular C variable
or array can be changed to locate it in internal memory for faster access or to allow it to
be accessed at the same time as the other operands for the multiply or accumulate opera¬
tion. Memory maps and segment names are used by the C compilers to separate different
types of data and improve the memory bus utilization. Internal memory is often used for
coefficients (because there are usually fewer coefficients) and external memory is used
for large data arrays.

The ADSP-210XX C compiler also supports special keywords so that any C vari¬
able or array can be placed in program memory or data memory. The program memory is
used to store the program instructions and can also store floating-point or integer data.
When the processor executes instructions in a loop, an instruction cache is used to allow
the data in program memory (PM) and data in the data memory (DM) to flow into the
ALU at full speed. The pm keyword places the variable or array in program memory, and
the dm keyword places the variable or array in data memory. The default for static or
global variables is to place them in data memory.

3.2.3 Assembly Language Simulators and Emulators

Simulators for a particular DSP allow the user to determine the performance of a DSP al¬
gorithm on a specific target processor before purchasing any hardware or making a major
investment in software for a particular system design. Most DSP simulator software is
available for the IBM-PC, making it easy and inexpensive to evaluate and compare the
performance of several different processors. In fact, it is possible to write all the DSP ap¬
plication software for a particular processor before designing or purchasing any hard¬
ware. Simulators often provide profiling capabilities that allow the user to determine the
amount of time spent in one portion of a program relative to another. One way of doing
this is for the simulator to keep a count of how many times the instruction at each address
in a program is executed.

Emulators allow breakpoints to be set at a particular point in a program to examine
registers and memory locations, to determine the results from real-time inputs. Before a
breakpoint is reached, the DSP algorithm is running at full speed as if the emulator were
not present. An in-circuit emulator (ICE) allows the final hardware to be tested at full
speed by connecting to the user’s processor in the user’s real-time environment. Cycle
counts can be determined between breakpoints and the hardware and software timing of a
system can be examined.

Emulators speed up the development process by allowing the DSP algorithm to run
at full speed in a real-time environment. Because simulators typically execute DSP pro¬
grams several hundred times slower than in real-time, the wait for a program to reach a
particular breakpoint in a simulator can be a long one. Real world signals from A/D con¬
verters can only be recorded and then later fed into a simulator as test data. Although the
test data may test the algorithm performance (if enough test data is available), the timing
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of the algorithm under all possible input conditions cannot be tested using a simulator.
Thus, in many real-time environments an emulator is required.

The AT&T DSP32C simulator is a line-oriented simulator that allows the user to
examine all of the registers and pipelines in the processor at any cycle so that small pro¬
grams can be optimized before real-time constraints are imposed. A typical computer dia¬
log (user input is shown in bold) using the DSP32C simulator is shown below (courtesy
of AT&T):

$im: SHOWRW-1
$im: b end
bp set at addr 0x44

breakpoint at end{0x000044} decode:*r7 = aO = al + *r3
$im: r7.f

$im:
12 1

run
r000004* * |0000: rll = 0x7f(127)

16 1 r000008* * w00007c* |0004: * r2 = rill
20 r00000c** r00007c*|0008: a3 = *r2
25 rOOOOlO** r5a5a5a* *|000c: rlOl = * rl
30 r000014* * * * |0010: NOP
34 r000018* * it |0014: rlO = rlO + 0xff81(-127)
38 rOOOOlc* * W000080* |0018: * r3 = rlO
42 r000020** it * r000080*|001c: *r3 = aO = float(*r3)
47 r000024** it it |0020: aO = a3 * a3
52 r000028* * r000074* r000070**|0024: al = *r4— + a3 * *r4—
57 I r00002c** r000068* r000064**|0028: a2 = *r5— + a3 * *r5-
63 r000030**w000080** * * |002c: aO = aO * a3
69 r000034* * r00006c* |0030: al = *r4 + al * a3
73 I r000038** r00005c* r000058**|0034: a3 = *r6— + a3 * *r6—
79 r00003c** it r00007c* r000060**|0038: a2 = *r5 + a2 * *r2
85|r000040** * |003c: al = al + aO
90 r000044* * r000080* 0040: *r7 = aO = al + *r3

r7 = 16.000000
$im: nwait.d
nwait = 16

In the above dialog the flow of data in the four different phases of the DSP32C in¬
struction cycle are shown along with the assembly language operation being performed.
The cycle count is shown on the left side. Register r7 is displayed in floating-point after
the breakpoint is reached and the number of wait states is also displayed. Memory reads
are indicated with anr and memory writes with a w. Wait states occurring when the same
memory is used in two consecutive cycles are shown with **.

AT&T DSP32C EMULATION SYSTEM DESCRIPTION

• Real-time application development
• Interactive interface to the ICE card(s) provided by the DSP32C simulator through

the high-speed parallel interface on the PC Bus Interface Card
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File Help
(Fixed)

_play_f if : Program Henory (Disassenbled/T)

— Hctiue Register File (Hex)

Target Halted 88:12:47' I

RAH
RAH
RAH
RAH
RAH
RAH

ieeeeeeeei
1000000611
t00000062]
[66066063]
[666666641
[666666651

-167811672
147128993
156633879
-68615185
-372968788
-569122157

RAH
RAH
RAH
RAH
RAH
RAH
RAH
RAH
RAH
RAH
RAH
RAH
RAH *
RAH
RAH
RAH
RAH
RAH
RAH
_L21:

[0602del
[6662df 1
[0O02e01
[0002ell
[0002e2]
>[0002e31
[0002e41
[6662e51
[0062e61
[6662e71
[00O2e81
[0662e91
[6662eal
[00O2ebl
[eeezeci
[0OO2edl
[6062eel
[0062ef 1
[6662f6J

conp(r2,r4);
if ge junp _L20 (db);
nop;
nop;
r2=dn(6xfffffffa,i6);
r4=ashift r2 by 6x3;
r9=8x32f5;
rZ=r4+r9;
rl2=0x473f;
r8=6x4749;
r4=r2;
il3=6x2ec;
junp _note (db);
r2=i6;
16=i7;
rl2=r0;
r8=dn(6xfffffff5,i6);
f2=fB*f12;
dn(0xfffffff5,i6)=r2;

[ CycleCounter
578324791

FIGURE 3.7 ADSP-21020 simulator displaying assembly language and processor
registers (Courtesy Analog Devices.)

Core Henory Execution Setup
Data Henory
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Figure 3.7 shows a typical screen from the ADSP-21020 screen-oriented simulator Th-simulator allows the timing and debug of assembly language routines. The user int rf
S

of the simulator lets you completely control program execution and easily chanscontents of registers and memory. Breakpoints can also be set to stop execution of hprogram at a particular point. The ADSP-21020 simulator creates a representatio fthe device and memory spaces as defined in a system architecture file. It can also s” ”late input and output from I/O devices using simulated data files. Program execution'"111be observed on a cycle-by-cycle basis and changes can be made on-line to correct erro*"The same screen based interface is used for both the simulator and the in-circuit emui*tor. A C-source level debugger is also available with this same type of interface (see
3

tion 3.3.1). tee sec¬
Figure 3.8 shows a typical screen from the TMS320C30 screen-oriented simulatorThis simulator allows the timing of assembly language routines as well as C source codebecause it shows the assembly language and C source code at the same time. All of theregisters can be displayed after each step of the processor. Breakpoints can also be set tostop execution of the program at a particular point.

• Simulator-controlled software breakpoints; examine and change memory cor device registers " °ntcnts
• For multi-ICE configuration selection of which ICE card is active bv the .j simulator

R0: 45Bdde5a00 R8: 0000000068
Rl: 0000600100 R9: 6866888808
R2: 6000000060 R10: eoeeeeeeeo
R3: 7dblaab266 Rll: fffffffdee
R4: O0O0OO0400 R12: 458dde5a88
R5: 457d200O00 R13: c833181cdb
R6: 0000000000 R14: ffffffffff
R7: 8a01018656 R15: 8fc3f6f8ff
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percent_pass = 86.6;

3.3 ADVANCED C SOFTWARE TOOLS FOR DSP

3.3.1 Source Level Debuggers

Run=F5

PC
R0
R2
R4
R6
AR0
AR2
AR4
AR6

66668613
63126e68
66666606
66666666
66666666
ic4eeeee
66666666
88666060
00666600

SP
RI
R3
R5
R7
ARI
AR3
AR5
AR7

CALL
RHD
HPYF
STF
FLOAT
LDFH
LDFGE
ADDF
HPTF

8066
8667
8868
8869
8878
8871
8872
COMMAND’

88808f
88061®
000611
808012
000013
000014
000015
000816

11666000
8a40830f
1448838d
05a88682
43al09b3
45618600
81860001
88687486

IHU_F36
R8,R8
•♦AR3(15),R8
R8,»+AR3(13)
Bratio,RO
809b3H,Rl
6.66,RI
R1,R8
266.80,RO

float signal_in:
int «signal_in_ptr;

rCALLS
1: nain()

84 Synbols loaded
Done
go nain 066008 07616206 1441636f 05a06682 43a209b3»eeeooc 45628606 61866602 6a667486 62000233|

Step -F8 ;:: Next -F10 /

60066a18a
ae48e8a6
86666666
66666666
66066666
86666616
eeoee9fb
00888808»
68666666

^SsASSENBL^—

860017
FILE: ch2.c

FIGURE 3.8 TMS320C30 simulator in mixed mode assembly language mode(Courtesy Texas Instruments.)

a 666066 8f268888 88868814 8274661a 8fa68808A|666664 0fZc8888 ef2d8006 67288962 144863181866008 07616200 1441630f

This section describes some of the more advanced software tools available for floating¬point DSP microprocessors. Source-level debugging of C source code is described in thenext section. Section 3.3.2 describes several assembly language interfaces often used inDSP programming to accelerate key portions of a DSP algorithm. Section 3.3.3 illustratesdie numeric C extensions to the C language using DSP algorithms as examples (seeSection 2.10 for a description of numeric C).

Communication Automation & Control (CAC), Inc. (Allentown, PA) offers a debuggerfor DSP32C assembly language with C-source debugging capability. Both versions arecompatible with the following vendors’ DSP32C board for the AT computer under MS-DOS: all CAC boards, Ariel, AT&T DSP32C-DS and ICE, Burr-Brown ZPB34, DataTranslation, Loughborough Sound Images, and Surrey Medical Imaging Systems. C-source code of the drivers is provided to enable the user to port either debugger to an un¬supported DSP32C based board.
Both D3EMU (assembly language only) and D3BUG (C-source and mixed assem-biy code) are screen-oriented user-friendly symbolic debuggers and have the followingfeatures: 6

fp = percent_pass/(208.0»ratio);
fa = (200.6 - percentpass)z(286.8»ratio);

1rHEHOR V
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• Single-step, multiple breakpoints, run at full speed
• Accumulator/register/mem displays updated automatically after each step
• Global variables with scrolling
• Stand-alone operation or callable by host application

D3BUGONLY

• C-source and assembly language mixed listing display modes.
• Local and watch variables.
• Stack trace display.
• Multiple source files/directories with time stamp check.

Figure 3.9 shows a typical screen generated using the D3BUG source level debug¬
ger with the DSP32C hardware executing the program. Figure 3.9 shows the mixed as-
sembly-C source mode of operation with the DSP32C registers displayed. Figure 3.10
shows the C source mode with the global memory location displayed as the entire C pro¬
gram is executed one C source line at a time in this mode.

Figure 3.11 shows a typical screen from the ADSP-21020 simulator when C source
level debugging is being performed using CBUG. C language variables can be displayed
and the entire C program can be executed one C source line at a time in this mode. This
same type of C source level debug can also be performed using the in-circuit emulator.

acc break cont disk goto halt izo new code quit reg step wars nix !-DOS ’-help

ae: e.8oee9eee*eee al: 0.00000006*000 az: 0.00000006*000 a3: 1.70000880*036

— REGISTERS
0000b4: 94Zeffe8 rle=rl4*8xffffe8
8088b8: 30988477 ~rl4**=a8=«r1
eeeebc: 88988888 nop
eeeece: 88998898 nop
8988c4: c8618888 rle=freqZ
8888c8: 38988477 T14**=a8=»rl
9080CC: 88988888 nop

1:8x838888 freqZ
Z:8xfff834
3:0xfff83c
4:8x838888 _1
5:8x888191
6:8xfffd9a
?:8xfffffd
8:8xlcf81b

8888d4: c81488d8 rl8e=9x00d8
oeeedu: BaUeeeeB rl4e=rl4-8
8889dc: c8618910 rle=freq_rat io2
0900e0: 39Z99998 «rl=al=a0
0000e4: 99999099 nop
9961> osc1nit(freq_rat lol,state_uariablesl);
9999eB: C6619814 rle=state_variablesl
0999ec: Ifel81d5 »rl4**rl9=rle
906010: cBb1808c rle=freq_ratlol
eeeef4: 3898847? »rl4**=a0=«rl
6080f8: 88988888 nop
8888fc: e81484d4 call oscInit (rlB)
888188: C8148184 rl8e=8x8104
988184: 9aBe6008 rl4e=rl4-8

9:8xbfa335
18:8xfffffc
11:8x88485a
lZ:0xf933e3
13:8xfff888
14:8xfff838
15:8xffffff
16:8xffffff
17:8x5ee7ff
18:0x8090a0
19:8x888884
Z8:8xl6bfll
21:8x888888
22:8xffffff

FIGURE 3.9 DSP32C debugger D3BUG in mixed assembly C-source mode (Courtesy
Communication Automation & Control (CAC), Inc. (Allentown, PA).)
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datalt8J
03002c: Z.685S59e-983

dataZiei
03622c: 2.685559e-093

data_in[81
03842c: 2.685559e-003

data_outt8)
93062c: Z.685559e-883

errno
030000: 805319799

f indnax
00038c: 536084951

freql
030004: 1.933384e*026

freqZ
030008: 1.933384e*926

freq_ratiol
03008c: 1.933384e*026
freq_ratio2

030010: 1.933384e*826
loglO

000410: 809501047

0050brealt C°nt diSR 9°tO 1/0 "e" C°de ,Uit reS Step Mars "ix ,-DOS ?-help
0051 z» Select two frequencies
005Z> freql = 576.8;
0953> freqZ = 147Z.0;
8054
8055 z<* Calculate the frequency ratio between the sei
8056 z» sanpl ing rate for both oscillators. »z

8059
8868 z* Initialize each oscillator «*z
8061> oscinit(freq_ratiol,state_uariablesl);
0062> oscinit(freq_ratioZ,state_uariables2);
8863
8864 Generate 128 sanpies for each oscillator «z8865> oscN(state_varlablesl,128,datal);
8866> oscN(state_variablesZ,128,data2);
8867
8868 z* Add the two waueforns together *»z
8069> add_tones(datal,data2);
8078
0871 z- Now conpute the fft using the AT8T applicatio
8072> rfftaC12B,7,data_in);
0673

FIGURE 3.10 DSP32C debugger D3BUG in C-source mode (Courtesy CommunicationAutomation & Control (CAC), Inc. (Allentown, PA).)

file Core Nenory Execution Setup Help
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ford = 8 ; 1 < end! ; i**) {
sig_out = 0.0;
for(v=8;u< vnun ; u**) t

sf0—out += notetdnotesluJ,tbreaks.rates);

FIGURE 3.11 ADSP-21020 simulator displaying C source code (Courtesy AnalogDevices.) a
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FIGURE 3.12 TMS320C30 simulator in C-source mode (Courtesy Texas Instruments.)

Figure 3.12 shows a typical screen from the TMS32OC3O simulator when C sourcelevel debugging is being performed. C language variables can be displayed and the entireC program can be executed one C source line at a time in this mode.

3.3.2 Assembly-C Language Interfaces

The DSP32C/DSP3210 compiler provides a macro capability for in-line assembly lan¬
guage and the ability to link assembly language functions to C programs. In-line assem¬
bly is useful to control registers in the processor directly or to improve the efficiency of
key portions of a C function. C variables can also be accessed using the optional operands
as the following scale and clip macro illustrates:

asm void scale(flt_ptr,scale_f,clip)
{
% ureg flt_ptr,scale_f,clip;
aO = scale_f * *flt_ptr
al = -aO + clip
aO = ifalt(clip)
*flt_ptr++ = aO = aO
}

Assembly language functions can be easily linked to C programs using several
macros supplied with the DSP32C/DSP321O compiler that define the beginning and the
end of the assembly function so that it conforms to the register usage of the C compiler.
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The macro SB saves the calling function’s frame pointer and the return address. Themacro SEO reads the return address off the stack, performs the stack and frame pointeradjustments, and returns to the calling function. The macros do not save registers used inthe assembly language code that may also be used by the C compiler—these must besaved and restored by the assembly code. All parameters are passed to the assembly lan¬guage routine on the stack and can be read off the stack using the macro param( ), whichgives the address of the parameter being passed.
The ADSP-210XX compiler provides an asm ( ) construct for in-line assembly lan¬guage and the ability to link assembly language functions to C programs. In-line assem¬bly is useful for direcdy accessing registers in the processor, or for improving the effi¬

ciency of key portions of a C function. The assembly language generated by asm( ) isembedded in the assembly language generated by the C compiler. For example,asmCbit set imask 0x40;") will enable one of the interrupts in one cycle. Cvariables can also be accessed using the optional operands as follows:

asm("%0=clip %1 by %2;" : ”=d" (result) : "d" (x), "d" (y));

where result, x and y are C language variables defined in the C function where themacro is used. Note that these variables will be forced to reside in registers for maximumefficiency.
ADSP-210XX assembly language functions can be easily linked to C programs

using several macros that define the beginning and end of the assembly function so that itconforms to the register usage of the C compiler. The macro entry saves the callingfunction s frame pointer and the return address. The macro exit reads the return addressoff the stack, performs the stack and frame pointer adjustments, and returns to the callingfunction. The macros do not save registers that are used in the assembly language codewhich may also be used by the C compiler—these must be saved and restored by the as¬sembly code. The first three parameters are passed to the assembly language routine inregisters r4, r8, and rl2 and the remaining parameters can be read off the stack using themacro reads ( ) . 6

The TMS32OC3O compiler provides an asn( ) construct for in-line assembly lan¬guage. In-line assembly is useful to control registers in the processor directly The assem¬bly language generated by asm( ) is embedded in the assembly language generated bythe C compiler. For example, asm( - ldi ©mask,IE" ) will unmask some of the in¬terrupts controlled by the variable MASK. The assembly language routine must save thecalling function frame pointer and return address and then restore them before returningto the calling program. Six registers are used to pass arguments to the assembly language
routine and the remaining parameters can be read off the stack.

3.3.3 Numeric C Compilers

As discussed in section 2.10, numerical C can provide vector, matrix, and complex oper¬ations using fewer lines of code than standard ANSI C. In some cases the compiler mayable to perform better optimization for a particular processor. A complex FIR filtercan be implemented in ANSI C as follows:
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typedef struct {
float real, imag;

} COMPLEX;

COMPLEX float x[1024],w[1024];
COMPLEX *xc,‘wc,out;
xc=x;
wc=w;
out.real = 0.0;
out.imag = 0.0;
for(i = 0 ; i < n ; i++) {

out.real += xc[i],real*wc[i].real - xc[i].imag*wc[i].imag;
out.imag += xc[i].real*wc[i].imag + xc[i].imag*wc[i].real;

)

The following code segment shows the numeric C implementation of the same complex
FIR filter:

complex float out,x[1024],w[1024];
{

iter I = n;
out=sum(x[I]*w[I]);

1

The numeric C code is only five lines versus the ten lines required by the standard C im¬
plementation. The numeric C code is more efficient, requiring 14 cycles per filter tap ver¬
sus 17 in the standard C code.

More complicated algorithms are also more compact and readable. The following
code segment shows a standard C implementation of a complex FFT without the bit-
reversal step (the output data is bit reversed):

void fft_c(int n,COMPLEX *x,COMPLEX *w)

{
COMPLEX u,temp,tm;
COMPLEX *xi,*xip,*wptr;
int i,j,le,windex;

windex = 1;
for(le=n/2 ; le > 0 ; le/=2) {

wptr = w;
for (j = 0 ; j < le ; j++) {

u = *wptr;
for (i = j ; i < n ; i = i + 2*le) {

xi = x + i;
xip = xi + le;
tenp.real = xi->real + xip->real;
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temp,imag = xi->imag + xip->imag;
tm.real = xi->real - xip->real;
tm.imag = xi->imag - xip->imag;
xip->real = tm.real*u.real - tm.imag*u.imag;
xip->imag = tm.real*u.imag + tm.imag*u.real;
*xi = temp;

1
wptr = wptr + windex;

1
windex = 2*windex;

1
1

The following code segment shows the numeric C implementation of a complex FFT
without the bit-reversal step:

void fft_nc(int n, complex float *x, complex float *w)
{

int size,sect,deg = 1;
for(size=n/2 ; size > 0 ; size/=2) {

for(sect=0 ; sect < n ; sect += 2*size) {
complex float *xl=x+sect;
complex float *x2=xl+size;
{ iter I=size;

for(I) {
complex float temp;
temp = xl[I] + x2[I];
x2[I] = (xl[I] - x2[I]) * w[deg*I];
xl[I] = temp;

J
1

1
deg *= 2;

1
1

The twiddle factors (w) can be initialized using the following numeric C code:

void init_w(int n, complex float *w)
{

iter I = n;
float a = 2.0*PI/n;
w[I] = cosf(I*a) + li*sinf(I*a);

1

Note that the performance of the init_w function is almost identical to a standard C im¬
plementation, because most of the execution time is spent inside the cosine and sine func-
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tions. The numerical C implementation of the FFT also has an almost identical executtime as the standard C version. 1,011

4 REAL-TIME SYSTEM DESIGN CONSIDERATIONS

Real-time systems by definition place a hard restriction on the response time to onemore events. In a digital signal processing system the events are usually the arrival ofnew input samples or the requirement that a new output sample be generated. In this sec¬tion several real-time DSP design considerations are discussed.
Runtime initialization of constants in a program during the startup phase of a DSP’sexecution can lead to much faster real-time performance. Consider the pre-calculation of1/n, which may be used in several places in a particular algorithm. A lengthy divide ineach case is replaced by a single multiply if the constant is pre-calculated by the compilerand stored in a static memory area. Filter coefficients can also be calculated during thestartup phase of execution and stored for use by the real-time code. The tradeoff that re¬sults is between storing the constants in memory which increases the minimum memorysize requirements of the embedded system or calculating the constants in real-time. Alsoif thousands of coefficients must be calculated, the startup time may become exceedinglong and no longer meet the user’s expectations. Most DSP software development sys¬

tems provide a method to generate the code such that the constants can be placed in ROMso that they do not need to be calculated during startup and do not occupy more expen¬
sive RAM.

3.4.1 Physical Input/Output (Memory Mapped,
Serial, Polled)

Many DSPs provide hardware that supports serial data transfers to and from the processor
as well as external memory accesses. In some cases a direct memory access (DMA) con¬
troller is also present, which reduces the overhead of the input/output transfer by transfer¬
ring the data from memory to the slower I/O device in the background of the real-time
program. In most cases the processor is required to wait for some number of cycles when¬
ever the processor accesses the same memory where the DMA process is taking place.
This is typically a small percentage of the processing time, unless the input or output
DMA rate is close to the MIPS rating of the processor.

Serial ports on DSP processors typically run at a maximum of 20 to 30 Mbits/sec-
ond allowing approximately 2.5 to 4 Mbytes to be transferred each second. If the data
input and output are continuous streams of data, this works well with the typical floating¬
point processor MIPS rating of 12.5 to 40. Only 4 tolO instructions could be executed be¬
tween each input or output leading to a situation where very little signal processing could
be performed.

Parallel memory-mapped data transfers can take place at the MIPs rating of the
processor, if the I/O device can accept the data at this rate. This allows for rapid transfers
of data in a burst fashion. For example, 1024 input samples could be acquired from a

Sec. 3.4 Real-Time System Design Considerations 125

10 MHz MD converter at full speed in 100 psec, and then a FFT power spectrum calcula¬tion could be performed for the next 5 msec. Thus, every 5.1 msec the MD converter’soutput would be used.
Two different methods are typically used to synchronize the microprocessor withthe input or output samples. The first is polling loops and the second is interrupts whichare discussed m the next section. Polling loops can be highly efficient when the input andoutput samples occur at a fixed rate and there are a small number of inputs and outputs.Consider the following example of a single input and single output at the same rate:

It is assumed that the memory addresses of in, out, and in_status have been de¬fined previously as global variables representing the physical addresses of the I/O ports

i
iS bkWiSe ANDed With 1 t0 iso,ate the least significant bit.1 iJi l 'SJ’ lo°P W1U looP continuously until the bit changes to 0. This bitc°uld be called a “not ready flag” because it indicates that an input sample is not avail-able^As soon as the next line of C code accesses the in location, the hardware must setdie flag again to indicate that the input sample has been transferred into the processor.Alter the filter function is complete, the returned value is written directly to the out¬put location because the output is assumed to be ready to accept data. If this were not thecase, another polling loop could be added to check if the output were ready. The worstcase total time involved m the filter function and at least one time through the whilepolling loop must be less than the sampling interval for this program to keep up with thereal-time input. While ths code is very efficient, it does not allow for any changes in theliter program execution time. If the filter function takes twice as long every 100 samples

in order to update its coefficients, the maximum sampling interval will be limited by thislarger time. This is unfortunate because the microprocessor will be spending almost halfof its time idle in the while loop. Interrupt-driven I/O, as discussed in the next section,can be used to better utilize the processor in this case.

3.4.2 Interrupts and Interrupt-Driven I/O
In an interrupt-driven I/O system, the input or output device sends a hardware interrupt tothe microprocessor requesting that a sample be provided to the hardware or accepted asinput from the hardware. The processor then has a short time to transfer the sample. Theinterrupt response time is the sum of the interrupt latency of the processor, the time re¬quired to save the current context of the program running before the interrupt occurredand the time to perform the input or output operation. These operations are almost alwaysperformed in assembly language so that the interrupt response time can be minimizedThe advantage of the intenupt-driven method is that the processor is free to perform othertasks, such as processing other interrupts, responding to user requests or slowly changing
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the parameters associated with the algorithm. The disadvantage of interrupts is the over¬
head associated with the interrupt latency, context save, and restore associated with the
interrupt process.

The following C code example (file INTOUT.C on the enclosed disk) illustrates the
functions required to implement one output interrupt driven process that will generate
1000 samples of a sine wave:

#include <signal.h>
♦include <math.h>
♦include "rtdspc.h"

♦define SIZE 10

int output_store[SIZE];
int in_inx = 0;
volatile int out_inx = 0;

void sendout(float x);
void output_isr(int ino);

int in_fifo[10000];
int index = 0;

void main()
{

static float f,a;
int i,j;
setup_codec(6);

for(i = 0 ; i < SIZE-1 ; i++) sendout(i);
interrupt(SIG_IRQ3, output_isr);

i = 0;
j = 1;
for(;;) {

for(f=0.0 ; f < 1000.0 ; f += 0.005) {
sendout(a*sinf(f*PI));
i += j;
if(i%25 == 0) {

a = 100.0*exp(i*5e-5);
if(a > 30000.0 || i < 0) j = -j;

1
1

1
1
void sendout(float x)
(
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in_inx++;
if(in_inx == SIZE) in_inx = 0;
while(in_inx == out_inx);
output_store[in_inx] = (int)x;

1
void output_isr(int ino)
{

volatile int *out = (int *>0x40000002;

if(index < 10000)
in_fifo[index++]=16*in_inx+out_inx;

*out = output_store[out_inx++] « 16;
if(out_inx == SIZE) out_inx = 0;

1

The C function output_isr is shown for illustration purposes only (the code is ADSP-
210XX specific), and would usually be written in assembly language for greatest effi¬
ciency. The functions sendout and output_isr form a software first-in first-out
(FIFO) sample buffer. After each interrupt the output index is incremented with a circular
0-10 index. Each call to sendout increments the in_inx variable until it is equal to
the out_inx variable, at which time the output sample buffer is full and the while loop
will continue until the interrupt process causes the out_inx to advance. Because the
above example generates a new a value every 25 samples, the FIFO tends to empty dur¬
ing the exp function call. The following table, obtained from measurements of the exam¬
ple program at a 48 KHz sampling rate, illustrates the changes in the number of samples
in the software FIFO.

Sample Index value out_inx value Number of Samples in FIFO

0 2 2 10
1 3 3 10
2 4 4 10
3 4 5 9
4 4 6 8
5 4 7 7
6 4 8 6
7 4 9 5
8 7 0 7
9 9 1 8

10 2 2 10

As shown in the table, the number of samples in the FIFO drops from 10 to 5 and then is
quickly increased to 10, at which point the FIFO is again full.
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(1)

(2)

(3)

(4)

(5)

(6)

(7)

*w = coefs;

{
out *w++

out = *x++ * *w++;
ford = 16 ; i— >= 0; )

In order to illustrate the efficiency of C code versus optimized assembly code, the follow¬ing C code for one output from a 35 tap FIR filter will be used:

float in[35],coefs[35],y;
main()
{

register int i;
register float *x = in,
register float out;

y=out;
}

Use of arithmetic identities—multiplies by 0 or 1 should be eliminated whenepossible especially in loops where one iteration has a multiply by 1 or zero AllTvides by a constant can also be changed to multiplies.
Common subexpression elimination—repeated calculations of same subexpressioshould be avoided especially within loops or between different functions. ”
Use of intrinsic functions—use macros whenever possible to eliminate the functioncall overhead and convert the operations to in-line code.
Use of register variables—force the compiler to use registers for variables whichcan be identified as frequently used within a function or inside a loop.
Loop unrolling—duplicate statements executed in a loop in order to reduce thenumber of loop iterations and hence the loop overhead. In some cases the loop iscompletely replaced by in-line code.
Loop jamming or loop fusion—combining two similar loops into one, thus reduc¬ing loop overhead.
Use post-incremented pointers to access data in arrays rather than subscripted vari¬ables(x=array[i++] is slow, x«*ptr++ is faster).
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3.4.3 Efficiency of Real-Time Compiled Code

The efficiency of compiled C code varies considerably from one compiler to thOne way to evaluate the efficiency of a compiler is to try different C constructs su^case statements, nested if statements, integer versus floating-point data, whi{e f as
versus for loops and so on. It is also important to reformulate any algorithm or ex°°PSsion to eliminate time-consuming function calls such as calls to exponential squaror transcendental functions. The following is a brief list of optimization technioue/^'’can improve the performance of compiled C code. 4 mat
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The FIR C code will execute on the three different processors as follows:
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x = in;

out += *x++ * *w++

register
register
register
register

float *w = coefs;
float out;

float in[35],coefs[35],y;
main()
{

int i;
float

}
y=out;

}

lows
f0r’l00p based F® C code wiU execute on the three different processors as fol-

The relative efficiency of the C code is the ratio of the assembly code cycles to the Ccode cycles. An efficiency of 100 percent would be ideal. Note that this code segment isone of the most efficient loops for the DSP32C compiler but may not be for the othercompilers. This is illustrated by the following 35-tap FIR filter code:

Note that the efficiency of the ADSP-21020 processor C code is now almost equal to theefficiency of the DSP32C C code in the previous example.
The complex FFT written in standard C code shown in Section 3.3.3 can be used to

Processor
Optimized C
Code Cycles

Optimized
Assembly Cycles

Relative Efficiency
ofCCode(%)

DSP32C 462 187 40.5ADSP-21020 185 44 23.8TMS320C30 241 45 18.7

Processor
Optimized C
Code Cycles

Optimized
Assembly Cycles

Relative Efficiency
ofCCode(%)

DSP32C 530 187 35.3ADSP-21020 109 44 40.4TMS32OC3O 211 45 21.3



CHAPTER

Real-Time Filtering

Filtering is the most commonly used signal processing technique. Filters are usually used
to remove or attenuate an undesired portion of a signal’s spectrum while enhancing the
desired portions of the signal. Often the undesired portion of a signal is random noise
with a different frequency content than the desired portion of the signal. Thus, by design¬
ing a filter to remove some of the random noise, the signal-to-noise ratio can be improved
in some measurable way.

Filtering can be performed using analog circuits with continuous-time analog in¬
puts or using digital circuits with discrete-time digital inputs. In systems where the input
signal is digital samples (in music synthesis or digital transmission systems, for example)
a digital filter can be used directly. If the input signal is from a sensor which produces an
analog voltage or current, then an analog-to-digital converter (A/D converter) is required
to create the digital samples. In either case, a digital filter can be used to alter the spec¬
trum of the sampled signal, Xp in order to produce an enhanced output, y;. Digital filtering
can be performed in either the time domain (see section 4.1) or the frequency domain (see
section 4.4), with general-purpose computers using previously stored digital samples or
in real-time with dedicated hardware.

4.1 REAL-TIME FIR AND HR FILTERS

Figure 4.1 shows a typical digital filter structure containing N memory elements used to

store the input samples and N memory elements (or delay elements) used to store the out¬
put sequence. As a new sample comes in, the contents of each of the input memory ele¬
ments are copied to the memory elements to the right. As each output sample is formed

132
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yi-w-p

<

FIGURE 4.1 Filter structure of Nth order filter. The previous N input and output sam¬
ples stored in the delay elements are used to form the output sum.

by accumulating the products of the coefficients and the stored values, the output mem¬
ory elements are copied to the left. The series of memory elements forms a digital delay
line. The delayed values used to form the filter output are called taps because each output
makes an intermediate connection along the delay line to provide a particular delay. This
filter structure implements the following difference equation:

e-t p-i

y(.n)= ^jbgx(n-g)-'Yjapy(n-p). (4.1)
9=0 p=l

As discussed in Chapter 1, filters can be classified based on the duration of their impulse
response. Filters where the an terms are zero are called finite impulse response (FIR) fil¬
ters, because the response of the filter to an impulse (or any other input signal) cannot
change N samples past the last excitation. Filters where one or more of the an terms are
nonzero are infinite impulse response (IIR.) filters. Because the output of an HR filter de¬
pends on a sum of the N input samples as well as a sum of the past N output samples, the
output response is essentially dependent on all past inputs. Thus, the filter output re¬
sponse to any finite length input is infinite in length, giving the HR filter infinite memory.

Finite impulse response (FIR) filters have several properties that make them useful
for a wide range of applications. A perfect linear phase response can easily be con-
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4.1.1 FIR Filter Function

Figure 4.2 shows a block diagram of the FIR real-time filter implemented by the function
fir-£ilter (shown in Listing 4.1 and contained in the file FILTER.C). The

liter function implements the FIR filter using a history pointer and coefficients
passed to the function. The history array is allocated by the calling program and is used to
store the previous N - 1 input samples (where N is the number of FIR filter coefficients).
The last few lines of code in fir_fliter implements the multiplies and accumulates
required for the FIR filter of length N. As the history pointer is advanced by using a post¬
increment, the coefficient pointer is post-decremented. This effectively time reverses the

Real-Time Filtering Chap
structed with an FIR filter allowing a signal to be passed without phase distortifilters are inherently stable, so stability concerns do not arise in the design or imT’tation phase of development. Even though HR filters typically require a large numh^en'multipli^ and adds per input sample, they can be implemented using fast conv *• °f
with FFT algorithms (see section 4.4.1). Also, HR structures are simpler and ea •
implement with standard fixed-point digital circuits at very high speeds The onlv

t0
ble disadvantage of FIR filters is that they require more multiplies for a given frea

S''

response when compared to HR filters and, therefore, often exhibit a longer orTT*3'delay for the input to reach the output. P ssin8
During the past 20 years, many techniques have been developed for the designimplementation of HR filters. Windowing is perhaps the simplest and oldest HR dtechnique (see section 4.1.2), but is quite limited in practice. The window design m2has no independent control over the passband and stopband ripple. Also, filters withconventional responses, such as multiple passband filters, cannot be designed On thother hand, window design can be done with a pocket calculator and can come close7optimal in some cases. 10

This section discusses HR filter design with different equiripple error in the nassbands and stopbands. This class of HR filters is widely used primarily because of thewell-known Remez exchange algorithm developed for HR filters by Parks andMcClellan. The general Parks-McClellan program can be used to design filters with sev¬eral passbands and stopbands, digital differentiators, and Hilbert transformers. The FIRcoefficients obtained program can be used directly with the structure shown in Figure 4 1(with the aB terms equal to zero). The floating-point coefficients obtained can be directlyused with floating-point arithmetic (see section 4.1.1). 7

The Parks-McClellan program is available on the IEEE digital signal processingtape or as part of many of the filter design packages available for personal computersThe program is also printed in several DSP texts (see Elliot, 1987, or Rabiner and Gold1975). The program REMEZ.C is a C language implementation of the Parks-McClellanprogram and is included on the enclosed disk. An example of a filter designed using theREMEZ program is shown at the end of section 4.1.2. A simple method to obtain HR fil¬ter coefficients based on the Kaiser window is also described in section 4.1.2. Althoughthis method is not as flexible as the Remez exchange algorithm it does provide optimal
designs without convergence problems or filter length restrictions.
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FIGURE 4.2 Block diagram of real-time N tap FIR filter structure as imple¬
mented by function fir_filt«r.

coefficients so that a true convolution is implemented. On some microprocessors, post¬
decrement is not implemented efficiently so this code becomes less efficient. Improved
efficiency can be obtained in this case by storing the filter coefficients in time-reversed
order. Note that if the coefficients are symmetrical, as for simple linear phase lowpass fil¬
ters, then the time-reversed order and normal order are identical. After the for loop andN- 1 multiplies have been completed, the history array values are shifted one sample to¬
ward history[0], so that the new input sample can be stored in history[N-l].
The fir_filter implementation uses pointers extensively for maximum efficiency.
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fir_filter - Perform fir filtering sample by sample on floats

Requires array of filter coefficients and pointer to history.
Returns one output sample for each input sample.

float fir_fliter(float input,float *coef,int n,float ‘history)

float input new float input sample
float *coef pointer to filter coefficients
int n nuiriber of coefficients in filter
float ‘history history array pointer

Returns float value giving the current output.

float fir_fi_lter(float input,float *coef,int n,float ‘history)
{

int i;
float *hist_ptr,*histl_ptr,*coef_ptr;

float output;

hist_ptr = history;
histl_ptr = hist_ptr; /* use for history update */
coef_ptr = coef + n - 1; /* point to last coef */

/* form output accumulation */
output = *hist_ptr++ * (*coef_ptr—);
for(i = 2 ; i < n ; i++) {

*histl_ptr++ = *hist_ptr; /* update history array */
output += (*hist_ptr++) * (*coef_ptr-);

)
output += input * (*coef_ptr); /* input tap */
*histl_ptr = input; /* last history */

return(output);
)

LISTING 4.1 Function fix_filter(lnput,coef ,n,hl«tcxy).

4.1.2 FIR Filter Coefficient Calculation

Because the stopband attenuation and passband ripple and the filter length are all speci¬
fied as inputs to filter design programs, it is often difficult to determine the filter length
required for a particular filter specification. Guessing the filter length will eventually
reach a reasonable solution but can take a long time. For one stopband and one passband
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the following approximation for the filter length (A/) of an optimal lowpass filter has been
developed by Kaiser

where:

and Aslop is the minimum stopband attenuation (in dB) of the stopband from/stop to /$/2.
The approximation for N is accurate within about 10 percent of the actual required filter

length. For the Kaiser window design method, the passband error (Sp is equal to the
stopband error (S2) and is related to the passband ripple (A^) and stopband attenuation
(in dB) as follows:

8, =l-10“A"“/4°
82 = io^/20

AmM=^01og10(l-10“A-/2°)
As a simple example, consider the following filter specifications, which specify a

lowpass filter designed to remove the upper half of the signal spectrum:

Passband (/pass): 0-0.19/$
Passband ripple (Amax): < 0.2 dB
Stopband (f^): 0.25-0.5 fs
Stopband Attenuation (Astop): > 40 dB

From these specifications

8j =0.01145,

82 = 0.01,

Af = 0.06.

The result of Equation (4.2) is N = 37. Greater stopband attenuation or a smaller transi¬
tion band can be obtained with a longer filter. The filter coefficients are obtained by mul¬
tiplying the Kaiser window coefficients by the ideal lowpass filter coefficients. The ideal
lowpass coefficients for a very long odd length filter with a cutoff frequency of fc are
given by the following sine function: _ sin(2/cfat) (4 3)

* kit

Note that the center coefficient is k = 0 and the filter has even symmetry for all coeffi¬
cients above k = 0. Very poor stopband attenuation would result if the above coefficients
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wk = 4(P) (4.4)

REMEZ EXCHANGE FIR FILTER DESIGN PROGRAM

selection (1 to 5] ? 5

number of coefficients [3 to 128] ? 35

Filter types are: l=Bandpass, 2=Differentiator, 3=Hilbert

filter type [1 to 3] ? 1

number of bands [1
Now inputting edge for 4 band edges

edge frequency for edge (corner) # 1 [0 to 0.5] ? 0

edge frequency for edge (corner) # 2 [0 0.5] ? .19to

edge frequency for edge (corner) # 3 [0.19 to 0.5] ? .25

1:
2:
3:
4:
5:

LOWPASS FILTER
BANDPASS FILTER
DIFFERENTIATOR
HILBERT TRANSFORMER
GET INPUT PARAMETERS FROM KEYBOARD

EXAMPLEI —
EXAMPLE2 —
EXAMPLES —
EXAMPLE4 —
KEYBOARD —

to 10] ? 2
(comer) frequencies

Real-Time Filtering Chgp J
were truncated by using the 37 coefficients (effectively multiplying the sine f, Irectangular window, which would have a stopband attenuation of ab7Tribyal
However, by multiplying these coefficients by the appropriate Kaiser window th 1band and passband specifications can be realized. The symmetrical Kaiser w; a’ st0P-1
given by the following expression: window, is|

where /0(P) is a modified zero order Bessel function of the first kind B is the K ' Idow parameter which determines the stopband attenuation. The empirical fornZT'"'; Iwhen 4stop 1S less ^an 50 dB is p = 0.5842*(A - 21)0-4 + 0.07886*64 -?11
P Ifor a stopband attenuation of 40 dB, P = 3.39532. Listing 4.2 shows program KSRFTOr Iwhich can be used to calculate the coefficients of a FIR filter using the Kaiser a 1method. The length of the filter must be odd and bandpass; bandstop or highnass 1can also be designed. Figure 4.3(a) shows the frequency response of the resulting Ipoint lowpass filter, and Figure 4.3(b) shows the frequency response of a 35-noint in 1pass filter designed using the Parks-McClellan program. The following computer diZ 1shows the results obtained using the REMEZ.C program: P g 1

f 21 )2

Magnitude
(dB)

Magnitude
(dB)

Frequency(f/fs)

FIGURE 4.3 (a) Frequency response of 37 tap FIR filter designed using theKaiser window method, (b) Frequency response of 35 tap FIR filter designed
using the Parks-McClellan program.
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edge frequency for edge (corner) # 4 (0.25 to 0.5] ? .5

gain of band #1 [0 to 1000] ? 1

weight of band #1 [0.1 to 100] ? 1

gain of band # 2 [0 to 1000] ? 0

weight of band #2 [0.1 to 100] ? 1

#coeff = 35
Type = 1
♦bands = 2
Grid =16
E[l] = 0.00
E[2] = 0.19
E[3] = 0.25
E[4] = 0.50
Gain, wt[l] = 1.00 1.00
Gain, wt[2] = 0.00 1.00

Iteration 1234567

FINITE IMPULSE RESPONSE (FIR)
LINEAR PHASE DIGITAL FILTER DESIGN
REMEZ EXCHANGE ALGORITHM
BANDPASS FILTER

FILTER LENGTH = 35
IMPULSE5 RESPONSE *****
H( 1) = -6.360096001e-003 = H( 35)
H( 2) = -7.662615827e-005 = H( 34)
H( 3) = 7.691285583e-003 = H( 33)
H( 4) = 5.056414595e-003 = H( 32)
H( 5) = -8.359812578e-003 = H( 31)
H( 6) = -1.040090568e-002 = H( 30)
H( 7) = 8.696002091e-003 = H( 29)
H( 8) = 2.017050147e-002 = H( 28)
H( 9) — -2.756078525e-003 = H( 27)
H( 10) S -3.003477728e-002 = H( 26)
H( 11) = -8.907503106e-003 = H( 25)
H( 12) = 4.171576865e-002 = H( 24)
H( 13) = 3.410815421e-002 = H( 23)
H( 14) = -5.073291821e-002 = H( 22)
H( 15) = -8.609754956e-002 = H( 21)
H( 16) 5.791494030e-002 = H( 20)
H( 17) = 3.117008479e-001 = H( 19)
H( 18) 4.402931165e-001 = H( 18)
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BAND 1 BAND 2
LOWER BAND EDGE 0.00000000 0.25000000
UPPER BAND EDGE 0.19000000 0.50000000
DESIRED VALUE 1.00000000 0.00000000
WEIGHTING 1.00000000 1.00000000
DEVIATION 0.00808741 0.00808741
DEVIATION IN DB -41.84380886 -41.84380886

EXTREMAL FREQUENCIES
0.0156250 0.0520833 0.0815972 0.1093750 0.1371528
0.1614583 0.1822917 0.1900000 0.2500000 0.2586806
0.2777778 0.3038194 0.3298611 0.3576389 0.3854167
0.4131944 0.4427083 0.4704861 0.5000000

FIR coefficients written to text file COEF.DAT

Note that the Parks-McClellan design achieved the specifications with two fewer coeffi¬
cients, and the stopband attenuation is 1.8 dB better than the specification. Because the
stopband attenuation, passband ripple, and filter length are all specified as inputs to the
Parks-McClellan filter design program, it is often difficult to determine the filter length
required for a particular filter specification. Guessing the filter length will eventually
reach a reasonable solution but can take a long time. For one stopband and one passband,
the following approximation for the filter length (N) of an optimal lowpass filter has been
developed by Kaiser

—2Qlog10 7^2 13
। i

14.6A/
(4.5)

where:

8! =l-10^m“/40
82 =10 ^720

Af = (/stop- /pass V/s
Amax is the total passband ripple (in dB) of the passband from 0 to /pass- If the maximum
of the magnitude response is 0 dB, then Amaxis the maximum attenuation throughout the
passband. Astop is the minimum stopband attenuation (in dB) of the stopband from/stop to
fs/2. The approximation for N is accurate within about 10 percent of the actual required
filter length (usually on the low side). The ratio of the passband error (8^ to the stopband
error (82) is entered by choosing appropriate weights for each band. Higher weighting of
stopbands will increase the minimum attenuation; higher weighting of the passband will
decrease the passband ripple.

The coefficients for the Kaiser window design (variable name fir_lpf37k)and
the Parks-McClellan design (variable name fir_lpf35) are contained in the include
file FILTER.H.
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<12, fl, fu, beta;
char ft_s[128];

(Ip, hp, bp, bs) ?

(dB)", 10, 200);

if(!filt_cat) exit(0);

0, 0.5 );
fp, 0.5 ); break;

#include
((include
#include
#include
#include

fa_s,
fp_s,

0, 0.5 );
fa, 0.5 );

= 1
= 2
= 3
= 4.

char
char
char
char
char
char

passband
passband
stopband
stopband

edge
edge
edge

fp_s,
fa_s.

frequency
frequency
frequency
frequency

strcirip(
strcmpl
stramp(
strcmp(

ft_s
ft_s
ft_s
ft_s

"Lower
"Upper
"Lower
"Upper

Passband edge frequency Fp
Stopband edge frequency Fa

<stdio.h>
<stdlib.h>
<string.h>
<math.h>
"rtdspc.h"

:= 0
= 0
= 0
= 0

filt_cat
filt_cat
filt_cat
filt_cat

Fpl";
Fp2";
Fai";
Fa2";

fp_s[] =
fa_s[] =

fpl_s[] =
fp2_s[] =
fal_s[] =
fa2_s[] =

printf("\nFilter type
gets(ft_s);
strupr( ft_s );

'HP"
'BP"
BS"

switch ( filt_cat ){
case 1: case 2:

switch ( filt_cat ){
case 1:

fp = get_float(
fa = get_float(

case 2:
fa = get_float(
fp = get_float(

LISTING 4.2 Program KSRFIR to calculate FIR filter coefficients using theKaiser window method. (Continued)

att get_float("Desired stopband attenuation
filt_cat = 0;

double get_float(char *title_string,double low_limit,double up_limit)•void filter_length(double att,double deltaf,int *nfilt,int *npair double .u.double izero(double y); ' ^1016 beta);

void main()
{

static float h(500], w[500], x[500J;
int eflag, filt_cat, npair, nfilt, n;
double att, fa, fp, fal, fa2, fpl, fp2, deltaf, dl,
double fc, fin, pifc, tpifin, i, y, valizb;

Real-Time Filtering Chap
/* Linear phase FIR filter coefficient computation using the Kaiser winadesign method. Filter length is odd. */ window
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}
deltaf = (fa-fp) ; if(filt_cat == 2) deltaf = -deltaf;
filter_length( att, deltaf, &nfilt, &npair, &beta );
if( npair > 500 ){

printf("\n“* Filter length %d is too large.\n", nfilt );
exit(0);

}
printf("\n...filter length: %d ...beta: %f”, nfilt, beta );
fc = (fp + fa); h[npair] = fc;
if ( filt_cat == 2 ) h[npair] = 1 - fc;
pifc = PI * fc;
for ( n=0; n < npair; n++){

i = (npair - n);
h[n] = sin(i * pifc) / (i * PI);
if( filt_cat == 2 ) h[n] = - h[n];

)
break;

case 3: case 4:
printf("\n—> Transition bands must be equal <—");
do {

eflag = 0;
switch (filt_cat){

case 3:
fal = get_float( fal_s, 0, 0.5);
fpl = get_float( fpl_s, fal, 0.5);
fp2 = get_float( fp2_s, fpl, 0.5);
fa2 = get_float( fa2_s, fp2, 0.5); break;

case 4:
fpl = get_float( fpl_s, 0, 0.5);
fal = get—float( fal_s, fpl, 0.5);
fa2 = get_float( fa2_s, fal, 0.5);
fp2 = get_float( fp2_s, fa2, 0.5);

}
dl = fpl - fal; d2 = fa2 - fp2;
if ( fabs(dl - d2) > IE-5 ){

printf( "\n...error...transition bands not equal\n");
eflag = -1;

)
} while (eflag);
deltaf = dl; if(filt_cat == 4) deltaf = -deltaf;
filter_length( att, deltaf, tofilt, &npair, &beta);
if( npair > 500 ){

printf("\n“* Filter length %d is too large.\n", nfilt ),-
exit(O);

)
printf( "\n..filter length: %d ...beta: %f", nfilt, beta);
fl = (fal + fpl) / 2; fu = (fa2 + fp2) / 2;
fc = (fu - fl); fin = (fu + fl) / 2;
h[npair] =2 * fc; if( filt_cat == 4 ) h[npair] = 1 - 2 * fc;

LISTING 4.2 (Continued)
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pifc = PI * fc; tpifm = 2 * PI * fm;
for (n = 0; n < npair; n++){

i = (npair - n);
h[n] = 2 sin(i * pifc) * cos(i * tpifm) / (i * PI);

if( filt_cat == 4) h[n] = -h[n];
} break;

default: printf( "\n## error\n" ); exit(O);
)

/* Corrpute Kaiser window sample values */
y = beta; valizb = izero(y);
for (n = 0; n <= npair; n++){

i = (n - npair);
y = beta * sqrt(l - (i / npair) * (i / npair));
w[n] = izero(y) / valizb;

}

/* first half of response */
for(n = 0; n <= npair; n++) x[n] = w[n] * h[n);

printf(”\n—First half of coefficient set...remainder by symmetry—•);
printf(”\n # ideal window actual ");
printf("\n coeff value filter coeff");
for(n=0; n <= npair; n++){

printf("\n %4d %9.6f %9.6f %9.6f",n, h[n], w[n], x[n]);
)

)

/* Use att to get beta (for Kaiser window function) and nfilt (always odd
valued and = 2*npair +1) using Kaiser's empirical formulas */

void filter_length(double att,double deltaf,int *nfilt,int *npair,double *beta)
{

*beta = 0; /* value of beta if att < 21 */
if(att >= 50) *beta = .1102 * (att - 8.71);
if (att < 50 & att >= 21)

♦beta = .5842 * pow( (att-21), 0.4) + .07886 * (att - 21);
♦npair = (int)( (att — 8) / (29 * deltaf) );
♦nfilt = 2 * *npair +1;

)

/* Compute Bessel function Izero(y) using a series approximation */
double izero(double y){

double s=l, ds=l, d=0;
do{

d = d + 2; ds = ds * (y*y)/(d*d);
s = s + ds;

} while( ds > IE-7 * s);
return(s);

}

LISTING 4.2 (Continued)
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4.1.3 UR Fitter Function

Infinite impulse response (UR) filters are realized by feeding back a weighted sum of past
output values and adding this to a weighted sum of the previous and current input values.
In terms of the structure shown in Figure 4.1, HR filters have nonzero values for some or
all of the an values. The major advantage of HR filters compared to FIR filters is that a
given order HR filter can be made much more frequency selective than the same order
FIR filter. In other words, HR filters are computationally efficient. Hie disadvantage of
the recursive realization is that HR filters are much more difficult to design and imple¬
ment. Stability, roundoff noise and sometimes phase nonlinearity must be considered
carefully in all but the most trivial IIR filter designs.

The direct form IIR filter realization shown in Figure 4.1, though simple in appear¬
ance, can have severe response sensitivity problems because of coefficient quantization,
especially as the order of the filter increases. To reduce these effects, the transfer function
is usually decomposed into second order sections and then realized either as parallel or
cascade sections (see chapter 1, section 1.3). In section 1.3.1 an IIR filter design and im¬
plementation method based on cascade decomposition of a transfer function into second
order sections is described. The C language implementation shown in Listing 4.3 uses
single-precision floating-point numbers in order to avoid coefficient quantization effects
associated with fixed-point implementations that can cause instability and significant
changes in the transfer function.

Figure 4.4 shows a block diagram of the cascaded second order IIR filter imple¬
mented by the iir_f liter function shown in Listing 4.3. This realization is known as
a direct form II realization because, unlike the structure shown in Figure 4.1, it has only

FIGURE 4.4 Block diagram of real-time IIR filter structure as implemented by func¬
tion
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float iir_filter(float input,float *coef,int n,float *history)

Returns float value giving the current output.

coef_ptr = coef; /* coefficient pointer */

/* overall input scale factor */

/* history values */

coef_ptr++);
/* poles */

/* zeros */

*hist2_ptr++ = *histl_ptr;

new_hist

output +
+ historyl
history2 *

output =
output =

historyl
history2

output =
new_hist

output -
= output

historyl *

- history2

* (*coef_ptr++);
(*coef_ptr++);

float input
float *coef
int n
float *history

histl_ptr = history;
hist2_ptr = histl_ptr + 1;

new float input sample
pointer to filter coefficients
number of sections in filter
history array pointer

/* first history */
/* next history

output — input * (*coef_ptr++);

= *histl_ptr;
= *hist2_ptr;

float nr_fliter(float input,float *coef,int n,float ‘history)

llr-fllter Perform HR filtering saitple by sample on floats
Implements cascaded direct form II second order sectionsRequires arrays for history and coefficients.
The length (n) of the filter specifies the number of sections.The size of the history array is 2*n.
The size of the coefficient array is 4*n + 1 because
the first coefficient is the overall scale factor for the filterReturns one output sample for each input sample.

Real-Time Filtering Chgp

float *histl_ptr,*hist2_ptr,*coef_ptr;
float output,new_hist,historyl,history2;

LISTING 4.3 Function (input,co.f,n,history). (Continued)
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histl_ptr++;
hist2_ptr++;

}

return(output);

LISTING 4.3 (Continued)

two delay elements for each second-order section. This realization is canonic in the sense
that the structure has the fewest adds (4), multiplies (4), and delay elements (2) for each
second order section. This realization should be the most efficient for a wide variety of
general purpose processors as well as many of the processors designed specifically for
digital signal processing.

HR filtering will be illustrated using a lowpass filter with similar specifications as used
in the FIR filter design example in section 4.1.2. The only difference is that in the IIR filter
specification, linear phase response is not required. Thus, the passband is 0 to 0.2f and the
stopband is 0.25fs to 0.5 The passband ripple must be less than 0.5 dB and the stopband
attenuation must be greater than 40 dB. Because elliptic filters (also called Cauer filters)
generally give the smallest transition bandwidth for a given older, an elliptic design will be
used. After referring to the many elliptic filter tables, it is determined that a fifth order elliptic
filter will meet the specifications. The elliptic filter tables in Zverev (1967) give an entry for
a filter with a 0.28 dB passband ripple and 40.19 dB stopband attenuation as follows:

£\= 1.3250
o0 = -0.5401
a, =-0.5401
a3 = -0.5401
«!= 1.0277
fl2= 1.9881
O3 = 0.7617
O4= 1.3693

(stopband start of normalized prototype)
(first order real pole)
(real part of first biquad section)
(real part of second biquad section)
(imaginary part of first biquad section)
(first zero on imaginary axis)
(imaginary part of second biquad section)
(second zero on imaginary axis)

As shown above, the tables in Zverev give the pole and zero locations (real and imagi¬
nary coordinates) of each biquad section. The two second-order sections each form a conju¬
gate pole pair and the first-order section has a single pole on the real axis. Figure 4.5(a)
shows the locations of the 5 poles and 4 zeros on the complex j-plane. By expanding the
complex pole pairs, the s-domain transfer function of a fifth-order filter in terms of the above
variables can be obtained. The z-domain coefficients are then determined using the bilinear
transform (see Embree and Kimble, 1991). Figure 4.5(b) shows the locations of the poles andzeros on the complex z-plane. The resulting z-domain transfer function is as follows:

0.0553(1+ z~‘) 1+ 0.704Z-1 + z~2 1-0.0103Z-1 +z~2
1-0.436z~* 1-O.523z-1-0.86z-2 1-0.696z-1-0.486z-2

Figure 4.6 shows the frequency response of this 5th order digital IIR filter.
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(a)

FIGURE 4.5 Pole-zero plot of fifth¬
order elliptic HR lowpass filter, (a) s-
plane representation of analog proto¬
type fifth-order elliptic filter. Zeros are
indicated by ”0" and poles are indi¬
cated by "x". (b) z-plane representa¬
tion of lowpass digital filter with cut¬
off frequency at 0.2 f? In each case,
poles are indicated with “x’and
zeros with “o".

The function iir_fliter (shown in Listing 4.3) implements the direct form II cascade
filter structure illustrated in Figure 4.4. Any number of cascaded second order sections
can be implemented with one overall input (xp and one overall output (y;). The coeffi¬
cient array for the fifth order elliptic lowpass filter is as follows:
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Frequency (f/fs)

FIGURE 4.6 (a) Lowpass fifth-order elliptic HR filter linear magnitude fre¬
quency response, (b) Lowpass fifth-order elliptic HR filter frequency re¬
sponse. Log magnitude in decibels versus frequency.
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0.7039934993, 1.0000000000,-0.6965782046, 0.4860509932, -0.0103216320, 1.0000000000J;

im-

output - historyl * (*coef_ptr++);
= output /* poles */

/* zeros */

output =
output =

+ historyl * (*coef_ptr++);
history2 * (*coef_ptr++);

output =
new_hist

new_hist
output +

*hist2_ptr++ = *histl_ptr;
*histl_ptr++ = new_hist;
histl_ptr++;
hist2_ptr++;

This results in the oldest history value (*hist2_ptr) being lost and updated with
the more recent ptr value. The new_hist value replaces the old |

The historyl and history2 variables are the current history associated with the sec¬
tion and should be stored in floating-point registers (if available) for highest efficiency.
The above code forms the new history value (the portion of the output which depends on
the past outputs) in the variable new_hist to be stored in the history array for use by
the next call to llr_filtsr.The history array values are then updated as follows:

float iir_lpf5[13] = {
0.0552961603,

- history2 * (*coef_ptr++);

The number of sections required for this filter is three, because the first-order sect-implemented in the same way as the second-order sections, except that the second-°a
'S

terms (the third and fifth coefficients) are zero. The coefficients shown above we ktained using the bilinear transform and are contained in the include file FILTERdefinition of this filter is, therefore, global to any module that includes FILTER H Thliter function filters the floating-point input sequence on a sample-bv sam i*basis so that one output sample is returned each time iir_fliter is invoked Th h'tory array is used to store the two history values required for each second-order sectkTThe history data (two elements per section) is allocated by the calling function The ' ”tial condition of the history variables is zero if calloc is used, because it sets all the'allocated space to zero. If the history array is declared as static, most compilers initializestatic space to zero. Other initial conditions can be loaded into the filter by allocating andinitializing the history array before using the iir_fliter function. The coefficientsof the filter are stored with the overall gain constant (K) first, followed by the denomina¬tor coefficients that form the poles, and the numerator coefficients that form the zeros foreach section. The input sample is first scaled by the K value, and then each second-ordersection is implemented. The four lines of code in the iir_fliter function used to im¬plement each second-order section are as follows:

Real-Time Filtering Chap

-0,4363630712, 0.0000000000, 1.0000000000, O.OOOOOOOOOn-0.5233039260, 0.8604439497, 0.7039934993, l.OOOOOOnnnn '
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*histl_ptr value for use by the next call to iir_fliter.Both history pointers are
incremented twice to point to the next pair of history values to be used by the next
second-order section.

4.1.4 Real-Time Filtering Example

Real-time filters are filters that are implemented so that a continuous stream of input sam¬
ples can be filtered to generate a continuous stream of output samples. In many cases,
real-time operation restricts the filter to operate on the input samples individually and
generate one output sample for each input sample. Multiple memory accesses to previous
input data are not possible, because only the current input is available to the filter at any
given instant in time. Thus, some type of history must be stored and updated with each
new input sample. The management of the filter history almost always takes a portion of
the processing time, thereby reducing the maximum sampling rate which can be sup¬
ported by a particular processor. The functions fir_filter and iir_filter are im¬
plemented in a form that can be used for real-time filtering. Suppose that the functions
getinput() and sendout() return an input sample and generate an output sample at
the appropriate time required by the external hardware. The following code can be used
with the iir_filter function to perform continuous real-time filtering:

static float histi[6J;
for(;;)

sendout(iir_filter(getinput(),iir_lpf5,3,histi));

In the above infinite loop for statement, the total time required to execute the in,
iir_filter,and out functions must be less than the filter sampling rate in order toinsure that output and input samples are not lost. In a similar fashion, a continuous real¬time FIR filter could be implemented as follows:

static float histf[34J;
for(;;)

sendout(fir_filter(getinput(),fir_lpf35,35,histf));

Source code for sendout() and getinput() interrupt driven input/output functions
is available on the enclosed disk for several DSP processors. C code which emulates
getinput() and sendout() real-time functions using disk read and write functionsis also included on the disk and is shown in Listing 4.4. These routines can be used todebug real-time programs using a simpler and less expensive general purpose computer
environment (IBM-PC or UNIX system, for example). The functions shown inListing 4.4 read and write disk files containing floating-point numbers in an ASCII textformat. The functions shown in Listings 4.5 and 4.6 read and write disk files containingfixed-point numbers in the popular WAV binary file format. The WAV file format is partof the Resource Interchange File Format (RIFF), which is popular on many multimediaplatforms.

( text continues on page 158)
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♦include <stdlib.h>
♦include <stdio.h>

Real-Time Filtering Chap. 4

/* getinput - get one

float getinput()
{

static FILE *fp =
float x;

/* open input file if
if(!fp) {

char s[80];
printf("\nEnter input file name ? ");
gets(s);
fp = fopenfs,"r");
if(!fp) {

printf("\nError opening input file in GETINPUTXn");
exit(1);

}
}

/* read data until end of file */
if(fscanf(fp,"%f”,&x) != 1) exit(l);
return(x);

}

sample from disk to simulate real-time input

NULL;

not done in previous calls */

/* sendout - send sample to disk to simulate real-time output */

void sendout(float x)
{

static FILE *fp = NULL;
/* open output file if not done in previous calls */

if(!fp) {
char s[80];
printf("XnEnter output file name ? ");
gets(s);
fp = fopenfs,"w");
if(!fp) {

printf("\nError opening output file in SENDOUTXn");
exit(l);

}
}

/* write the sample and check for errors */
if(fprintf(fp,"%f\n",x) < 1) {

printf("XnError writing output file in SENDOOTXn");
exit(1);

)
}

LISTING 4.4 Functions sendout (output) and getinput() used to emulate
real-time input/output using ASCII text data files (contained in GETSEND.C).
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♦include <stdlib.h>

♦include <stdio.h>

♦include <string.h>

♦include <math.h>

♦include <conio.h>

♦include "wavfmt.h'

♦include "rtdspc.h"

/* code to get samples from a WAV type file format */

/* getinput - get one sample from disk to simulate realtime input */

/* input WAV format header with null init */

WAVE—HDR win = { ••, 0L };
CHUNK—HDR cin = { 0L };
DATA_HDR din = { OL };
WAVEFORMAT wavin = { 1, 1, OL, OL, 1, 8 };

/* global number of samples in data set */
unsigned long int number_of_samples = 0;

float getinput()
{

static FILE *fp_getwav = NULL;
static channel—number = 0;
short int int_data[4]; /* max of 4 channels can be read */
unsigned char byte_data[4]; /* max of 4 channels can be read */
short int j;
int i;

/* open input file if not done in previous calls */
if(!fp_getwav) {

char s[80];
printf("XnEnter input .WAV file name ? ");
gets(s);
fp getwav = fopen(s,"rb");
if(!fp getwav) {

printf("XnError opening *.WAV input file in GETINPUTXn");
exit(l);

)

/* read and display header information */
fread(&win,sizeof(WAX7E_HDR),1,fp_getwav);
printf("\n%c%c%c%c",

win.chunk_id[0],win.chunk,id[1],win.chunk—id[2],win.chunk—id(3]);
printf("XnChunkSize = %ld bytes",win.chunk—size);

LISTING 4.5 Function getinput() used to emulate real-time input using
WAV format binary data files (contained in GETWAV.C). (Continued)
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if(stmicmp(win.chunk_id,"RIFF",4) != 0) {

printf("\nError in RIFF header\n");
exit(1);

}

fread(&cin,sizeof(CHUNK_HDR),1,fp_getwav);
printf("\n");
for(i = 0 ; i < 8 ; i++) printf("%c",cin.form_typed]);
printf("\n");
if(strnicmp(cin.form_type,"WAVEfmt ",8) != 0) {

printf(“\nError in WAVEfmt header\n");
exit(1);

J

if(cin.hdr_size != sizeof(WAVEFORMAT)) {
printf("\nError in WAVEfmt header\n");
exit(1);

}

fread(&wavin,sizeof(WAVEFORMAT),1,fp_getwav);
if(wavin.wFormatTag != WAVE_FORMAT_PCM) {

printf("\nError in WAVEfmt header - not PCM\n”);
exit(l);

}
printf("\nNumber of channels = %d",wavin.nChannels);
printf("\nSample rate = %ld",wavin.nSamplesPerSec);
printf("\nBlock size of data = %d bytes'.wavin.nBlockAlign);
printf('\nBits per Sample = %d\n",wavin.wBitsPerSairple);

/* check channel number and block size are good */
if(wavin.nChannels > 4||wavin.nBlockAlign > 8) {

printf("\nError in WAVEfmt header - Channels/BlockSize\n");
exit(1);

}

fread(&din,sizeof(DATA_HDR),1,fp_getwav);
printf("\n%c%c%c%c“,

din.data_type[0],din.data_type[1],din.data_type[2],din.data-type[3]);
printf("\nData Size = %ld bytes",din.data_size);

/* set the number of sanpies (global) */
number_of_samples = din.data_size/wavin.nBlockAlign;
printf("\nNumber of Samples per Channel = %ld\n",number_of_samples);

if(wavin.nChannels > 1) {
do {

printf("\nError Channel Number (0..%d] - ",wavin.nChannels-1); j
LISTING 4.5 (Continued)
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i = getche() - 0';
if(i < (4-’0')) exit(l);

} whiled <0 || i >= wavin.nChannels);
channel_number = i;

J
}

/* read data until end of file */
if(wavin.wBitsPerSample == 16)(

if(fread(int_data,wavin.nBlockAlign,1,fp_getwav) != 1) {
flush(); /* flush the output when input runs out */
exit(1);

}
3 = int_data[channel_number];

}
else {

if(fread(byte_data,wavin.nBlockAlign,l,fp_getwav) != 1) {
flushO; /* flush the output when input runs out */
exit(1);

}
3 ~ byte_data[channel_number];
3 A= 0x80;
3 «= 8;

}

return((float)j);
}

LISTING 4.5 (Continued)

♦include <stdlib.h>
♦include <stdio.h>
♦include <string.h>
♦include <math.h>
♦include "wavfmt.h"
♦include "rtdspc.h"

/* code to send samples to a WAV type file format */

/* define BITS16 if want to use 16 bit samples */

/* sendout - send sample to disk to simulate realtime output */

static FILE *fp_sendwav = NULL;
static DWORD samples_sent = 0L; /* used by flush for heador
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LISTING 4.6 Functions sendout (output) and flushO used to emulateSENdXIv0^ using WAV format binary data files (contained inSENDWAV.C). (Continued)
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/* WAV format header init */
static WAVE_HDR wout = { "RIFF", OL }; /* fill size at flush */
static CWNK_HDR cout = { "WAVEfmt " , sizeof(WAVEFORMAT) };
static DATA_HDR dout = { "data" , OL }; /* fill size at flush */
static WAVEFORMAT wavout = { 1, 1, OL, OL, 1, 8 };

Real-Time Filtering chap

extern WAVE_HDR win;
extern CHUNK_HDR cin;
extern DATA_HDR din;
extern WAVEFORMAT wavin;

void sendout(float x)
{

int BytesPerSample;
short int j;

/* open output file if not done in previous calls */
if(!fp_sendwav) {

char s[80];
printf("XnEnter output *.WAV file name ? ");
gets(s);
fp_sendwav = fopen(s,"wb");
if(!fp_sendwav) {

printf("XnError opening output *.WAV file in SENDOOTXn");
exit(l);

}
/* write out the *.WAV file format header */

#ifdef BITS16
wavout.wBitsPerSample = 16;
wavout.nBlockAlign = 2;
printf("XnUsing 16 Bit SamplesXn");

#else
wavout.wBitsPerSample = 8;

#endif

wavout.nSamplesPerSec = SAMPLE_RATE;

BytesPerSample = (int)ceil(wavout.wBitsPerSample/8.0);
wavout.nAvgBytesPerSec = BytesPerSanple*wavout.nSamplesPerSec;

fwrite(twout,sizeof(WAVE_HDR),1,fp_sendwav);
fwrite(&cout,sizeof(CHONK_HDR),1,fp_sendwav);
fwrite(iwavout,sizeof(WAVEFORMAT),1,fp_sendwav);
fwrite(&dout,sizeof(DATA_HDR),1,fp_sendwav);

}
/* write the sample and check for errors */

/* clip output to 16 bits */
j = (short int)x;

LISTING 4.6 (Continued)
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if(x > 32767.0) j = 32767;
else if(x < -32768.0) j = -32768;

#ifdef BITS16
j 0x8000;

if(fwrite(&j,sizeof(short int),1,fp_sendwav) != 1) {
printf("XnError writing 16 Bit output *.WAV file in SENDOOTXn");
exit(l);

)
#else
/* clip output to 8 bits */

j = j» 8;
j A= 0x80;

if(fputc(j,fp_sendwav) == EOF) {
printf("XnError writing output *.WAV file in SENDOOTXn");
exit(l);

)
#endif

samples_sent++;
}

/* routine for flush - must call this to update the WAV header */

void flush()
{

int BytesPerSample;

BytesPerSample = (int)ceil(wavout.wBitsPerSample/8.0);
dout.data_size=BytesPerSanple*samples_sent;

wout.chunk_size=
dout.data_size+sizeof(DATA_HDR)+sizeof(CHUNK_HDR)+sizeof(WAVEFORMAT);

/* check for an input WAV header and use the sampling rate, if valid */
if(strnicmp(win.chunk_id,"RIFF",4) == 0 && wavin.nSamplesPerSec != 0) {

wavout.nSamplesPerSec = wavin.nSamplesPerSec;
wavout.nAvgBytesPerSec = BytesPerSample*wavout.nSamplesPerSec;

}

fseek(fp_sendwav,OL,SEEK_SET);
fwrite(twout,sizeof(WAVE_HDR),1,fp_sendwav);
fwrite(icout,sizeof(CHUNK_HDR),1,fp_sendwav);
fwrite(Swavout,sizeof(WAVEFORMAT),1,fp_sendwav);
fwrite(&dout,sizeof(DATA_HDR),1,fp_sendwav);

LISTING 4.6 (Continued)
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4.2 FILTERING TO REMOVE NOISE

4.2.1 Gaussian Noise Generation

The r variable is the radius squared of the random point on the(vl, v2)plane. In the
gaussian function, the r value is tested to insure that it is always less than 1 (which it

r = vl*vl + v2*v2;
fac = sqrt(-2.*log(r)/r);
gstore = vl*fac;
gaus = v2*fac;

The function gaussian (shown in Listing 4.7) is used for noise generation and is con¬tained in the FILTER.C source file. The function has no arguments and returns a single
random floating-point number. The standard C library function rand is called to gener¬
ate uniformly distributed numbers. The function rand normally returns integers from 0
to some maximum value (a defined constant, RANDJMAX, in ANSI implementations). As
shown in Listing 4.7, the integer values returned by rand are converted to float val¬
ues to be used by gaussian. Although the random number generator provided with
most C compilers gives good random numbers with uniform distributions and long peri¬
ods, if the random number generator is used in an application that requires truly random,
uncorrelated sequences, the generator should be checked carefully. If the rand function
is in question, a standard random number generator can be easily written in C (see Park
and Miller, 1988). The function gaussian returns a zero mean random number with a
unit variance and a Gaussian (or normal) distribution. It uses the Box-Muller method (see
Knuth, 1981; or Press, Flannary, Teukolsky, and Vetterling, 1987) to map a pair of inde¬
pendent uniformly distributed random variables to a pair of Gaussian random variables.
The function rand is used to generate the two uniform variables vl and v2 from -1 to
+1, which are transformed using the following statements:

Noise is generally unwanted and can usually be reduced by some type of filtering Ncan be highly correlated with the signal or in a completely different frequency b d”*which case it is uncorrelated. Some types of noise are impulsive in nature and occur 1'°tively infrequently, while other types of noise appear as narrowband tones near the
F *

of interest. The most common type of noise is wideband thermal noise, which origi*81131
in the sensor or the amplifying electronic circuits. Such noise can often be consid^dwhite Gaussian noise, implying that the power spectrum is flat and the distribution is nmal. The most important considerations in deciding what type of filter to use to rem

W

noise are the type and characteristics of the noise. In many cases, very little is kn
6

about the noise process contaminating the digital signal and it is usually costly (in tennsof time and/or money) to find out more about it. One method to study the noise performance of a digital system is to generate a model of the signal and noise and simulate thesystem performance in this ideal condition. System noise simulation is illustrated in thenext two sections. The simulated performance can then be compared to the system performance with real data or to a theoretical model.
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gaussian - generates zero mean unit variance Gaussian random numbers

Returns one zero mean unit variance Gaussian random numbers as a double
Uses the Box-Muller transformation of two uniform random numbers to
Gaussian random numbers.

********************************oooto. . ., ,

float gaussian()
{

static int ready = 0;
static float gstore;
static float rconstl =
static float rconst2 =

/* flag to indicated stored value */
/* place to store other value */

(float)(2.0/RAND_MAX);
(float)(RAND_MAX/2.0);

float vl,v2,r,fac,gaus;

/* make two numbers if none stored */
if(ready == 0) {

do {
vl = (float)rand() - rconst2;
v2 = (float)rand() - rconst2;
vl *= rconstl;
v2 *= rconstl;
r = vl*vl + v2*v2;

} while(r > l.Of); /* make radius less than 1 */

/ remap vl and v2 to two Gaussian numbers */
fac = sqrt(-2.0f*log(r)/r);
gstore = vl*fac; /* store one */
gaus = v2*fac; /* return one */
ready = 1; /* set rea(jy fiag */

else {
ready =0; /* reset ready flag for next pair */
gaus = gstore; /* return the stored one */

return(gaus);
1

LISTING 4.7 Function gsusalanf ).

usually is), so that the region uniformly covered by (vl, v2) is a circle and so thatlog(r) is always negative and the argument for the square root is positive. The vari¬ables gstore and gaus are the resulting independent Gaussian random variables.Because gaussian must return one value at a time, the gstore variable is a staticfloating-point variable used to store the vl*fac result until the next call to gaussian
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The static integer variable ready is used as a flag to indicate if gatore
been stored or if two new Gaussian random numbers should be generated.

has just

4.2.2 Signal-to-Noise Ratio Improvement

One common application of digital filtering is signal-to-noise ratio enhancement. If the
signal has a limited bandwidth and the noise has a spectrum that is broad, then a filter can
be used to remove the part of the noise spectrum that does not overlap the signal spec¬
trum. If the filter is designed to match the signal perfectly, so that the maximum amount
of noise is removed, then the filter is called a matched or Wiener filter. Wiener filtering is
briefly discussed in section 1.7.1 of chapter 1.

Figure 4.7 shows a simple example of filtering a single tone with added white
noise. The MKGWN program (see Listing 4.8) was used to add Gaussian white noise
with a standard deviation of 0.2 to a sine wave at a 0.05 fs frequency as shown in Figure
4.7(a). The standard deviation of the sine wave signal alone can be easily found to be
0.7107. Because the standard deviation of the added noise is 0.2, the signal-to-noise ratio
of the noisy signal is 3.55 or 11.0 dB. Figure 4.7(b) shows the result of applying the 35-
tap lowpass FIR filter to the noisy signal. Note that much of the noise is still present but
is smaller and has predominantly low frequency components. By lowpass filtering the
250 noise samples added to the sine wave separately, the signal-to-noise ratio of Figure
4.7(b) can be estimated to be 15 dB. Thus, the filtering operation improved the signal-to-
noise ratio by 4 dB.

4.3 SAMPLE RATE CONVERSION

Many signal processing applications require that the output sampling rate be different
than the input sampling rate. Sometimes one section of a system can be made more effi¬
cient if the sampling rate is lower (such as when simple FIR filters are involved or in data
transmission). In other cases, the sampling rate must be increased so that the spectral de¬
tails of the signal can be easily identified. In either case, the input sampled signal must be
resampled to generate a new output sequence with the same spectral characteristics but at
a different sampling rate. Increasing the sampling rate is called interpolation or upsam¬
pling. Reducing the sampling rate is called decimation or downsampling. Normally, the
sampling rate of a band limited signal can be interpolated or decimated by integer ratios
such that the spectral content of the signal is unchanged. By cascading interpolation and
decimation, the sampling rate of a signal can be changed by any rational fraction, PIM,
where P is the integer interpolation ratio and M is the integer decimation ratio.
Interpolation and decimation can be performed using filtering techniques (as described in
this section) or by using the fast Fourier transform (see section 4.4.2).

Decimation is perhaps the simplest resampling technique because it involves reduc¬
ing the number of samples per second required to represent a signal. If the input signal is

strictly band-limited such that the signal spectrum is zero for all frequencies above
fsK2M), then decimation can be performed by simply retaining every Afth sample and

Sample
Value

Sample
Value

Program MKGWN.C Output

FIGURE 4.7 MKGWN program example output. Filtering a sine wave with
added noise (frequency = 0.05). (a) Unfiltered version with Gaussian noise
(standard deviation = 0.2). (b) Output after lowpass filtering with 35-point
FIR filter.
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♦include
♦include
♦include
♦include
♦include
♦include

<stdlib.h>
<stdio.h>
<string.h>
<math.h>
"rtdspc.h"
"filter.h"

Real-Time Filtering Chap, 4

MKGWN.C - Gaussian Noise Filter Example

This program performs filters a sine wave with added Gaussian noiseIt performs the filtering to implement a 35 point FIR filter
(stored in variable fir_lpf35) on an generated signal.
The filter is a LPF with 40 dB out of band rejection. The 3 dBpoint is at a relative frequency of approximately .25*fs.

float sigma = 0.2,-

void main()
{
int i, j;
float x;
static float hist[34];
for(i = 0 ; i < 250 ; i++) {

x = sin(0.05*2*PI*i) + sigma*gaussian();
sendout(fir_filter(x,fir_lpf35,35,hist));

LISTING 4.8 Program MKGWN to add Gaussian white noise to cosinewave and then perform FIR filtering.

discarding the M - 1 samples in between. Unfortunately, the speclral content of a signalabove is rarely zero, and the aliasing caused by the simple decimation almost al¬ways causes trouble. Even when the desired signal is zero above fs/(2M), some amount of
noise is usually present that will alias into the lower frequency signal spectrum. Aliasing
due to decimation can be avoided by lowpass filtering the signal before the samples are
decimated. For example, when M = 2, the 35-point lowpass FIR filter introduced in sec¬
tion 4.1.2 can be used to eliminate almost all spectral content above 0.25£ (the attenua¬
tion above 0.25 fs is greater than 40 dB). A simple decimation program could then be
used to reduce the sampling rate by a factor of two. An IIR lowpass filter (discussed in
section 4.1.3) could also be used to eliminate the frequencies above //(2A/) as long as
linear phase response is not required. *
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4.3.1 FIR Interpolation

Interpolation is the process of computing new samples in the intervals between existing
data points. Classical interpolation (used before calculators and computers) involves esti¬mating the value of a function between existing data points by fitting the data to a low-order polynomial. For example, linear (first-order) or quadratic (second-order) polyno¬
mial interpolation is often used. The primary attraction of polynomial interpolation iscomputational simplicity. The primary disadvantage is that in signal processing, the inputsignal must be restricted to a very narrow band so that the output will not have a largeamount of aliasing. Thus, band-limited interpolation using digital filters is usually themethod of choice in digital signal processing. Band-limited interpolation by a factor P:1(see Figure 4.8 for an illustration of 3:1 interpolation) involves the following conceptual
steps:

(1) Make an output sequence P times longer than the input sequence. Place the inputsequence in the output sequence every P samples and place P - 1 zero values be¬tween each input sample. This is called zero-packing (as opposed to zero-padding).The zero values are located where the new interpolated values will appear. The ef¬fect of zero-packing on the input signal spectrum is to replicate the spectrum P
times within the output spectrum. This is illustrated in Figure 4.8(a) where the out-put sampling rate is three times the input sampling rate.

(2) Design a lowpass filter capable of attenuating the undesired P - 1 spectra above theoriginal input spectrum. Ideally, the passband should be from 0 to/7(2P) and thestopband should be from/;/(2P) to///2 (where// is the filter sampling rate that isP times the input sampling rate). A more practical interpolation filter has a transi¬tion band centered about£7(2P). This is illustrated in Figure 4.8(b). The passbandgain of this filter must be equal to P to compensate for the inserted zeros so that theoriginal signal amplitude is preserved.
(3) Filter the zero-packed input sequence using the interpolation filter to generate thefinal P:1 interpolated signal. Figure 4.8(c) shows the resulting 3:1 interpolated

spectrum. Note that the two repeated spectra are attenuated by the stopband attenu¬ation of the interpolation filter. In general, the stopband attenuation of the filtermust be greater than the signal-to-noise ratio of the input signal in order for the in¬terpolated signal to be a valid representation of the input.

4.3.2 Real-Time Interpolation Followed by Decimation
Figure 4.8(d) illustrates 2:1 decimation after the 3:1 interpolation, and shows the spec¬trum of the final signal, which has a sampling rate 1.5 times the input sampling rateBecause no lowpass filtering (other than the filtering by the 3:1 interpolation filter) is per-tormed before the decimation shown, the output signal near///2 has an unusually shapedpower spectrum due to the aliasing of the 3:1 interpolated spectrum. If this aliasingcauses a problem in the system that processes the interpolated output signal, it can be
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FIGURE 4.8 Illustration of 3:1 interpolation followed by 2:1 decimation. The aliased
input spectrum in the decimated output is shown with a dashed line, (a) Example real
input spectrum, (b) 3:1 interpolation filter response lfs' = 3fJ. (c) 3:1 interpolated
spectrum, (d) 2:1 decimated output <fs" = fs'/2).

eliminated by either lowpass filtering the signal before decimation or by designing the in¬
terpolation filter to further attenuate the replicated spectra.

The interpolation filter used to create the interpolated values can be an IIR or FIR
lowpass filter. However, if an HR filter is used the input samples are not preserved ex¬
actly because of the nonlinear phase response of the IIR filter. FIR interpolation filters
can be designed such that the input samples are preserved, which also results in some
computational savings in the implementation. For this reason, only the implementation o

FIR interpolation will be considered further. The FIR lowpass filter required for interpo¬

lation can be designed using the simpler windowing techniques. In this section, a Kaiser
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window is used to design 2:1 and 3:1 interpolators. The FIR filter length must be odd so
that the filter delay is an integer number of samples and the input samples can be pre¬
served. The passband and stopband must be specified such that the center coefficient of
the filter is unity (the filter gain will be P) and P coefficients on each side of the filter
center are zero. This insures that the original input samples are preserved, because the re¬
sult of all the multiplies in the convolution is zero, except for the center filter coefficient
that gives the input sample. The other P - 1 output samples between each original input
sample are created by convolutions with the other coefficients of the filter. The following
passband and stopband specifications will be used to illustrate a P:1 interpolation filter:

Passband frequencies:
Stopband frequencies:
Passband gain:
Passband ripple:
Stopband attenuation:

0-0.Sfs/(2P)
1.2/J/(2P)-0.5/i
P
<0.03dB
>56dB

The filter length was determined to be 16P — 1 using Equation (4.2) (rounding to the
nearest odd length) and the passband and stopband specifications. Greater stopband atten¬
uation or a smaller transition band can be obtained with a longer filter. The interpolation
filter coefficients are obtained by multiplying the Kaiser window coefficients by the ideal
lowpass filter coefficients. The ideal lowpass coefficients for a very long odd length filter
with a cutoff frequency of f^P are given by the following sine function:

Psin(fat/ P)
ct* to

(4.6)

Note that the original input samples are preserved, because the coefficients are zero for
all k = nP, where n is an integer greater than zero and c0 = 1. Very poor stopband attenua¬
tion would result if the above coefficients were truncated by using the 16P - 1 coeffi¬
cients where lid < SP. However, by multiplying these coefficients by the appropriate
Kaiser window, the stopband and passband specifications can be realized. The symmetri¬
cal Kaiser window, is given by the following expression:

A)

4(P)
(4.7)

where 70(p) is a modified zero order Bessel function of the first kind, p is the Kaiser
window parameter which determines the stopband attenuation and N in equation (4.7)
is 16P+1. The empirical formula for P when Astop is greater than 50 dB is
P = 0.1102*(Astop- 8.71). Thus, for a stopband attenuation of 56 dB, P = 5.21136.
Figure 4.9(a) shows the frequency response of the resulting 31-point 2:1 interpolation
filter, and Figure 4.9(b) shows the frequency response of the 47-point 3:1 interpolation
filter.
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FIGURE 4.9 (a) Frequency response of 31-point FIR 2:1 interpolation filter
(gain = 2 or 6 dB). (b) Frequency response of 47-point FIR 3:1 interpolation
filter (gain = 3 or 9.54 dB).
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4.3.3 Real-Time Sample Rate Conversion

Listing 4.9 shows the example interpolation program INTERP3.C, which can be used to
interpolate a signal by a factor of 3. Two coefficient arrays are initialized to have the dec¬
imated coefficients each with 16 coefficients. Each of the coefficient sets are then used
individually with the fir_filter function to create the interpolated values to be sent
to sendout ( ). The original input signal is copied without filtering to the output every
P sample (where P is 3). Thus, compared to direct filtering using the 47-point original fil¬
ter, 15 multiplies for each input sample are saved when interpolation is performed using
INTERP3. Note that the rate of output must be exactly three times the rate of input for
this program to work in a real-time system.

♦include <stdlib.h>
♦include <stdio.h>
♦include <string.h>
♦include <math.h>
♦include "rtdspc.h"

INTERP3.C - PROGRAM TO DEMONSTRATE 3:1 FIR FILTER INTERPOLATION
USES TWO INTERPOLATION FILTERS AND MULTIPLE CALLS TO THE
REAL TIME FILTER FUNCTION fir_filter().

main()
{

int i;
float signal_in;

/* interpolation coefficients for the decimated filters */
static float coef31[16],coef32[16];

/* history arrays for the decimated filters */
static float hist31[15],hist32[15];

/* 3:1 interpolation coefficients, PB 0-0.133, SB 0.2-0.5 */
static float interp3[47] = {
-0.00178662, -0.00275941, 0., 0.00556927, 0.00749929, 0.,
-0.01268113, -0.01606336, 0., 0.02482278, 0.03041984, 0.,
-0.04484686, -0.05417098, 0., 0.07917613, 0.09644332, 0.,
-0.14927754, -0.19365910, 0., 0.40682136, 0.82363913, 1.0
0.82363913, 0.40682136, 0., -0.19365910, -0.14927754, 0.,
0.09644332, 0.07917613, 0., -0.05417098, -0.04484686, 0.,
0.03041984, 0.02482278, 0., -0.01606336, -0.01268113, 0.,

LISTING 4.9 Example INTERP3.C program for 3:1 FIR interpolation.
(Continued)
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0.00749928, 0.00556927, 0., -0.00275941, -0.00178662
1;

ford = 0 ; i < 16 ; i++) coef31[i] = interp3[3*i] ;

ford = 0 ; i < 16 ; i++) coef32d] = interp3[3*i+l] ;

/* make three samples for each input */
for(;;) {

signal_in = getinput ( ) ;
sendout(hist31[7] ) ; /* delayed input *1
sendout (fir_filter (signal_in, coef31,16,hist31) ) ;
sendout(fir_filter(signal_in,coef32,16,hist32) ) ;

}
}

LISTING 4.9 (Continued}

Figure 4.10 shows the result of running the INTERP3.C program on the WAVE3.DAT
data file contained on the disk (the sum of frequencies 0.01, 0.02 and 0.4). Figure 4.10(a)
shows the original data. The result of the 3:1 interpolation ratio is shown in Figure
4.10(b). Note that the definition of the highest frequency in the original data set (0.4/) is
much improved, because in Figure 4.10(b) there are 7.5 samples per cycle of the highest
frequency. The startup effects and the 23 sample delay of the 47-point interpolation filter
is also easy to see in Figure 4.10(b) when compared to Figure 4.10(a).

I FAST FILTERING ALGORITHMS

The FM is an extremely useful tool for spectral analysis. However, another important ap¬
plication for which FFTs are often used is fast convolution. The formulas for convolution
were given in chapter 1. Most often a relatively short sequence 20 to 200 points in length
(for example, an FIR filter) must be convolved with a number of longer input sequences.
The input sequence length might be 1,000 samples or greater and may be changing with
time as new data samples are taken.

One method for computation given this problem is straight implementation of the
time domain convolution equation as discussed extensively in chapter 4. The number of real
multiplies required isM* (N-M + 1), where N is the input signal size and M is the length
of the FIR filter to be convolved with the input signal. There is an alternative to this rather
lengthy computation method—the convolution theorem. The convolution theorem states
that time domain convolution is equivalent to multiplication in the frequency domain. The
convolution equation above can be rewritten in the frequency domain as follows:

Y(k)= H(k) X(k) (4.8)

Because interpolation is also a filtering operation, fast interpolation can also be per¬
formed in the frequency domain using the FFT. The next section describes the implemen-

Sample Number

Sample Number

Originalof INTERP3 for 3:1 interpolation.4.10 (a) ExampleFIGURE
WAVE3.DAT. (b) 3:1 interpolated WAVE3.DAT output.
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tation of real-time filters using FFT fast convolution methods, and section 4 4a real-time implementation of frequency domain interpolation.

4.4.1 Fast Convolution Using FFT Methods
Equation (4.8) indicates that if the frequency domain representations of h(n) and r .known, then Y(k) can be calculated by simple multiplication. The sequence vtJ*
be obtained by inverse Fourier transfonn. This sequence of steps is detailedSw ‘hen

(1) Create the array H(k) from the impulse response h(n) using the FFT(2) Create the array X(k) from the sequence x(n) using the FFT.
(3) Multiply H by X point by point thereby obtaining Y(k).
(4) Apply the inverse FFT to Y(k) in order to create y(n).

There are several points to note about this procedure. First, very often the i™ ,response h(n) of the filter does not change over many computations of theequation. Therefore, the array H(k) need only be computed once and can be used X?edly, saving a large part of the computation burden of the algorithm
Second, it must be noted that h(n) and x(n) may have different lengths. In this case itis necessary to create two equal length sequences by adding zerovalue sLples at the othe shorter of the two sequences. This is commonly called zero filling or zero padding ThisradT? FFT ?ngthS m procedure must Also, when usfngteradix 2 FFT all sequences to be processed must have a power of 2 length. This can reLirPzero filling of both sequences to bring them up to the next higher value that is a power 2Finally, m order to minimize circular convolution edge effects (the distortions thatoccur at computation points where each value of h(n) does not have a matching value

*
x(n) for multiplication), the length of x(n) is often extended by the original length of h(n)

-° end °f SeqUence' 1116 Problem be visualized byth nking of the convolution equation as a process of sliding a short sequence, h(n), acrossa longer sequence, ^n), and taking the sum of products at each translation point. As thistranslation reaches the end of the x(n) sequence, there will be sums where not all h(n) val¬ues match with a corresponding x(n) for multiplication. At this point the output y(n) is ac¬tually calculated using points from the beginning of x(n), which may not be as useful asat the other central points in the convolution. This circular convolution effect cannot beavoided when using the FFT for fast convolution, but by zero filling the sequence its re¬sults are made predictable and repeatable.
The speed of the FFT makes convolution using the Fourier transform a practicalechnique. In fact, in many applications fast convolution using the FFT can be signifi¬cantly faster than normal time domain convolution. As with other FFT applications, there

is ess a vantage with shorter sequences and with very small lengths the overhead cancreate a penalty. The number of real multiply/accumulate operations required for fast
convohition of an N length input sequence (where N is a large number, a power of 2 and
real FFTs are used) with a fixed filter sequence is 2W[1 + 2*log,(N)]- For example,when N is 1,024 and M is 100, fast convolution is as much as 2.15 times faster.

Sec, 4.4 Fast Filtering Algorithms

The program RFAST (see Listing 4.10) illustrates the use of the fft function for
fast convolution (see Listing 4.11 for a C language implementation). Note that the in¬verse FFl' is performed by swapping the real and imaginary parts of the input and out¬
put of the fft function. The overlap and save method is used to filter the con¬
tinuous real-time input and generate a continuous output from the 1024 point FFT. Theconvolution problem is filtering with the 35-tap low pass HR filter as was used in sec¬
tion 4.2.2. Hie filter is defined in the FILTER.H header file (variable fir_lpf35).
The RFAST program can be used to generate results similar to the result shown inFigure 4.7(b).

(text continues on page 176)

♦include <stdlib.h>
♦include <stdio.h>
♦include <string.h>
♦include <math.h>
♦include "rtdspc.h"
♦include "filter.h"

.M**'*************************************,**,**,**,,*,,*,,*,,,,,,,,,,,,,

RFAST.C - Realtime fast convolution using the FFT

This program performs fast convolution using the FFT. It performs
the convolution required to implement a 35 point FIR filter
(stored in variable fir_lpf35) on an
arbitrary length realtime input. The filter is
a LPF with 40 dB out of band rejection. The 3 dB point is at a
relative frequency of approximately ,25*fs.

/* FFT length must be a power of 2 */
♦define FFT_LENGTH 1024
♦define M 10 /* must be log2(FFT_LENGTH) */
♦define FILTER-LENGTH 35

void main()
{
int i, j;
float tempflt;
COMPLEX *samp, *filt;
static float input—save(FILTER—LENGTH];

/* power of 2 length of FFT and conplex allocation */
sanp = (COMPLEX *) calloc(FFT_LENGTH, sizeof(COMPLEX))-
if(!sanp){

LISTING 4.10 Program RFAST to perform real-time fast convolution usingthe overlap and save method. (Continued)
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exit(l) ;

}

/* Zero fill the filter to the sequence length */
filt = (COMPLEX *) calloc (FFT_LENGTH, sizeof (COMPLEX) ) ;
if (!filt) {

exit (1) ;
)

/* copy the filter into complex array and scale by 1/N for inverse FFT */
tenpflt = 1.0/FFT_LENGTH;
for(i = 0 ; i < FILTER-LENGTH ; i++)

filt[i] .real = tenpflt*fir_lpf35[i];

/* FFT the zero filled filter impulse response */
fft (filt,M) ;

I* read in one FFT worth of samples to start, imag already zero *1
ford = 0 ; i < FFT_LENGTH-FILTER—LENGTH ; i++)

sanpd] .real = getinput();

/* save the last FILTER-LENGTH points for next time */
for(j = 0 ; j < FILTER-LENGTH ; j++, i++)

input—savefj] = sampd] .real = getinputQ;

while (1) {

/* do FFT of samples */
fft(sanp,M) ;

/* Multiply the two transformed sequences */
/* swap the real and imag outputs to allow a forward FFT instead of
inverse FFT */

for(i = 0 ; i < FFT_LENGTH ; i++) {
tenpflt = sanpd] -real * filt[i].real

- sanp(i] .imag * filt[i].imag;
samp[i] .real = samp[i] .real * filt[i] .imag

+ samp[i].imag * filt[i] .real;
sairp[i] .imag = tenpflt;

)

/* Inverse fft the multiplied sequences */
fft (samp, M) ;

/* Write the result out to a dsp data file */
/* because a forward FFT was used for the inverse FFT,

LISTING 4.10 (Continued)
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the output is in the imag part */
ford = FILTER-LENGTH ; i < FFT_LENGTH ; i++) sendout (samp[i] .imag);

/* overlap the last FILTER-LENGTH-1 input data points in the next FFT */
ford = 0; i < FILTER-LENGTH ; i++) {

samp[i] .real = input—save[i] ;
sanp[i].imag = 0.0;

)

fort ; i < FFT_LENGTH-FILTER—LENGTH ; i++) {
sanpd] -real = getinput();
samp[i1 . imag = 0.0;

J

/* save the last FILTER-LENGTH points for next time */
for(j = 0 ; j < FILTER-LENGTH ; j++, i++) {

input—save[ j ] = sampd] -real = getinputO;
sanpd]- imag = 0.0;

LISTING 4.10 (Continued)

fft - In-place radix 2 decimation in time FFT

Requires pointer to complex array, x and power of 2 size of FFT, m
(size of FFT = 2**m) . Places FFT output on top of input COMPLEX array.

void fft (COMPLEX *x, int m)

****************************************************************<********/

void fft (COMPLEX *x,int m)
{

static COMPLEX *w;
static int mstore = 0;
static int n = 1;

COMPLEX u,tenp,tm;
COMPLEX *xi , *xip, *xj ,*wptr;

int i, j,k,l,le,windex;

/* used to store the w complex array */
/* stores m for future reference */
/* length of fft stored for future */

double arg, w_real,w_imag,wrecur_real,wrecur_imag,wtemp_real;

LISTING 4.11 Radix 2 FFT function f£t(x,m). (Continued)
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if(m != restore) {

/* free previously allocated storage and set new re */

if(restore != 0) free(w);
restore = m;
if(re == 0) return; /* if m=0 then done */

/* n = 2**m = fft length */

n = 1 « m;
le = n/2;

/* allocate the storage for w */

w (COMPLEX *) calloc(le-l,sizeof(COMPLEX))•
if(!w) {

exit(l);
}

/* calculate the w values recursively */

arg = 4.0*atan(1.0)/le; /* PI/le calculation */wrecur_real = w_real = cos(arg);
wrecur_imag = w_imag = -sin(arg);
xj = w;
for (j = 1 ; j < ie ; j++) {

xj->real = (float)wrecur_real;
xj->imag - (float)wrecur_imag;
xj++;
wtemp_real = wrecur_real*w_real - wrecur_imag*w_ireag;
wrecur_imag = wrecur_real*w_ireag + wrecur_imag*w_real•
wrecur_real = wtenp_real;

}
}

/* start fft */

le = n;
windex = 1;
for (1 = o ; 1 < m ; 1++) {

le = le/2;

first iteration with no multiplies */

for(i =0;i<n;i=i+ 2*le) {
xi = x + i;
xip = xi + le;

LISTING 4.11 (Continued)
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temp.real = xi->real + xip->real;
tenp.imag = xi->imag + xip->imag;
xip->real = xi->real - xip->real;
xip->imag = xi->imag - xip->imag;
*xi = temp;

)

/* remaining iterations use stored w */

wptr = w + windex - 1;
for (j = 1 ; j < le ; j++) {

u = *wptr;
for (i = j ; i < n ; i = i + 2*le) {

xi = x + i;
xip = xi + le;
temp.real = xi->real + xip->real;
tenp.imag = xi->imag + xip->imag;
tm.real = xi->real - xip->real;
tm.imag = xi->imag - xip->imag;
xip->real = tm.real*u.real - tm.imag*u.imag;
xip->imag = tm.real*u.imag + tm.imag*u.real;
*xi = temp;

}
wptr = wptr + windex;

}
windex = 2*windex;

}

/* rearrange data by bit reversing */

j = 0;
for (i = 1 ; i < (n-1) ; i++) {

k = n/2;
while(k <= j) {

j = j - k;
k = k/2;

)
j = j + k;
if (i < j) {

xi = x + i;
Xj = X + j;
temp = *xj;
*xj = *xi;
*xi = temp;

}

LISTING 4.11 (Continued)
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4.4.2 Interpolation Using the FFT

In section 4.3.2 time domain interpolation was discussed and demonstrated using severalshort FIR filters. In this section, the same process is demonstrated using FFT techniques
The steps involved in 2:1 interpolation using the bb l are as follows:

(1) Perform an FFT with a power of 2 length (N) which is greater than or equal to thelength of the input sequence.
(2) Zero pad the frequency domain representation of the signal (a complex array) by

inserting N - 1 zeros between the positive and negative half of the spectrum. The
Nyquist frequency sample output of the FFT (at the index N/2) is divided by 2 and
placed with the positive and negative parts of the spectrum, this results in a sym¬
metrical spectrum for a real input signal.

(3) Perform an inverse FFT' with a length of 2N.
(4) Multiply the interpolated result by a factor of 2 and copy the desired portion of the

result that represents the interpolated input, this is all the inverse FFT samples if the
input length was a power of 2.

Listing 4.12 shows the program INTFFT2.C that performs 2:1 interpolation using
the above procedure and the fft function (shown in Listing 4.11). Note that the inverse
bbl is performed by swapping the real and imaginary parts of the input and output of the
fft function. Figure 4.11 shows the result of using the INTFFT2 program on the 128
samples of the WAVE3.DAT input file used in the previous examples in this chapter
(these 256 samples are shown in detail in Figure 4.10(a)). Note that the output length is
twice as large (512) and more of the sine wave nature of the waveform can be seen in the
interpolated result. The INTFFT2 program can be modified to interpolate by a larger
power of 2 by increasing the number of zeros added in step (2) listed above. Also, be¬
cause the FFT is employed, frequencies as high as the Nyquist rate can be accurately in¬
terpolated. FIR filter interpolation has a upper frequency limit because of the frequency
response of the filter (see section 4.3.1).

♦include
♦include
♦include
♦include
♦include

<stdlib.h>
<stdio.h>
<string.h>
<math..h>
"rtdspc.h"

/A***********************************************************************

INTFFT2.C - Interpolate 2:1 using FFT

Generates 2:1 interpolated time domain data.

*************************************************************************/

LISTING 4.12 Program INIFF 1 2.C used to perform 2:1 interpolation using
the FFT. (Continued)
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♦define LENGTH 256
♦define M 8 /* must be log2 (FFT_LENGTH) */

mainO
{

int i;
float temp;
COMPLEX *sarrp;

/* allocate the cctrplex array (twice as long) */
samp = (COMPLEX *) calloc (2*LENGTH, sizeof (COMPLEX) ) ;

if (!sanp) {
printf (" \nError allocating fft memory\n");
exit(l) ;

}

/* copy input signal to complex array and do the fft */
for (i = 0; i < LENGTH; i++) sanpli] .real = getinputO;

fft (sanp,M) ;

/* swap the real and imag to do the inverse fft */
for (i = 0; i < LENGTH; i++) {

temp = sarop[i] .real;
samp[i].real = samp[i] . imag;
samp[i].imag = temp;

}

/* divide the middle frequency component by 2 */
sanp[LENGTH/2] .real = 0.5*sanp[LENGTH/2].real;
sanp[LENGTH/2] . imag = 0.5*sanp[LENGTH/2] .imag;

/* zero pad and move the negative frequencies */
sanp[3*LENGTH/2] = samp[LENGTH/2] ;
for (i = LENGTH/2 + 1; i < LENGTH ; i++) {

sanp[ i+LENGTH] = sanpli];
sanp[i].real = 0.0;
sanpli] .imag = 0.0;

J

/* do inverse fft by swapping input and output real & imag */
fft (sanp,M+l) ;

/* copy to output and multiply by 'll (2*LENGTH) */
tenp = 1.0/LENGTH;
for (i=0; i < 2*LENGTH; i++) sendout (temp*sanp[i] .imag);

177

LISTING 4.12 (Continued)
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Sample Number

FIGURE 4.11 Example use of the INTFFT2WAVE3 signal by a 2:1 ratio.
program used to interpolate

(4.9)

The impulse response of a continuous time second order oscillator is given by

co

4.5 OSCILLATORS AND WAVEFORM SYNTHESIS
°f P“reKtOneS is often used t0 Resize new sounds in music or for test-

on ihfLTT °SC1UatOr 1S a case of HR filter where the poles arethe unit circle and the initial conditions are such that the input is an impuls^ If the
rate ILtheTi °UtS1?e J5 Unit CirCle’ 46 OSCillatOr OUtpUt Wiu grOW at an exponentialfate. If the poles are placed inside the unit the circle, the output will decay toward zero2futore^tJ1 SeC°nd SeCti°n determines amplitude and phase of
4 5 J °i P SeCtl°n describes the details of this type of oscillator Sectionlie W»vn r M K

t0 generate waveforms of different frequencies
fundamental f* \ wavefonn can be used to generate afundamental frequency with many associated harmonics.
4.5.1 HR Filters as Oscillators
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If d > 0 then the output will decay toward zero and the peak will occur at

The peak value will be

^peak
tan ‘(to/d)

co

y^peak)

(4.10)

(4.11)

A second-order difference can be used to generate a response that is an approximation ofthis continuous time output. The equation for a second-order discrete time oscillator isbased on an HR filter and is as follows:

yn+l=clyn-c2yn_l+blxn, (4.12)
where the x input is only present for t = 0 as an initial condition to start the oscillator and

Cj = cos(cor)

c2=e-2^
where t is the sampling period (1^) and ® is 2it times the oscillator frequency.

The frequency and rate of change of the envelope of the oscillator output can bechanged by modifying the values of d and co on a sample by sample basis. This is illus¬trated in the OSC program shown in Listing 4.13. The output wavefonn grows from apeak value of 1.0 to a peak value of 16000 at sample number 5000. After sample 5000the envelope of the output decays toward zero and the frequency is reduced in steps every1000 samples. A short example output waveform is shown in Figure 4.12.

4.5.2 Table-Generated Waveforms

Listing 4.14 shows the program WAVETAB.C, which generates a fundamental fre¬quency at a particular musical note given by the variable key. The frequency in Hertz isrelated to the integerkey as follows:

/ = 440.2*^2 (4.13)
Thus, a key value of zero will give 440 Hz, which is the musical note A above mid¬dle C. The WAVETAB.C program starts at a key value of -24 (two octaves below A) andsteps through a chromatic scale to key value 48 (4 octaves above A). Each sample outputvalue is calculated using a linear interpolation of the 300 values in the table gwave. The300 sample values are shown in Figure 4.13 as an example waveform. The gwava array is301 elements to make the interpolation more efficient. The first element (0) and the last ele¬ment (300) are the same, creating a circular interpolated waveform. Any waveform can besubstituted to create different sounds. The amplitude of the output is controlled by the envvariable, and grows and decays at a rate determined by trel and eunp arrays.



♦include
♦include
♦include
♦include

<stdlib.h>
<stdio.h>
<math.h>
"rtdspc.h"

float osc(float,float,int);
float rate,freq;
float amp = 16000;

void main()
{

long int i,length = 100000;

/* calculate the rate required to get to desired arrp in 5000 sanpies */
rate = (float)exp(log(amp)/(5000.0));

/* start at 4000 Hz */
freq = 4000.0;

/* first call to start up oscillator */
sendout(osc(freq,rate,-1));

/* special case for first 5000 sanpies to increase amplitude */
for(i = 0 ; i < 5000 ; i++)

sendout(osc(freq,rate,0));

/* decay the osc 10% every 5000 sanples */
rate = (float)exp(log(0.9)/(5000.0));

for( ; i < length ; i++) {
if((i%1000) == 0) { /* change freq every 1000 sanples */

freq = 0.98*freq;
sendout(osc(freq,rate,l));

J
else ( /* normal case */

sendout(osc(freq,rate,0));
}

)
flush();

/* Function to generate samples from a second order oscillator
rate = envelope rate of change parameter (close to 1).

change_flag = indicates that frequency and/or rate have changed.
*/

float osc(float freq,float rate,int change_flag)
{
/* calculate this as a static so it never happens again */

static float two_pi_div_sanple_rate = (float)(2.0 * PI / SAMPLE-RATE);
static float yl,y0,a,b,arg;
float out,wosc;

LISTING 4.13 Program OSC to generate a sine wave signal with a variable
frequency and envelope using a second-order UR section. (Continued)
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/* change_flag:
-1 = start new sequence from t=0
0 = no change, generate next sample in sequence
1 = change rate or frequency after start

*/
if(change—flag != 0) {

/* assume rate and freq change every time */
wosc = freq * two_pi_div_sanple_rate;
arg = 2.0 * cos(wosc);
a = arg * rate;
b = -rate * rate;

if(change_flag < 0) { /* re-start case, set state variable */
yO = O.Of;
return(yl = rate*sin(wosc));

}
)

/* make new sanple */
out = a*yl + b*yO;
yO = yl;
yl = out;
return(out);

LISTING 4.13 (Continued)

FIGURE 4.12 Example signal output from the OSC.C program (modified to
reach peak amplitude in 500 samples and change frequency every 500 sam¬
ple for display purposes).
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#include <stdlib.h>
#include <math.h>
#include "rtdspc.h"
#include "gwave.h" /* gwave[301] array */

/* Wavetable Music Generator 4-20-94 PME */

int key;

void main()
{

int t,told,ci,k;
float ampold,rate,env,wave_size,dec,phase,frac,delta,sample;
register long int i,endi;
register float sig_out;

static float trel[5] = { 0.02 , 0.14, 0.6, 1.0, 0 0}-static float anps[5] = { 15000.0 , 10000.0, 4000.0, 10 o’ 0 0 }'■
static float rates[10];
static int tbreaks[10];

wave_size = 300.0; /* dimension of original wave */
endi = 96000; /* 2 second notes */

for(key = -24 ; key < 48 ; key++) {

/* decimation ratio for key semitones down */
dec = powf(2.0,0.0833333333*(float)key);

/* calculate the rates required to get the desired airps */
i = 0;
told = 0;

=1.0; /* always starts at unity */
while(anps[i] > 1.0) {

t = trel[i]*endi;
rates[i] = expf(logf(amps[i]/ampold)/(t-told));
ampold = amps[i];
tbreaksli] = told = t;

}

phase = 0.0;
rate = rates[0];
env = 1.0;
ci = 0;
for(i = 0 ; i < endi ; i++) {

/* calculate envelope amplitude */

LISTING 4.14 Program WAVETAB to generate periodic waveform at anyfrequency. (Continued)
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if(i == tbreaks[ci]) rate = rates[++ci];
env = rate*env;

/* determine interpolated sample value from table */
k = (int)phase;
frac = phase - (float)k;
sample = gwave[k];
delta = gwave[k+1] - sample; /* possible wave_size+l access */
sample += frac*delta;

/* calculate output and send to DAC */
sig_out = env*sample;
sendout(sig_out);

/* calculate next phase value */
phase += dec;
if(phase >= wave_size) phase -= wave_size;

)
}
flush();

}

LISTING 4.14 (Continued)

FIGURE 4.13 Example waveform (owaveDOl] array) used by proaram
WAVETAB.
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CHAPTER 5
Real-Time DSP Applications

This chapter combines the DSP principles described in the previous chapters with thespecifications of real-time systems designed to solve real-world problems and providecomplete software solutions for several DSP applications. Applications of FFT spectrumanalysis are described in section 5.1. Speech and music processing are considered in sec¬tions 5.3 and 5.4. Adaptive signal processing methods are illustrated in section 5.2 (para¬metric signal modeling) and section 5.5 (adaptive frequency tracking).

.1 FFT POWER SPECTRUM ESTIMATION

Signals found in most practical DSP systems do not have a constant power spectrum. Thespectrum of radar signals, communication signals, and voice waveforms change continu¬ally with time. This means that the FFT of a single set of samples is of very limited use.More often a series of spectra are required at time intervals determined by the type of sig¬nal and information to be extracted.
Power spectral estimation using FFTs provides these power spectrum snapshots(called periodograms). The average of a series of periodograms of the signal is used asthe estimate of the spectrum of the signal at a particular time. The parameters of the aver¬age periodogram spectral estimate are:

(1) Sample rate: Determines maximum frequency to be estimated
(2) Length of FFT. Determines the resolution (smallest frequency difference detectable)
(3) Window. Determines the amount of spectral leakage and affects resolution and

noise floor
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(4) Amount of overlap between successive spectra: Determines accuracy of the esti¬mate, directly affects computation time
(5) Number of spectra averaged: Determines maximum rate of change of the detectablespectra and directly affects the noise floor of the estimate

5.1.1 Speech Spectrum Analysis

One of the common application areas for power spectral estimation is speech processing.The power spectra of a voice signal give essential clues to the sound being made by theSiiAlP°st a11 1,16 ^formation in voice signals is contained in frequencies below3,500 Hz. A common voice sampling frequency that gives some margin above theNyquist rate is 8,000 Hz. The spectrum of a typical voice signal changes significantlyevery 10 msec or 80 samples at 8,000 Hz. As a result, popular FFT sizes for speech pro-cessing are 64 and 128 points. "
Included on the MS-DOS disk with this book is a file called CHKL TXT This isthe recorded voice of the author saying the words “chicken little.” These sounds were

of "TT*mJ.ereSting sPectra tot Produced. By looking at a plotof the CHKL.TXT samples (see Figure 5.1) the break between words can be seen and the

^GURE 5.1 Original CHKL.TXT data file consisting of the author's wordschicken little sampled at 8 kHz (6000 samples are shown).
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relative volume can be inferred from the envelope of the waveform. The frequency con
tent is more difficult to determine from this plot.

The program RTPSE (see Listing 5.1) accepts continuous input samples (uSin
getinput ( )) and generates a continuous set of spectral estimates. The power spectral
estimation parameters, such as bbl length, overlap, and number of spectra averaged, are
set by the program to default values. The amount of overlap and averaging can be
changed in real-time. RTPSE produces an output consisting of a spectral estimate every 4
input samples. Each power spectral estimate is the average spectrum of the input file over
the past 128 samples (16 FFT outputs are averaged together).

Figure 5.2 shows a contour plot of the resulting spectra plotted as a frequency ver¬
sus time plot with the amplitude of the spectrum indicated by the contours. The high fie-
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♦include
♦include
♦include
♦include

<stdlib.h>
<stdio.h>
<math.h>
"rtdspc.h"

RTPSE.C - Real-Time Power spectral estimation using the FFT

This program does power spectral estimation on input samples.
The average power spectrum in each block is determined
and used to generate a series of outputs.

Length of each FFT snapshot: 64 points
Number of FFTs to average: 16 FFTs
Amount of overlap between each FFT: 60 points

*********************************************************************/

/* FFT length must be a power of 2 */
♦define FFT_LENGTH 64
♦define M 6 /* must be log2 (FFT_LENGTH) */

/* these variables global so they can be changed in real-time */
int numav = 16;
int ovlap = 60;

main( )
{

int
float

i, j,k;
scale, tempflt;

LISTING 5.1 Program RTPSE to perform real-time power spectral estimation using
the FFT. (Continued)
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static float mag[FFT_LENGTH] , sig[FFT_LENGTH] , hamw[FFT_LENGTH] ;

static COMPLEX samp[FFT_LENGTH] ;

/* overall scale factor */
scale = l.Of/ (float )FFT_LENGTH;

scale *= scale/ (float)numav;

/* calculate hamming window */
tenpflt = 8.0*atan(1.0)/(FFT_LENGTH-l) ;
ford = 0 ; i < FFT_LENGTH ; i++)

hamw[i] = 0.54 - 0.46*cos(tenpflt*i) ;

/* read in the first FFT_LENGTH samples, overlapped samples read in loop */
ford = 0 ; i < FFT_LENGTH ; i++) sigd] = getinputO;

for ( ; ; ) {

for (k=0; k<FFT_LENGTH; k++) mag[k] = 0;

for (j=0; j<numav; j++) {

for (k=0; k<FFT_LENGTH; k++) {
samp[k] .real = hanw(k) *sig[k];
samp[k].imag = 0;

J

fft (sanp,M) ;

for (k=0; k<FFT_LENGTH; k++) {
tenpflt = samp[k].real * sanp[k] .real;
tenpflt += sanp[k] . irnag * sairp[k] . imag;
tenpflt = scale*tenpflt;
mag[k] += tenpflt;

}

/* overlap the new samples with the old */
for(k = 0 ; k < ovlap ; k++) sig[k] = sig[k+FFT_LEN3TH-ovlap] ;
for( ; k < FFT_LEN3TH ; k++) sig[k] = getinputO;

}

/* Take log after averaging the magnitudes. */
for (k=0; k<FFT_LENGTH/2; k++) {

tenpflt = mag[k];
ifftenpflt < I.e-lOf) tempflt = I.e-lOf;
sendout (10. Of *logl0(tenpflt) ) ;

}
}

}

LISTING 5.1 (Continued)
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FIGURE 5.2 Contour plot of the power spectrum versus frequency andtime obtained using the RTPSE program with the input file CHKLTXTContours are at 5 dB intervals and the entire 2D power spectrum is normal-ized to 0 dB.

quency content of the “chi” part of “chicken” and the lower frequency content of “little”are clearly indicated.

5.1.2 Doppler Radar Processing

Radar signals are normally transmitted at a very high frequency (usually greater than 100MHz), but with a relatively narrow bandwidth (several MHz). For this reason most radarsignals are processed after mixing them down to baseband using a quadrature demodula¬tor (see Skolmk, 1980). This gives a complex signal that can be processed digitally inreal-time to produce a display for the radar operator. One type of display is a moving tar¬get indicator (MTI) display where moving targets are separated from stationary targets by
signal processing. It is often important to know the speed and direction of the moving tar¬
gets. Stationary targets are frequently encountered in radar because of fixed obstacles(antenna towers, buildings, trees) in the radar beam’s path. The beam is not totally
blocked by these targets, but the targets do return a large echo back to the receiver. These

Sec. 5.1 FFT Power Spectrum Estimation 191
targets can be removed by determining their average amplitude from a series of echoesand subtracting them from each received echo. Any moving target will not be subtractedand can be further processed. A simple method to remove stationary echoes is to simplysubtract successive echoes from each other (this is a simple highpass filter of the Dopplersignal). The mean frequency of the remaining Doppler signal of the moving targets canthen be determined using the complex FFT.

Listing 5.2 shows the program RADPROC.C, which performs the DSP required toremove stationary targets and then estimate the frequency of the remaining Doppler sig¬nal. In order to illustrate the operation of this program, the test data file RADAR DATwas generated. These data represent the simulated received signal from a stationary target

#include <stdlib.h>
#include <math.h>
#include "rtdspc.h"

RADPROC.C Real-Time Radar processing

This program subtracts successive complex echo signals toremove stationary targets from a radar signal and thendoes power spectral estimation on the resulting sanpies.The mean frequency is then estimated by finding the peak of theFFT spectrum.

Requires complex input (stored real.imag) with 12
consecutive samples representing 12 range locations fromeach echo.

/* FFT length must be a power of 2 */
#define FFT_LENGTH 16
#define M 4 /* must be log2(FFT_LENGTH) */#define ECHO_SIZE 12

void main()
{

int i,j.k;
float tempflt.rin,iin,pl,p2;
static float mag[FFT_LENGTH];
static COMPLEX echos[ECHO_SIZE][FFT_LENGTH];
static COMPLEX last_echo[ECHO_SIZE];

LISTING 5.2 Program RADPROC to perform real-time radar signal process¬ing using the FFT. (Continued)
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/* read in the first echo */
for(i = 0 ; i < ECHO_SIZE ; i++) {

Last_echo[i].real = getinput();
last_echo[i].imag = getinput();

for(;;){
for (3=0; j< FFT_LENGTH; j++){

/* remove stationary targets by subtracting pairs (highpass filter) */
for (k=0; k< ECHO_SIZE; k++){
rin = getinput();
iin = getinput();
echos[k][j].real = rin - last_echo[k].real;

echos[k][j].imag = iin - last_echo[k].imag;
last_echo[k].real = rin;
last_echo[k].imag = iin;

1
}

/* do FFTs on each range sample */
for (k=0; k< ECHO_SIZE; k++) {

fft(echos[k],M);

for(j = 0 ; j < FFT_LENGTH ; j++) {
tenpflt = echos(kJ[j].real * echos[k][j].real;
tempiIt += echos[k][j].imag * echos[k][j].imag;
maglj] = tenpflt;

1
/* find the biggest magnitude spectral bin and output */

tenpflt = mag[0];
i=0;
for(j = 1 ; j < FFT_LENGTH ; j++) {
if(mag(j] > tenpflt) {

tenpflt = mag[j];
i=j;

}
)

/* interpolate the peak loacation */
pl = mag[i] - mag[i-ll;
p2 = mag[i] - mag[i+l];
sendout((float)i + (pl-p2)/(2*(pl+p2+le-30)));

LISTING 5.2 (Continued)
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added to a moving target signal with Gaussian noise. The data is actually a 2D matrix
representing 12 consecutive complex samples (real.imag) along the echo in time (repre¬
senting 12 consecutive range locations) with each of 33 echoes following one after an¬
other. The sampling rates and target speeds are not important to the illustration of the pro¬
gram. The output of the program is the peak frequency location from the 16-point FFT in
bins (0 to 8 are positive frequencies and 9 to 15 are -7 to -1 negative frequency bins). A
simple (and efficient) parabolic interpolation is used to give a fractional output in the re¬
sults. The output from the RADPROC program using the RADAR.DAT as input is 24
consecutive numbers with a mean value of 11 and a small standard deviation due to the
added noise. The first 12 numbers are from the first set of 16 echoes and the last 12 num¬
bers are from the remaining echoes.

5.2 PARAMETRIC SPECTRAL ESTIMATION

The parametric approach to spectral estimation attempts to describe a signal as a result
from a simple system model with a random process as input. The result of the estimator is
a small number of parameters that completely characterize the system model. If the
model is a good choice, then the spectrum of the signal model and the spectrum from
other spectral estimators should be similar. The most common parametric spectral estima¬
tion models are based on AR, MA, or ARMA random process models as discussed in
section 1.6.6 of chapter 1. Two simple applications of these models are presented in the
next two sections.

5.2.1 ARMA Modeling of Signals

Figure 5.3 shows the block diagram of a system modeling problem that will be used to il¬
lustrate the adaptive IIR LMS algorithm discussed in detail in section 1.7.2 of chapter 1.
Listing 5.3 shows the main program ARMA.C, which first filters white noise (generated
using the Gaussian noise generator described in section 4.2.1 of chapter 4) using a second-
order IIR filter, and then uses the LMS algorithm to adaptively determine the filter function.

Listing 5.4 shows the function iir_bi<juad, which is used to filter the white
noise, and Listing 5.5 shows the adaptive filter function, which implements the LMS algo¬
rithm in a way compatible with real-time input. Although this is a simple ideal example
where exact convergence can be obtained, this type of adaptive system can also be used
to model more complicated systems, such as communication channels or control systems.
The white noise generator can be considered a training sequence which is known to the
algorithm; the algorithm must determine the transfer function of the system. Figure 5.4
shows the error function for the first 7000 samples of the adaptive process. The error re¬
duces relatively slowly due to the poles and zeros that must be determined. FIR LMS al¬
gorithms generally converge much faster when the system can be modeled as a MA sys¬
tem (see section 5.5.2 for an FIR LMS example). Figure 5.5 shows the path of the pole
coefficients (bO,bl) as they adapt to the final result where bO = 0.748 and bl = -0.272.

(text continues on page 198)



Real-Time DSP Applications pk'-nap. 5/* 2 poles (2 b coefs) and 2 zeros (3 a coefs) adaptive Hr biquad filter *float iir_adapt_filter(float input,float d,float *a,float *b)
int i;
static float out_histl,out_hist2;
static float beta[2],beta_hl[2],beta_h2[2];
static float alpha[3],alpha_hl[3],alpha_h2[3]•static float in_hist[3];
float output,e;

output = out_histl * b[0];
output += out_hist2 * bfl]; /*

in__hist[0] = input;
for(i = 0 ; i < 3 ; i++)

output += in_hist[i] * a[ij; /* ,ero_ *,

/* calclulate alpha and beta update coefficients

alphati] = in_hist[i] + b[0]*alpha_hlfi] + bfl]*alpha_h2[i];
betatO] = out.histl + b[0]*beta_hl[0] + bfl]*beta_h2[0];betafl] = out_hist2 + b[0]*beta_hl[1] + bfl]*beta_h2[1];

/* error calculation */
e = d - output;

/* update coefficients */
a[0] += e*0.2*alpha[0];
all] += e*0.1*alpha[l];
a[2] += e*0.06*alpha[2];

b[0] += e*0.04*beta[0];
bfl] += e*0.02*beta[l];

/* update history for alpha */
for(i = 0 ; i < 3 ; i++) {

alpha_h2[i] = alpha_hl[i];
alpha_hlfi] = alpha[i];

update history for beta */
for(i = 0 ; i < 2 ; i++)

= which -P'ements an LMSadaptive second-order HR filter (contained in ARMA.C) (Continued)
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beta_h2[i] = beta_hl[i];
beta_hl[i] = betafi];

}

/* update input/output history */
out_hist2 = out_histl;
out_histl = output;

in_hist[2] = in_hist[l];
in_hist[l] = input;

return(output);
}

LISTING 5.5 (Continued)

FIGURE 5.4 Error signal during the HR adaptive process, illustrated by theprogram ARMA.C.
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FIGURE 5.5 Pole coefficients (b0,b1) during the HR adaptive process, illus¬
trated by the program ARMA.C.

5.2.2 AR Frequency Estimation

The frequency of a signal can be estimated in a variety of ways using spectral analysis
methods (one of which is the bb l illustrated in section 5.1.2). Another parametric ap¬
proach is based on modeling the signal as resulting from an AR process with a single
complex pole. The angle of the pole resulting from the model is directly related to the
mean frequency estimate. This model approach can easily be biased by noise or other sig¬
nals but provides a highly efficient real-time method to obtain mean frequency informa¬
tion.

The first step in the AR frequency estimation process is to convert the real signal
input to a complex signal. This is not required when the signal is already complex, as is
the case for a radar signal. Real-to-complex conversion can be done relatively simply by
using a Hilbert transform FIR filter. The output of the Hilbert transform filter gives the
imaginary part of the complex signal and the input signal is the real part of the complex
signal. Listing 5.6 shows the program ARFREQ.C, which implements a 35-point Hilbert
transform and the AR frequency estimation process. The AR frequency estimate deter¬
mines the average frequency from the average phase differences between consecutive
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♦include
♦include
♦include
♦include
♦include

<stdlib.h>
<stdio.h>
<string.h>
<math.h>

/* ARFREQ.C - take real data in one record and determine the
1st order AR frequency estimate versus time. Uses a Hilbert transform
to convert the real signal to complex representation */

main))
{
/* 35 point Hilbert transform FIR filter cutoff at 0.02 and 0.48

+/- 0.5 dB ripple in passband, zeros at 0 and 0.5 */

static float fir_hilbert35[35] = {

1;

0.038135, 0.000000, 0.024179, 0.000000, 0.032403,

0.000000, 0.043301, 0.000000, 0.058420, 0.000000,
0.081119, 0.000000, 0.120167, 0.000000, 0.207859,

0.000000, 0.635163, 0.000000, -0.635163, 0.000000,
-0.207859, 0.000000, -0.120167, 0.000000, -0.081119,
0.000000, -0.058420, 0.000000, -0.043301, 0.000000,
-0.032403, 0.000000, -0.024179, 0.000000, -0.038135

static float hist[34];
int i,winlen;
float sig_real,sig_imag,last_real,last_imag;

float cpi,xr,xi,freq;

cpi = 1.0/(2.0*PI);
winlen = 32;

last_real = 0.0;
last_imag = 0.0;
for(;;) {

/* determine the phase difference between sucessive samples */

xr = 0.0;
xi = 0.0;
ford = 0 ; i < winlen ; i++) {

sig_imag = fir_filter(getinput(),fir_hilbert35,35,hist);
sig_real = hist[16];
xr += sig_real * last_real;

xr += sig_imag * last_imag;

xi += sig_real * last_imag;

LISTING 5.6 Program ARFREQ.C, which calculates AR frequency estimates
in real-time. (Continued)
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xi sig_imag * last_real;
last_real = sig_real;
last_imag = sig_imag;

}
/* make sure the result is valid, give 0 if not */if(fabs(xr) > le-10)

freq = cpi*atan2(xi,xr);
else

freq = 0.0;
sendout(freq);

1

LISTING 5.6 (Continued}

complex samples. The arc tangent is used to determine the phase angle of the comnUsuits. Because the calculation of the arc tangent is relatively slow, several simplifLtiJ6can be made so that only one arc tangent is calculated for each frequency estimate Letbe the complex sequence after the Hilbert transform. The phase different is

= arg[^]~arg^.,]= argfxX-J.
The average frequency estimate is then

(5.1)

wlen-l fw/en-l

— n=0 ~ n=0
2n wlen 2jt

(5.2)

com! aPP"tlon we'ghts the phase differences based on the amplitude of thecomplex signal and reduces the number of arc tangents to one per estimate The constant
phase estimates averaged together. Figure 5.6 shows the results from the ARFREQ pro-««^7spe“hr is used- N»»“-content oi the chi sound is easy to identify. n }

3 SPEECH PROCESSING

neVer Seem t0 have enou8h bandwidth to carry the desiredSi from one location to another for a reasonable cost. Speech compression at¬tempts to improve this situation by sending the speech signal with as few bits per secondas possible. The same channel can now be used to send a larger number of speech signalslower cost Speech compression techniques can also be used to reduce the amount ofmemory needed to store digitized speech.
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FIGURE 5.6 Frequency estimates from program ARFREQ.C, using the
CHKL.DAT speech data as input.

5.3.1 Speech Compression

The simplest way to reduce the bandwidth required to transmit speech is to simply reducedie number bits per sample that are sent. If this is done in a linear fashion, then the qual¬
ity of the speech (in terms of signal-to-noise ratio) will degrade rapidly when less than 8bits per sample are used. Speech signals require 13 or 14 bits with linear quantization in
order to produce a digital representation of the full range of speech signals encountered in
telephone applications. The International Telegraph and Telephone Consultative Committee(CCITT, 1988) recommendation G.7U specifies the basic pulse code modulation (PCM)
algoridim, which uses a logarithmic compression curve called p-law. p-law (see section
1.5.1 in chapter 1) is a piecewise linear approximation of a logarithmic transfer curve
consisting of 8 linear segments. It compresses a 14-bit linear speech sample down to 8bits. The sampling rate is 8000 Hz of the coded output. A compression ratio of 1.75:1 is
achieved by this method without much computational complexity. Speech quality is not
degraded significantly, but music and other audio signals would be degraded. Listing 5.7
shows the program MULAW.C, which encodes and decodes a speech signal using p-law
compression. The encode and decode algorithms that use tables to implement the com-



in ( )

int i,j;
for(;;) {

i = (int)getinput();

encode 14 bit linear input to mu-law */
j = abs(i);
if(j > Oxlfff) j = Oxlfff;
j = invmutabfj/2];
if(i < 0) j |= 0x80;

decode the 8 bit mu-law and send out */
sendout((float)mutab[j]);

1

LISTING 5.7 Program MULAW.C, which encodes and decodes a speech signal using
p-law compression.

pression are also shown in this listing. Because the tables are rather long, they are in the
include file MU.H.

5.3.2 ADPCM (G.722)

The CCITT recommendation G.722 is a standard for digital encoding of speech and audio
signals in the frequency range from 50 Hz to 7000 Hz. The G.722 algorithm uses sub¬
band adaptive differential pulse code modulation (ADPCM) to compress 14-bit, 16 kHz
samples for transmission or storage at 64 kbits/sec (a compression ratio of 3.5:1).
Because the G.722 method is a wideband standard, high-quality telephone network appli¬
cations as well as music applications are possible. If the sampling rate is increased, the
same algorithm can be used for good quality music compression.

The G.722 program is organized as a set of functions to optimize memory usage
and make it easy to follow. This program structure is especially efficient for G.722, since

most of the functions are shared between the higher and lower sub-bands. Many of the
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functions are also shared by both the encoder and decoder of both sub-bands. All of the
functions are performed using fixed-point arithmetic, because this is specified in the
CCITT recommendation. A floating-point version of the G.722 C code is included on
the enclosed disk. The floating-point version runs faster on the DSP32C processor, which
has limited support for the shift operator used extensively in the fixed-point implementa¬
tion. Listing 5.8 shows the main program G722MAIN.C, which demonstrates the algo¬
rithm by encoding and decoding the stored speech signal “chicken little,” and then oper¬
ates on the real-time speech signal from g«tinpat ( ) . The output decoded signal is
played using sandout ( ) with an effective sample rate of 16 kHz (one sample is inter¬
polated using simple linear interpolation giving an actual sample rate for this example of

♦include <stdlib.h>
♦include "rtdspc.h"

/* Main program for g722 encode and decode demo for 210X0 */

extern int encode(int,int);
extern void decode(int);
extern void reset();

/* outputs of the decode function */

extern int xoutl,xout2;

int chkl_coded[6000];
extern int pm chkl[];

void mainO
{

int i,j,tl,t2;
float xfl =0.0;
float xf2 = 0.0;

/* reset, initialize required memory */
reset();

/* code the speech, interpolate because it was recorded at 8000 Hz */

for(i = 0 ; i < 6000 ; i++) {
tl=64*chkl[i];
t2=32*(chkl[i]+chkl[i+l]);
chkl_coded[i]=encode(tl,t2);

1

/* interpolate output to 32 KHz */

ford = 0 ; i < 6000 ; i++) {

LISTING 5.8 The main program (G722MAIN.C), which demonstrates the
ADPCM algorithm in real-time. (Cont/hued)
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decode (chkl_coded[1J > ;= (float)xoutl;
sendout (0.5*xf2+0.5*xfl) ;
sendout (xfl) ;
xf2 = (float)xout2;
sendout (0.5*xf 2+0.5*xf1) ;
sendout (xf 2) ;

/* simulate a 16 KHz sampling rate (actual is 32 KHz) */’Saem T2 CaUS f°r U f°r V°iCe o^ation */
tl=0.5*(getinput ( ) +getinput ( ) ) ;
t2=0.5*(getinput ( ) +getinput ());

j=encode(tl, t2) ;
decode(j)

xfl = (float)xoutl;
sendout (0.5* (xf1+xf2 ) ) ;
sendout (xfl) ;
xf2 = (float)xout2;
sendout(0.5*(xf2+xfl) ) ;
sendout (xf2) ;

}
}

LISTING 5.8 (Continued)

clarity.

32 kHz). Listing 5.9 shows the encode function, and Listing 5.10 shows the decodeG722C- Lis,ing 511 showsfiltep.jrxanLl, invqxl, logscl, ecalel, upzero, uppol2, uppoll in-
d*COd* In

•X and 5111 global vanable definitions and data tables have been omitted for

(text continues on page 215)
722 encode function two ints in, one int out */

encode(int xinl, int xin2)

int i;
int *h_ptr;
int *tcpif_ptr, *tqmf_ptrl;
long int xa,xb;
int xl,xh;

LISTING 5.9 Function encode(xliil,xin2) (contained in G.722.C). (Continued)
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int decis;
lnt sh' /* this comes from adaptive predictor */int eh;
int dh;
int il,ih;
int szh,sph,ph, yh;
int szl,spl,si,el;

/* encode: put input samples in xinl = first value, xin2 = second value *//* returns il and ih stored together */

/* transmit quadrature mirror filters implemented here */
h_ptr = h;
tqmf_ptr = tqmf;
xa = (long) (*tqmf_ptr++) * (*h_ptr++);
xb = (long) (*t<jnf_ptr++) * (*h_ptr++) ;

/* main multiply accumulate loop for samples and coefficients */
for(i = 0 ; i < 10 ; i++) {

xa += (long) (*tqmf_ptr++) * (*h_ptr++);
xb += (long) (*t<jnf_ptr++) * (*h_ptr++);

J
/* final mult/accumulate */

xa += (long) (*tqmf_ptr++) * (*h_ptr++);
xb += (long) (*tqmf_ptr) * (*h_ptr++);

/* update delay line tcjnf */
tqmf_ptrl = tqmf_ptr - 2;
for(i = 0 ; i < 22 ; i++) *tcpif_ptr- = *tqmf_ptrl~;
*tqmf_ptr— = xinl;
*tqmf_ptr = xin2;

xl = (xa + xb) » 15;
xh = (xa - xb) » 15;

/* end of quadrature mirror filter code */

/* into regular encoder segment here */
/* starting with lower sub band encoder */

/* filtez - compute predictor output section - zero section */

szl = filtez (delay_bpl,delay_dltx) ;

/* filtep - compute predictor output signal (pole section) */

spl = filtep(rltl,all,rlt2,al2) ;

LISTING 5.9 (Continued)
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:oirpute the predictor output value in the lower sub_band encoder */

si = szl + spl;
el = xl - si;

[uantl: quantize the difference signal */

il = quantl(el,detl);

nvqxl: does both invqal and invqbl- computes quantized difference signal */
:or invqbl, truncate by 2 Isbs, so mode = 3 */

nvqal case with mode = 3 */
dlt = ((long)detI*qq4_code4_table[il » 2]) » 15;

ogscl: updates logarithmic quant, scale factor in low sub band*/
nbl = 1ogscl(11,nbl);

:calel: compute the quantizer scale factor in the lower sub band*/
parameters nbl and 8 (constant such that scalel can be scaleh) */

detl = scalel(nbl,8);

>arrec - simple addition to compute recontructed signal for adaptive pred */
pit = dlt + szl;

ipzero: update zero section predictor coefficients (sixth order)*/
:alling parameters: dlt, dlti(circ pointer for delaying */
lltl, dlt2, ..., dlt6 from dlt */
bpli (linear_buffer in which all six values are delayed */
etum params: updated bpli, delayed dltx */

upzero(dlt,delay_dltx,delay_bpl);

ppol2- update second predictor coefficient apl2 and delay it as al2 */
:alling parameters: all, al2, pit, pltl, plt2 */

al2 = uppol2(all,al2,pit,pltl,plt2);

ppoll :update first predictor coefficient apll and delay it as all */
ailing parameters: all, apl2, pit, pltl */

all = uppoll(all,al2,pit,pltl);

econs : compute recontructed signal for adaptive predictor */
rlt = si + dlt;

lone with lower sub_band encoder; now implement delays for next time*/

LISTING 5.9 (Continued)
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rlt2 = rltl;
rltl = rlt;
plt2 = pltl;
pltl = pit;

/* high band encode */

szh = filtez(delay_bph,delay_dhx);

sph = filtep(rhl,ahl,rh2,ah2);

/* predic: sh = sph + szh */

sh = sph + szh;
/* subtra: eh = xh - sh */

eh = xh - sh;

/* quanth - quantization of difference signal for higher sub-band */

/* quanth: in-place for speed params: eh, deth (has init. value) */

/* return: ih */

if(eh >= 0) {
ih = 3; /* 2,3 are pos codes */

}
else {

ih = 1; /* 0,1 are neg codes */

}
decis = (564L*(long)deth) » 12L;
if(abs(eh) > decis) ih-; /* mih = 2 case */

/* invqah: in-place compute the quantized difference signal

in the higher sub-band*/

dh = ((Iong)deth*qq2_code2_table[ih])» 15L ;

/* logsch: update logarithmic quantizer scale factor in hi sub-band*/

nbh = logsch(ih,nbh);

/* note : scalel and scaleh use same code, different parameters */

deth = scalel(nbh,10);

/* parrec - add pole predictor output to quantized diff, signal(in place)*/

ph = dh + szh;

/* upzero: update zero section predictor coefficients (sixth order) */

/* calling parameters: dh, dhi(circ), bphi (circ) */

/* return params: updated bphi, delayed dhx */

upzero(dh,delay_dhx,delay_bph);

LISTING 5.9 (Continued)



208 Real-Time DSP Applications Chap 5
ippol2: update second predictor coef aph2 and delay as ah2 */ailing params: ahi, ah2, ph, phi, ph2 */

params: aph2 */

ah2 = uppol2(ahl,ah2,ph,phl,ph2);

update first predictor coef. aph2 and delay it as ahi */

ahi = uppoll(ahl,ah2,ph,phl);

•econs for higher sub-band */
yh = sh + dh;

lone with higher sub-band encoder, now Delay for next time */rh2 = rhl;
rhl = yh;
ph2 = phi;
phi = ph;

mltiplexing ih and il to get signals together */
retumfil|(ih « 6));

LISTING 5.9 (Continued)

lecode function, result in xoutl and xout2 */

I decode(int input)

int i;
int xal,xa2; /* qmf accumulators */
int *h_ptr;
int pm *ac_ptr,*ac_ptrl,*ad_ptr,*ad_ptrl;
“t ilr,ih;
int xs,xd;
int rl,rh;
int dl;

•■plit transmitted word from input into ilr and ih */ilr = input & 0x3f;
ih = input » 6;

SUB_BAND DECODER */

iltez: confute predictor output for zero section */

LISTING 5.10 Function decode(input) (contained in G.722.C). (Continued)

1
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dec_szl = filtez(dec_del_bpl,dec_del_dltx);

/* filtep: compute predictor output signal for pole section */

dec_spl = filtep(dec_rltl,dec_all,dec_rlt2,dec_al2);
dec_sl = dec_spl + dec_szl;

/* invqxl: conpute quantized difference signal for adaptive predic in low sb */dec_dlt = ((long)dec_detl*qq4_code4_table[ilr » 2]) » 15;

Z* comPute quantized difference signal for decoder output in low sb */dl - ((long)dec_detl*qq6_code6_table[ilr])» 15;

rl = dl + dec_sl;

/* logscl: quantizer scale factor adaptation in the lower siih-tand */

dec_nbl = logscl(ilr,dec_nbl);

/* scalel: confutes quantizer scale factor in the lower sub band */

dec_detl = scalel(dec_nbl,8);

/* parrec - add pole predictor output to quantized diff, signal(in place) *// for partially reconstructed signal */

dec_plt = dec_dlt + dec_szl;

/* upzero: update zero section predictor coefficients */

upzero(dec_dlt,dec_del_dltx,dec_del_tpl);

/* uppol2: update second predictor coefficient apl2 and delay it as al2 */

dec_al2 = uppol2(dec_all,dec_al2,dec_plt,dec_pltl,dec_plt2);

/* uppoll: update first predictor coef. (pole setion) */

dec_all = uppoll(dec_all,dec_al2,dec_plt,dec_pltl);

/* recons : compute recontructed signal for adaptive pradictor */dec_rlt = dec_sl + dec_dlt;

/* done with lower sub band decoder, implement delays for next time */

LISTING 5.10 (Continued)
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dec_rlt2 = dec_rltl;
dec_rltl = dec_rlt;
dec_plt2 = dec_pltl;
dec_pltl = dec_plt;

* HIGH SUB-BAND DECODER */

* filtez: compute predictor output for zero section */

dec_szh = filtez(dec_del_bph,dec_del_dhx);

* filtep: compute predictor output signal for pole section */

dec_sph = fi1tep(dec_rhl,dec_ahl,dec_rh2,dec_ah2);

* predic:compute the predictor output value in the higher sub_band decoder */

dec_sh = dec_sph + dec_szh;

* invqah: in-place compute the quantized difference signal
in the higher sub_band */

dec_dh = ((long)dec_deth*qq2_code2_table[ih]) » 15L ;

logsch: update logarithmic quantizer scale factor in hi sub band */

dec_nbh = logsch(ih,dec_nbh);

* scalel: compute the quantizer scale factor in the higher sub band */

dec_deth = scalel(dec_nbh,10);

* parrec: compute partially recontructed signal */
dec_ph = dec_dh + dec_szh;

* upzero: update zero section predictor coefficients */

upzero(dec_dh,dec_del_dhx,dec_del_bph);

*uppol2: update second predictor coefficient aph2 and delay it as ah2 */

dec_ah2 = uppol2(dec_ahl,dec_ah2,dec_ph,dec_phl,dec_ph2);

* uppoll: update first predictor coef. (pole setion) */

dec_ahl = uppoll(dec_ahl,dec_ah2,dec_ph,dec_phl);

LISTING 5.10 (Continued)
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/* recons : compute recontructed signal for adaptive predictor */

rh = dec_sh + dec_dh;

/* done with high band decode, implementing delays for next time here */
dec_rh2 = dec_rhl;
dec_rhl = rh;
dec_ph2 = dec_phl;
dec_phl = dec_ph;

/* end of higher sub_band decoder */

/* end with receive quadrature mirror filters */
xd = rl - rh;
xs = rl + rh;

/* receive quadrature mirror filters implemented here */
h_ptr = h;
ac_ptr = accumc;
ad_ptr = accimnd;
xal = (long)xd * (*h_ptr++);
xa2 = (long)xs * (*h_ptr++);

I* main multiply accumulate loop for samples and coefficients */

for(i = 0 ; i < 10 ; i++) {
xal += (long)(*ac_ptr++) * (*h_ptr++);

xa2 += (long)(*ad_ptr++) * (*h_ptr++);
}

/* final mult/accumulate */
xal += (long)(*ac_ptr) * (*h_ptr++);
xa2 += (long)(*ad__ptr) * (*h_ptr++);

/* scale by 2^14 */
xoutl = xal » 14;
xout2 = xa2 » 14;

/* update delay lines */
ac_ptrl = ac_ptr - 1;
ad_ptrl = ad_ptr - 1;
for(i = 0 ; i < 10 ; i++) {

*ac_ptr— = *ac_ptrl~;
*ad_ptr- = *ad_ptrl—;

}
*ac_ptr = xd;
*acl_ptr = xs;

211
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-Itez coirpute predictor output signal (zero section) */iput: bpll 6 and dltl-6, output: szl */

-iltezdnt *bpl,int *dlt)

Jit i;
-ong int zl;
:1 = (long) (*bpl++) * (*dlt++) ;
:or(i = 1 ; i < 6 ; i++)

zl += (long) (*tpl++) * (*dlt++) ;

(int) (zl » 14) ) ; /* ^ here v

Itep compute predictor output signal (pole section) */iput rltl-2 and all-2, output spl */

iltepfint rltl,int all, int rlt2,int al2)

ong int pl;
'1 = (long)all*rltl;
T += ( long)al2*rlt2;
etum((int) (pl » 14)); /* x2 here */

nt ril,mil;
ong int wd, decis;

s of difference signal */
d = abs (el) ;
termine mil based on decision levels and detl gain */or (mil = 0 ; mil < 30 ; mil++) {

decis = (decis_levl[mil]* (long)detl) » 15L;if(wd < decis) break,-
mil=30 then wd is less than all decision levels */f(el >= 0) ril = quant26bt_pos[mil] ;Ise ril = quant26bt_neg[mil] ;

etum(ril) ;

« by"" *">«”•”
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/* logscl - update the logarithmic quantizer scale factor in lower sub-band *//* note that nbl is passed and returned */

int logscl (int il,int nbl)
{

long int wd;
wd = ((long)nbl * 127L) » 7L; /* leak factor 127/128 */nbl = (int)wd + wl_code_table[il » 2];
if (nbl < 0) nbl = 0;
if (nbl > 18432) nbl = 18432;
return(nbl) ;

)

/* scalel: compute the quantizer scale factor in the lower or upper sub-band*/
int scalel (int nbl, int shift_constant)
{

int wdl,wd2,wd3;
wdl = (nbl » 6) & 31;
wd2 = nbl » 11;

= ilb_table[wdl] » (shift_constant + 1 - wd?) ;
return(wd3 « 3) ;

}

/* upzero - inputs: dlt, dlti[0-5], bli[0-5], outputs: updated bli[0-5] *//* also implements delay of bli and update of dlti from dlt */

void upzero(int dlt, int *dlti,int *bli)
{

int i,wd2,wd3;
/*if dlt is zero, then no sum into bli */

if (dlt == 0) {
ford = 0 ; i < 6 ; i++) {

bli[i] = (int) ( (255L*bli[i] ) » 8L) ; /* leak factor of 255/256 */

j }

I else {

[ for(i = 0 ; i < 6 ; i++) {
I if ( (long)dlt*dlti[i] >= 0) wd2 = 128; else wd2 = -128;

wd3 = (int) ( (255L*bli[i] ) » 8L) ; /* leak factor of 255/256 */bli[i] = wd2 + wd3;
}

}
/* implement delay line for dlt */

LISTING 5.11 ( Continuecf)
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dlti(5] = dlti[4J;
dlti[4] = dlti[3);
dlti[3] = dlti[2];
dlti[2] = dlti[l];
ditill] = dlti[O];
dlti[O] = dlt;
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jppol2 - update second predictor coefficient (pole section) */
inputs: all, al2, pit, pltl, plt2. outputs: apl2 */

uppol2(int all.int al2,int plt,int pltl,int plt2)

long int wd2,wd4;
int apl2;
wd2 = 4L*(long)all;
if((long)plt*pltl >= OL) wd2 = -wd2; /* check same sign */
wd2 = wd2 » 7; /* gain of 1/128 */
if((long)plt*plt2 >= OL) {

wd4 = wd2 + 128; /* same sign case */
}
else {

wd4 = wd2 - 128;
}
apl2 = wd4 + (127L*(long)al2 » 7L); /* leak factor of 127/128 */

ipl2 is limited to +-.75 */
if(apl2 > 12288) apl2 = 12288;
if(apl2 < -12288) apl2 = -12288;
return(apl2);

ippoll - update first predictor coefficient (pole section) */
.nputs: all, apl2, pit, pltl. outputs: apll */

uppollfint all,int apl2,int pit,int pltl)

long int wd2;
int wd3,apll;
wd2 = ((long)all*255L) » 8L; /* leak factor of 255/256 */
if((long)plt*pltl >= OL) {

apll = (int)wd2 + 192; /* same sign case */
)
else {

apll = (int)wd2 - 192;
}

LISTING 5.11 {Continued)
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/* note: wd3= .9375-.75 is always positive */

wd3 = 15360 - apl2; /* limit value */

if(apll > wd3) apll = wd3;
if(apll < -wd3) apll = -wd3;
return(apll);

}

/* logsch - update the logarithmic quantizer scale factor in higher sub-band */

/* note that nbh is passed and returned */

int logsch(int ih,int nbh)
{

int wd;
wd = ((long)nbh * 127L) » 7L; /* leak factor 127/128 */

nbh = wd + wh_code_table(ih];
if(nbh < 0) nbh = 0;
if(nbh > 22528) nbh = 22528;
return(nbh);

)

LISTING 5.11 ( Continued)

Figure 5.7 shows a block diagram of the G.722 encoder (transmitter), and
Figure 5.8 shows a block diagram of the G.722 decoder (receiver). The entire algorithm
has six main functional blocks, many of which use the same functions:

(1) A transmit quadrature mirror filter (QMF) that splits the frequency band into
two sub-bands.

(2&3) A lower sub-band encoder and higher sub-band encoder that operate on the
data produced by the transmit QMF.

(4&5)
(6)

A lower sub-band decoder and higher sub-band decoder.
A receive QMF that combines the outputs of the decoder into one value.

FIGURE 5.7 Block diagram of ADPCM encoder (transmitter) implemented by pro¬
gram G.722.C.
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Mode Indication

G.722RC 5 8 BI°Ck dia9ram °f ADPCM deCOder (receiver) imP|emented by program

r 11 Z. 2< functlons have been checked against the G.722 specification and arefully compatible with the CCITT recommendation. The functions and program variables arenamed according to the functional blocks of the algorithm specification whenever possibleQuadrature mirror filters are used in the G.722 algorithm as a method of splittingthe frequency band into two sub-bands (higher and lower). The QMFs also decimate theencoder input from 16 kHz to 8 kHz (transmit QMF) and interpolate the decoder outputfrom 8 kHz to 16 kHz (receive QMF). These filters are 24-tap FIR filters whose impulseresponse can be considered lowpass and highpass filters. Both the transmit and receiveQMFs share the same coefficients and a delay line of the same number of taps.Figure 5.9 shows a block diagram of the higher sub-band encoder. The lower andhigher sub-band encoders operate on an estimated difference signal. The number of bitsrequired to represent the difference is smaller than the number of bits required to renre-sent the complete input signal. This difference signal is obtained by subtracting a pre¬dicted value from the input value: 6 P

el = xl - si
eh = xh - sh

The predicted value, si or sh, is produced by the adaptive predictor, which con¬tains a second-order filter section to model poles, and a sixth-order filter section to modelzeros in the input signal. After the predicted value is determined and subtracted from theinput signal, the estimate signal el is applied to a nonlinear adaptive quantizer.One important feature of the sub-band encoders is a feedback loop. The output of® qUantlZer 1S ^ed t0 an inverse adaptive quantizer to produce a difference sig-al. This difference signal is then used by the adaptive predictor to produce si (the esti¬mate of the input signal) and update the adaptive predictor.

^722 standard specifies an auxiliary, nonencoded data channel. While theCT722 encoder always operates at an output rate of 64 kbits per second (with 14-bit,
u‘ samp,es)’ the decoder can accept encoded signals at 64, 56, or 48 kbps. The56 and 48 kbps bit rates correspond to the use of the auxiliary data channel, which oper-a es at either 8 or 16 kbps. A mode indication signal informs the decoder which mode isbeing used. This feature is not implemented in the G.722.C program.

1
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k dia9ram °f h‘9her SUbband ADPCM encoder implemented by

the n J0 Sh°Wta bl0Ck diagram °f the higher sub-band decoder. In general bothe higher and lower sub-band encoders and decoders make the same function calls in almost the same order because they are similar in operation. For mode 1, aTlevel in^ehSJr7 W 'S “S^ m 1OWeF sub’band’ which g^es the best speech quality. Thehigher sub-band uses a 4 level adaptive quantizer.

programGT22BZOCk SUbband ADPCM deCOder implemented by
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MUSIC PROCESSING

Music signals require more dynamic range and a much wider bandwidth than speech sig¬
nals. Professional quality music processing equipment typically uses 18 to 24 bits to rep¬
resent each sample and a 48 kHz or higher sampling rate. Consumer digital audio pro¬
cessing (in CD players, for example) is usually done with 16-bit samples and a 44.1 kHz
sampling rate. In both cases, music processing is a far greater challenge to a digital signal
processor than speech processing. More MIPs are required for each operation and quanti¬
zation noise in filters becomes more important. In most cases DSP techniques are less ex¬
pensive and can provide a higher level of performance than analog techniques.

5.4.1 Equalization and Noise Removal

Equalization refers to a filtering process where the frequency content of an audio signal is
adjusted to make the source sound better, adjust for room acoustics, or remove noise that
may be in a frequency band different from the desired signal. Most audio equalizers have
a number of bands that operate on the audio signal in parallel with the output of each fil¬
ter, added together to form the equalized signal. This structure is shown in Figure 5.11.
The program EQUALIZ.C is shown in Listing 5.12. Each gain constant is used to adjust
the relative signal amplitude of the output of each bandpass filter. The input signal is al¬
ways added to the output such that if all the gain values are zero the signal is unchanged.
Setting the gain values greater than zero will boost frequency response in each band.
For example, a boost of 6 dB is obtained by setting one of the gain values to 1.0. The
center frequencies and number of bandpass filters in analog audio equalizers vary widely
from one manufacturer to another. A seven-band equalizer with center frequencies at 60,

FIGURE 5.11 Block diagram of audio equalization implemented by program
EQUALIZ.C.
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♦include <stdlib.h>
♦include <math.h>
♦include "rtdspc.h"

/**********************************************************************
EQUALIZ.C - PROGRAM TO DEMONSTRATE AUDIO EQUALIZATION

USING 7 HR BANDPASS FILTERS.

*************************************************************************/

/* gain values global so they can be changed in real-time */

/* start at flat pass through */
float gain[7] = { 0.0, 0.0, 0.0, 0.0, 0.0, 0.0, 0.0 };

void main()
{

int i;
float signal_in,signal_out;

/* history arrays for the filters */
static float hist[7][2];

/* bandpass filter coefficients for a 44.1 kHz sampling rate */

/* center freqs are 60, 150, 400, 1000, 2400, 6000, 15000 Hz */

/* at other rates center freqs are: */

/* at 32 kHz: 44, 109, 290, 726, 1742, 4354, 10884 Hz */

/* at 22.1 kHz: 30, 75, 200, 500, 1200, 3000, 7500 Hz */

static float bpf[7][5] = {
{ 0.0025579741, -1.9948111773, 0.9948840737, 0.0, -1.0 },

{ 0.0063700872, -1.9868060350, 0.9872598052, 0.0, -1.0 },

{ 0.0168007612, -1.9632060528, 0.9663984776, 0.0, -1.0 },

{ 0.0408578217, -1.8988473415, 0.9182843566, 0.0, -1.0 },

{ 0.0914007276, -1.7119922638, 0.8171985149, 0.0, -1.0 },

{ 0.1845672876, -1.0703823566, 0.6308654547, 0.0, -1.0 },

{ 0.3760778010, 0.6695288420, 0.2478443682, 0.0, -1.0 },
1;

for(;;) {
/* sum 7 bpf outputs + input for each new sample */

signal_out = signal_in = getinput();
for(i = 0 ; i < 7 ; i++)
signal_out += gain[i]*iir_filter(signal_in,bpf[i],1,hist[i]);

sendout(signal_out),-
1

}

LISTING 5.12 Program EQUALIZ.C, which performs equalization on audio samples
in real-time.
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5-4.2 Pitch-Shifting

150 400 1000, 2400, 6000, and 15000 Hz is implemented by program EQUALIZ C Ttbandwidth of each filter is 60 percent of the center frequency in each ca^phng rate is 44100 Hz. This gives the coefficients in the example equalS
Sme Sh°Wn m L1Sti"8 512, freqUenCy reSp°nSe Of 7 filters shoTS

Changing the pitch of a recorded sound is often desired in order to allow it to mix withnew song, or for special effects where the original sound is shifted in frequency™ a r^ntLT* S no longer identifiable. New sounds are often created by a series of pitch shiftsana mixing processes. F sniIts

th
can accomplished by interpolating a signal to a new sampling rateand dien playmg the new samples back at the original sampling rate (see Alles 140 or.h? '98?' ,f “ ShiM "Platon fXthan one), the new sound will have a longer duration. If the pitch is shifted upward (bv aninterpolation factor less than one where some decimation is occumng) the soundercomes shorter. Listing 5.13 shows the program PSHIFT.C, which canto used to pitch
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shift a sound up or down by any number of semitones (12 semitones is an octave as indi¬cated by equation 4.13). It uses a long Kaiser window filter for interpolation of the sam¬ples as illustrated in section 4.3.2 in chapter 4. The filter coefficients are calculated in thefirst part of the PSHIFT program before real-time input and output begins. The filtering isdone with two FIR filter functions, which are shown in Listing 5.14. The history array isonly updated when the interpolation point moves to the next input sample. This requiresthat the history update be removed from the fir_fliter function discussed previ¬ously. The history is updated by the function fir_history_update.The coefficientsare decimated into short polyphase filters. An inteipolation ratio of up to 300 is per¬formed and the decimation ratio is determined by the amount of pitch shift selected bythe integer variable key.

#include <stdlib.h>
#include <math.h>
#include "rtdspc.h"

/* Kaiser Window Pitch Shift Algorithm */

/* set interpolation ratio */
int ratio = 300;

/* passband specified, larger makes longer filters */
float percent_pass = 80.0;

/* minimum attenuation in stopbands (dB), larger make long filters */float att =50.0;
/* key value to shift by (semi-tones up or down) */
/* 12 is one octave */

int key = -12;
int Isize;

void main()
{

int i,j;
int nfilt,npair,n,k;
float fa,fp,deltaf,beta,valizb,alpha;
float w,ck,y,npair_inv,pi_ratio;
float signal—in,phase,dec;
mt old_key =0; /* remember last key value */float **h;

static float hist[100]; /* isize can not get bigger than 100 */

long int filter_length(float,float,float *);
float izero(float);

LISTING 5 13 Program PSHIFT.C, which performs pitch shifting on audio samples inreal-time. (Continued}
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float fir_filter_no_update(float input,float *coef,int n,float ‘history);
void fir_update_history(float input,int n,float ‘history);

fp = percent_pass/(200.0*ratio);
fa = (200.0 - percent_pass)/(200.0*ratio);
deltaf = fa-fp;

nfilt = filter_length( att, deltaf, &beta );

Isize = nfilt/ratio;

nfilt = (long)lsize*ratio + 1;
npair = (nfilt - l)/2;

h = (float **) calloc(ratio,sizeof(float *));
if(!h) exit(1);
for(i = 0 ; i < ratio ; i++) {

h[i] = (float *) calloc(Isize,sizeof(float));
if(!h[i]) exit(l);

}

/* Compute Kaiser window sample values */
i = 0;
3 = 0;
valizb =1.0 I izero(beta);
npair_inv = 1.0/npair;
pi_ratio = PT/ratio;
h[i++][j] = 0.0; /* n = 0 case */
for (n = 1 ; n < npair ; n++) {

k = npair - n;
alpha = k * npair_inv;
y = beta * sqrtd.O - (alpha * alpha));
w = valizb * izero(y);
ck = ratio*sin(k*pi_ratio)/(k*PI);
h[i++][j] = w‘ ck;
if(i == ratio) {

i = 0;

}
}
force the pass through point */
h[i][lsize/2] = 1.0;

second half of response */
for(n = 1; n < npair; n++) {

i = npair - n; /* "from" location */

LISTING 5.13 (Continued
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k = npair + n; /* "to" location */

h[k%ratio][k/ratio] = h[i%ratio][i/ratio];
}

/* interpolate the data by calls to fir_filter_no_update,

decimate the interpolated samples by only generating the samples

required */
phase = 0.0;
dec = (float)ratio;
for( ; ;) {

/* decimation ratio for key semitones shift */

/* allow real-time updates ‘/
if(key != old_key) {

dec = ratio*pow(2.0,0.0833333333*key);
old_key = key;

}

signal_in = getinput();
while(phase < (float)ratio) {

k = (int)phase; /* pointer to poly phase values */

sendout(fir_filter_no_update(signal_in,h[k],Isize,hist));

phase += dec;
}
phase -= ratio;
fir_update_history(signal_in,Isize,hist);

}
}

/* Use att to get beta (for Kaiser window function) and nfilt (always odd

valued and = 2*npair +1) using Kaiser's empirical formulas. */

long int filter_length(float att,float deltaf,float ‘beta)

{
long int npair;
*beta =0.0; /* value of beta if att < 21 */

if(att >= 50.0) ‘beta = .1102 * (att - 8.71);

if (att < 50.0 & att >= 21.0)
‘beta = .5842 * pow( (att-21.0), 0.4) + .07886 * (att - 21.0);

npair = (long int)( (att - 8.0) I (28.72 * deltaf) );

return(2‘npair + 1);
}

/* Compute Bessel function Izero(y) using a series approximation */

float izero(float y){
float s=1.0, ds=1.0, d=0.0;
do {

LISTING 5.13 (Continued)
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d = d +
ds = ds
s = s +

1 while( ds
return(s);

2;
* (y*y)/(d*d)
ds;
> IE-7 * s);
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LISTING 5.13 {Continued)

I* run the fir filter and do not update the history array */

float fir_filter_no_update(float input,float -coef,int n,float -history)
int i;
float *hist_ptr,*coef_ptr;
float output;

hist_ptr~ = history;
coefj.tr = coef + n - 1; to last coef #/

/* form output accumulation */
output = *hist_ptr++ * (*coef_ptr-);
for(i = 2 ; i < n ; i++) {

output += (*hist_ptr++) * (*coef_ptr-);

output += input * (*coef_ptr); /* input tap w/

return(output);
}

/* update the fir_filter history array */

void fir.update-history(float input,int n,float -history)

int i;
float *hist_ptr,*histl_ptr;

hist_ptr = history;
histl_ptr = histptr; /* x ,.
hist_ptr++; e for update */

for(i =2 ; i < n ; i++) {

}
*histl_ptr++ = *hist_ptr++; /- update history w/

}
*histl^tr = i^t; /. last history

LISTING 5.14 Functions fir f and fir n,-.Update_hiBtory used by program PSHIFT.C. ~
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5.4.3 Music Synthesis

Music synthesis is a natural DSP application because no input signal or A/D converter is
required. Music synthesis typically requires that many different sounds be generated at
the same time and mixed together to form a chord or multiple instrument sounds (see
Moorer, 1977). Each different sound produced from a synthesis is referred to as a voice.
The duration and starting point for each voice must be independently controlled. Listing
5.15 shows the program MUSIC.C, which plays a sound with up to 6 voices at the same
time. It uses the function note (see Listing 5.16) to generate samples from a second
order HR oscillator using the same method as discussed in section 4.5.1 in chapter 4. The
envelope of each note is specified using break points. The array trel gives the relative
times when the amplitude should change to the values specified in array amps. The enve¬
lope will grow and decay to reach the amplitude values at each time specified based on
the calculated first-order constants stored in the rates array. The frequency of the sec¬
ond order oscillator in note is specified in terms of the semitone note number key.A
key value of 69 will give 440 Hz, which is the musical note A above middle C.

♦include <stdlib.h>
♦include <math.h>
include "rtdspc.h"
♦include "song.h" /* song[108][7] array */

/* 6 Voice Music Generator */

typedef struct {
int key,t,cindex;
float cw,a,b;
float yl,yO;

} N0TE_STATE;

♦define MAX_VOICES 6

float note(NOTE_STATE *,int *,float *);

void main()
{

long int n,t,told;
int vnum,v,key;
float ampold;
register long int i,endi;
register float sig_out;

LISTING 5.15 Program MUSIC.C, which illustrates music synthesis by play¬
ing a 6-voice song. (Continued)
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Static NOTE_STATE notes[MAX_VOICES*SONG_LENGTH];

static float trel(5] = { 0.1 , 0.2, 0.7, 1.0, 0.0 };
static float arnps[5] = { 3000.0 , 5000.0, 4000.0, 10.0, 0.0 };
static float rates[10];
static int tbreaks[10];

for(n = 0 ; n < SONG_LENGTH ; n++) {

/* number of samples per note */
endi = 6*song[n][0];

/* calculate the rates required to get the desired amps */
i = 0;
told = 0;
ampold =1.0; /* always starts at unity */
while(amps[i] >1.0) {

t = trel[i]*endi;
ratesfi] = exp(log(amps[i]/ampold)/(t-told));
ampold = amps[i];
tbreaks[i] = told = t;
i++;

}

/* set the key numbers for all voices to be played (vnum is how many) */
for(v = 0 ; v < MAX.VOICES ; v++) {

key = song[n][v+1];
if(!key) break;
notes[v].key = key;
notes[v].t = 0;

}
vnum = v;

ford = 0 ; i < endi ; i++) {
sig_out = 0.0;
for(v = 0 ; v < vnum ; v++) {

sig_out += note(&notes[v],tbreaks,rates);
}
sendout(sig_out);

}
)
flush();

}

LISTING 5.15 (Continued)
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#include <stdlib.h>
♦include <math.h>
♦include "rtdspc.h”

/* Function to generate samples from a second order oscillator */

/* key constant is 1/12 */

♦define KEY_CONSTANT 0.083333333333333

/* this sets the A above middle C reference frequency of 440 Hz */

♦define TWO_PI_DIV_FS_440 (880.0 * PI / SAMPLE_RATE)

/* cw is the cosine constant required for fast changes of envelope */

/* a and b are the coefficients for the difference equation */

/* yl and yO are the history values */

/* t is time index for this note */

/* cindex is the index into rate and tbreak arrays (reset when t=0) */

typedef struct {
int key,t,cindex;
float cw,a,b;
float yl,y0;

} NOTE_STATE;

/*
key:

semi-tone pitch to generate,
number 69 will give A above middle C at 440 Hz.

rate_array:
rate constants determines decay or rise of envelope (close to 1)

tbreak_array:
determines time index when to change rate

*/

/* NOTE_STATE structure, time break point array, rate parameter array */

float note(NOTE_STATE *s,int *tbreak_array,float *rate_array)

{
register int ti,ci;
float wosc,rate,out;

ti = S->t;
/* t=0 re-start case, set state variables */

if(!ti) {
wosc = ™o_PI_DIV_FS_440 * pow(2.0,(s->key-69) * KEY-CONSTANT);

LISTING 5.1S Function not«(»tate,tbr®ak_array,rat«_axray) generates
the samples for each note in the MUSIC.C program. (Continued)
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s->cw = 2.0 * cos(wosc);
rate = rate_array[0];

= s->cw * rate; /* rate change */s - -rate * rate;
s->yO = 0.0;
out = rate*sin(wosc);
s->cindex = 0;

}
else {

ci = s->cindex;
/* rate change case */

iffti == tbreak_array[ci]) {
rate = rate_array[++ci];
s->a = s->cw * rate;
s->b = -rate * rate;
s->cindex = ci;

}

/* make new sample */
out = s->a * s->yl + s->b * s->y0;
s->yO = s->yl;

}
s->yl = out;
S->t = ++ti;
return(out);

}

LISTING 5.16 /Continued)

•APTIVE FILTER APPLICATIONS

if

trated in the nextsX Section 5
The basic LMS algorithm is illus-

the changing frequency of a signal usinga^e^goX ‘°
5-5.1 LMS Signal Enhancement

1. The mpm .,8mI „. w„e w„h
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♦include <stdlib.h>
♦include <stdio.h>
♦include <math.h>
♦include "rtdspc.h"

♦define N 351
♦define L 20 /* filter order, (length L+l) */

/* set convergence parameter */
float mu = 0.01;

void main()
{

float 1ms(float,float,float *,int,float,float);
static float d[N],b[21J;
float signal_amp,noise_amp,arg,x,y;
int k;

/* create signal plus noise */
signal_amp = sqrt(2.0);
noise_amp = 0.2*sqrt(12.0);
arg = 2.0*PI/20.0;

LISTING 5.17 Program LMS.C which illustrates signal-to-noise enhance¬
ment using the LMS algorithm. {Continued)
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for(k = 0 ; k < N ; k++) {
d[k] = signal_anp*sin(arg*k) + noise_anp*gaussian();

}

/* scale based on L */
mu = 2.0*mu/(L+l);

x = 0.0;
for(k = 0 ; k < N ; k++) {

sendout(lms(x,d[k],b,L,mii,0.01));
/* delay x one sample */

x = d[k];
1

)

LISTING 5.17 (Continued)

/*
function 1ms(x,d,b,1,mu,alpha)

Implements NIUS Algorithm b(k+l)=b(k)+2*mu*e*x(k)/((1+1)*sig)

= input data

= desired signal
b[0:l] = Adaptive coefficients of 1th order fir filter
1 = order of filter (> 1)
mu = Convergence parameter (0.0 to 1.0)
alpha = Forgetting factor sig(k)=alpha*(x(k)**2)+(1-alpha)*sig(k-l)

(>= 0.0 and < 1.0)

returns the filter output
*/

float 1ms(float x,float d,float *b,int 1,
float mu,float alpha)

{
int 11;
float e,mu_e,lms_const,y;

static float px[51]; /* max L = 50 */

static float sigma =2.0; /* start at 2 and update internally */

px[0]=x;

LISTING 5.18 Function l*»(x,d,b,l,«i,alpha) implements the LMS al¬
gorithm. (Continued)
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/* calculate filter output */

y=b[0]*px[0];
for(11 = 1 ; 11 <= 1 J 11++>

y=y+b[ll]*px(ll];

/* error signal */

e=d-y;

/* update sigma */
sigma=alpha*(px(0]*px[0])+(1-alpha) sigma;

ntu_e=mu*e/sigma;

/* update coefficients */

for(11 = 0 ; 11 <= 1 : 11++>
b[ll]=b[ll]+mu_e*px[ll];

/* update history */

for(11 = 1 ; 11 >= 1 » 11—)
px[11]=px[11-11;

return(y);
}

LISTING 5.18 (Continued)

. . - j c iquc a tan (20th order) FIR filter where the filter

„OTI and ite input to the liter is a detajed vensron of the input signal. lted*»
selected so that the noise components of dk and xk are uncorrelate (a o p

works well for sine waves and white noise).

The convergence parameter mu is the only input to the program Although m y

aeaictelo have » ace™ tesi »1« for -b“ “ is ”
been found. If mu is too small, the system may not converge rapidly to a s gntd, ‘ * *
lustrated in Figure 5.14. The adaptive system is moving from no signal (al coe

“>” -.olunood signal. Un. ukas 5

with mu = 0.01 and approximately 30 samples m Figure 5.14c with mu-0.1.
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FIGURE 5.14 (c) Enhanced signal obtained from program LMS.C with
mi = 0.1. (Continued)

5.5.2 Frequency Tracking with Noise

Listing 5.19 shows the INSTF.C program, which uses the 1ms function to determine in¬stantaneous frequency estimates. Instead of using the output of the adaptive filter as illus¬
trated in the last section, the INSTF program uses the filter coefficients to estimate thefrequency content of the signal. A 1024-point FFT is used to determine the frequency re¬sponse of the adaptive filter every 100 input samples. The same peak location finding al¬
gorithm as used in section 5.1.2 is used to determine the interpolated peak frequency re¬sponse of the adaptive filter. Note that because the filter coefficients are real, only thefirst half of the FFT output is used for the peak search.

Figure 5.15 shows the output of the INSTF program when the 100,000 samplesfrom the OSC.C program (see section 4.5.1 of chapter 4) are provided as an input. Figure
5.15(a) shows the result without added noise, and Figure 5.15(b) shows the result whenwhite Gaussian noise (standard deviation = 100) is added to the signal from the OSC pro¬gram. Listing 5.19 shows how the INSTF program was used to add the noise to the inputsignal using the gauasian( ) function. Note the positive bias in both results due to the fi¬nite length (128 in this example) of the adaptive FIR filter. Also, in Figure 5.15(b) the firstfew estimates are off scale because of the low signal level in the beginning portion of the
waveform generated by the OSC program (the noise dominates in the first 10 estimates).
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♦include
♦include
♦include
♦include

<stdlib.h>
<stdio.h>
<math.h>

/* IMS Instantaneous Frequency Estimation Program */

♦define L 127
♦define LMAX 200
♦define NEST 100

/* filter order, L+l coefficients */
/* max filter order, L+l coefficients */
/* estimate decimation ratio in output */

/* FFT length must be a power of 2 */
♦define FFT_LENGTH 1024
♦define M 10 /* must be log2 (FFT_LENGTH) */

/* set convergence parameter */
float mu = 0.01;

void main ( )
{

float 1ms (float, float, float *, int, float, float) ,-
static float b[LMAX];
static COMPLEX samp[FFT_LENGTH] ;
static float mag[FFT_LENGTH] ;
float x,d,tsnpflt,pl,p2;
int i, j ,k;

/* scale based on L */
mu = 2. 0*mu/ (L+l) ;

x = 0.0;
for(;;) {

ford = 0 ; i < NEST ; i++) {
/* add noise to input for this example */

x = getinputO + 100.0*gaussian() ;
1ms (x,d,b,L,mu, 0.01) ;

/* delay d one sample */
d = x;

}

LISTING 5.19 Program INSTF.C. which uses function las(x,d,b,l,m,alpha)
to implement the LMS frequency tracking algorithm. (Continued)
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/* copy L+l coefficients */
ford = 0 ; i <= L ; i++) {

sanpli] .real = b[i];
samp[i].imag = 0.0;

}

/* zero pad */
fort ; i < FFT—LENSTH ; i++) {

samp[i] .real = 0.0;
sanp[i].imag = 0.0;

}

f ft (sanp.M) ;

for (3 — 0 ; j < FFT—LEN3TH/2 ; j++) {

tenpflt = sanp[j].real * sanpl j] .real;

tenpflt += sanp[j].imag * samp[ j] . imag;
maglj] = tenpflt;

)
/* find the biggest magnitude spectral bin and output */

tenpflt = mag[0} ;
i=0;
for(j = 1 ; j < FFT_LENGTH/2 ; j++) {

if(mag[j] > tenpflt) {
tenpflt = maglj];
i=j;

}
}

/* interpolate the peak loacation */
ifd == 0) {

pl = p2 = 0.0;
}
else {

pl = magli] - mag[i-l] ;
p2 = magli] - mag[i+l];

}
sendout(( (float) i + 0.5* ( (pl-p2) / (pl+p2+le-30) ) ) /FFT_LEN3TH) ;

LISTING 5.19 (Continued)
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APPENDIX

DSP Function Library
and Programs

The enclosed disk is an IBM-PC compatible high-density disk (1.44 MBytes capacity)
and contains four directories called PC, ADSP21K, DSP32C, and C30 for the specific
programs that have been compiled and tested for the four platforms discussed in this
book. Each directory contains a file called READ.ME, which provides additional infor¬
mation about the software. A short description of the platforms used in testing associated
with each directory is as follows:

Directory
Name Platform used to Compile and Test Programs

Available
MIPs

Sampling
Rate (kHz)

PC General Purpose IBM-PC or workstation Not Any
(ANSI C) Real-time

ADSP21K Analog Devices EZ-LAB ADSP-21020/ADSP-21060
(version 3.1 compiler software) 25 32

DSP32C CAC AC4-A0 Board with DBDADA-16
(version 1.6.1 compiler software) 12.5 16

C30 Domain Technologies DSPCard-C31
(version 4.50 compiler software) 16.5 16

The following table is a program list of the C programs and functions described in detail
in chapters 3, 4, and 5. The first column gives the section number in the text where the
program is described and then a short description of the program. The remaining columns
give the filenames of the four different versions of the source code for the four different
platforms. Note that the files from each platform are in different directories as shown in
the previous table.
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Note: "NA” refers to programs that are not applicable to a particular hardware platform.

PC
filename

(*.c)

210X0
filename

(*.c)

DSP32C
filename

(*.c)

320C30
filename

Cx)

3.3.3 1024-Point FFTTest Function fftlk fftn fftlk fftlk

3.4.2 Interrupt-Driven Output example NA intout NA NA

4.1.1 FIR Filter Function (fir_filter) filter filter filter filter

4.1.2 FIR Filter Coefficient by Kaiser Window ksrfir NA NA NA

4.1.2 FIR Filter Coefficients by Parks-McClellan remez NA NA NA

4.1.3 HR Filter Function (iir_filter) filter filter filter filter

4.1.4 Real-Time getinput Function (ASCH text for PC) getsend getinput getinput send_c30

4.1.4 Real-Time getinput Function (WAV file format) getwav NA NA NA

4.1.4 Real-Time sendout Function (ASCII text for PC) getsend sendout sendout send_c30

4.1.4 Real-Time sendout Function (WAV file format) sendwav NA NA NA

4.2.1 Gaussian Noise Generation Function filter filter filter filter

4.2.2 Signal-to-Noise Ratio Improvement mkgwn mkgwn mkgwn mkgwn

4.3.3 Sample Rate Conversion example interp3 NA NA NA

4.4.1 Fast Convolution Using EFT Methods rfast rfast21 rfast32 rfast30

4.4.2 Interpolation Using the EFT intfft2 NA NA NA

4.5.1 HR Filters as Oscillators osc osc osc osc

4.5.2 Table-Generated Waveforms wavetab wavetab wavetab wavetab

5.1.1 Speech Spectrum Analysis rtpse NA NA NA

5.1.2 Doppler Radar Processing radproc NA NA NA

5.2.1 ARMA Modeling of Signals arma NA NA NA

5.2.2 AR Frequency Estimation arfreq NA NA NA

5.3.1 Speech Compression mulaw mulaw mulaw mulaw

5.3.2 ADPCM (G.722 fixed-point) g722 g722_21k NA g722c3

5.3.2 ADPCM (G.722 floating-point) NA g722_21f g722_32c g722c3f

5.4.1 Equalization and Noise Removal equaliz equaliz equaliz equaliz

5.4.2 Pitch-Shifting pshift pshift pshift pshift

5.4.3 Music Synthesis music mu21k mu32c muc3

5.5.1 LMS Signal Enhancement 1ms NA NA NA

5.5.2 Frequency Tracking with Noise instf NA NA NA

Make files (with an extension .MAK) are also included on the disk for each plat¬
form. If the user does not have a make utility availible, PC batch files (with an extension
.BAT) are also included with the same name as the make file. The following table is a
make file list for many of the C programs described in detail in Chapters 3, 4 and 5:
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Note: “NA” refers to programs that are not applicable to a particular platform.
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PC
filename
(*jnak)

210X0
filename
(*jnak)

DSP32C
filename
(*.mak)

320C30
filename
(*unak)

3.4.2 Interrupt-Driven Output Example
4.2.2 Signal-to-Notse Ratio Improvement
4.3.3 Sample Rate Conversion Example
4.4. 1 Fast Convolution Using FFT Methods
4.4.2 Interpolation Using the FFT
4.5.1 HR Filters as Oscillators
4.5.2 Table Generated Waveform's
5.1.1 Speech Spectrum Analysis
5. 1.2 Doppler Radar Processing
5.2.1 ARMA Modeling of Signals
5.2.2 AR Frequency Estimation
5.3.1 Speech Compression
5.3.2 ADPCM (G.722 fixed-point)
5.3.2 ADPCM (G.722 floating-point)
5.4.1 Equalization and Noise Removal
5.4.2 Pitch Shifting
5.4.3 Music Synthesis
5.5.1 LMS Signal Enhancement
5.5.2 Frequency Tracking with Noise

NA
mkgwn
interp3
rfast

intfft2
osc

wavetab
rtpse

radproc
arma

arfreq
mulaw
g722
NA

eqpc
ps

music
1ms
instf

iout21k
mkgwn

NA
rf21k
NA

osc21k
wavetab

NA
NA
NA

arfreq
mulaw

g722_21k
g722_21f

«1
PS

mu21k
NA
instf

NA
mkgwn

NA
rf32
NA
osc

wavetab
NA
NA
NA

arfieq
mulaw

NA
g722_32c

eq
PS

mu32c
NA
instf

NA
mkgwn

NA
rfc30
NA
osc

wavetab
NA
NA
NA

arfreq
mulaw
g722c3
g722c3f

eq
PS

muc3
NA
instf
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bilinear transform, 21, 147, 150
bit reversal, 122, 123
bitwise operators, 59, 60
Box-Muller method, 158
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C

C preprocessor, 74, 87, 113
C Programming Pitfalls, 87
C++, 82, 97
ealloc, 78, 79, 80, 83, 84, 89, 150, 171 173 177
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case statement, 65
cast operator, 79
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causality, 10
circular convolution, 170
clipping, 33, 34
coefficient quantization, 21, 145
combined operators, 61
comments, 54, 92, 93, 94
complex conjugate, 19, 20, 91
complex conversion, 198
Complex Data, 90
complex numbers, 85, 87, 90, 91
complex signal, 190, 198, 200
compound statements, 64
compression, 33, 46, 200, 201, 202
conditional compilation, 74
conditional execution, 63, 95
constants, 20, 26, 42, 62, 71, 74, 90, 124, 225,

227
continue, 18, 66, 67, 68, 90, 96, 127
continuous time signals, 4
control structures, 63, 64, 66, 67, 95, 96
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convolution, 9, 10, 18, 25, 134, 135, 165, 168, 170,

171, 172
cross correlation, 49

D
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differentiator, 138
digital filters, 1, 2, 17, 19, 21, 52, 163, 184
Dirac delta function, 3
direct form, 21, 145, 146, 148
discrete Fourier transform, 1,3, 18, 25, 26, 44,

52
discrete Time Signals, 5
disk files, 151
do-while loop, 66, 96
documentation, 94
Doppler, 190, 191
double precision, 57
downsampling, 160
DSP programs, 53, 59, 92, 93, 114
DSP321O, 99, 100, 102, 104, 112, 120
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